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Hoceawaemca moum eepnoim
yumamenam — ¢ 6aazodaprocmoro



I'naBa 1
IIUDOPHI U - TUDPHI

O603HauyeHHe yucel

Jl1onu He eMHCTBEHHBbIE CO3/JaHUA HA 3eMJIE,
KOMY NIPUHAJIEXXUT 3HaHUE O Yyucaax. JKUBOTHBIX
TaKXe MOXXHO Hay4YUTb Pa3juyaTh KOJUYECTBO
06bexToB. ECTeCcTBEHHO, HUKTO HE JyMaeT, YTo
JKUBOTHbBI€ OCO3HAHHO CYUMTAIOT, OJHAKO HECOM-
HEHHO TO, YTO OHU MOTYT pa3jNyaTh YMCJA.

BoapmimHCcTBO M3 Hac, Urpasi B KapThl, HH-
Korja He obpaiiaer BHUMaHMS Ha MaJleHbKHH
HOMep B JieBOM BepxHeM yray. [laxe cpexnmii
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HrpanbHble kapTel 6€3 HyMepauuu



Atisex Azumos. YUCJIA

UIPOK B HEM 0COOEHHO He HyxzaaeTcsi. B co-
IIPOBOAMTEJNbHBIX ONMUCAHUAX UTPHl B KAPThI BB
TaKxe He Haiifere yucen. M ato Hukoro He Gec-
nokoUT. OOGbIYHO MBI y3Ha€M HYMEpAIUIO KapThl
C TmepBoro B3rjisAja U 6e3 moacyera.

Pemaomuit MOMEHT B UCTOpUM YeJsioBeye-
CTBa HaCTyNWJ TOTZAa, KOrJa MPOCTHIX IpUMe-
poB cTasno HexoctaTouHo. HeTpyaHo 3arasiHyTs
B NEIIEepPY U YAOCTOBEPHUTHCS, YTO 006a pebeH-
Ka Ha MeCTe, UJIM B3IJSHYTh Ha INOJIKY C Ka-
MEHHBIMU TOMOPAMM, YTOOBI YBEPUTHCS B CO-
XpaHHoOCTH Bcex 4yeTbipex. Ho moTpeboBanach
6onee ciaoxHas undpopMmauus, ¥ B Kakoi-To
MOMEHT 4eJIOBEK PEUINJ, YTO HEOOXOMMMO HC-
nosab3oBaTh yucaa. CxaxeM, HaZl0 MOUTH K CO-
ceny u cka3atb: «[locaywaii, crapuk, Thl, cay-
yaifHo, He NpUOpPaJ OAUH M3 MOUX KAMEHHBIX
TOIOPOB, KOIrZla NPOLUIBINA pa3 3aX0AUJI KO MHE
B nemepy?» U ecam cocen orBeuan: «[ocnoxs
¢ T0o60#, MoYeMy THI Tak AyMaelb?» — MOX-
HO 6bL7T0 mpuBecTH caeayiomuit gosoxa: «Ilo-
cayuai, IpyXKule, Yy MeHsI ObLIO 4eTbIpe TO-
nopa A0 TBOETo NIPHUX0/a, a MOCJe TOTO KaK Thl
ylIeJi, 0CTaJoCh TOJbKO Tpu». B oburem, oxa3a-
JIOCh, YTO OUEHB YAOOHO, KOT/Ia KaXK[0€e YUCIIO UMe-
eT Ha3BaHMe.



OHUPPbl M — HWPPHI

HecomHeHHO, moHavasy OblJIO mpuayma-
HO BCETO HECKOJIbKO Ha3BaHMI, KOTOPHIX ObLIO
JIOCTAaTOYHO, TOJBKO YTOOBI 060061IaTh POCTEM-
uylo uHpopmauuio.

HexoTopbie NIPUMUTHBHbBIE NIJIEMEHA [aXe
CEerofiHsi He UMEIOT HA3BAHMIA JIJIsi YUCEJ BBIILE,
yeM ABa WU TpHU. (DTO, KOHEYHO, HE O3HA-
4aeT, YTO OHU He 3HAIOT Gosbunx yucen. Cka-
’KeM, OHM MOTrJHu Obl 0603HAYUTH YUCJIO Ye-
ThIPE KaK «TPH U elle OJUH».)

[TouyTn Bo Bcex CIyyasix TeM He MeHee [JIs
HEPBBIX AECATH YUCEJ CYI[ECTBYIOT ClielHasb-
Hble HA3BaHWS: OJHUH, ABA, TPU, YETHIPE, MATb,
IIECTb, CEMb, BOCEMb, IE€BSITb U HECATH.

MoxHo U manbpuie U300peTaTh Ha3BAHUS
IJst yuces, OOJbIIMX AECATH, HO ITO CO3Ja-
J0 6b1 cepbe3Hble TpyaHOocTH. Heserko 6b110
Obl 3alIOMHUTH CIElMaJbHble HAa3BaHHUSA MJIsA
«COpPOKa TpeX», «CEMUECSATH AEBSATU» M Ja-
nee no O6eckoHeyHocTu. C aApyroit CTOpPOHBI,
Ha3BaHHUE YUCEJ OT OJHOTO /10 AECSATH 3amoM-
HUTH JIETKO, BeJlb Y HAC HA PYKax HeCSATb Majib-
11€B, a 3TO cBOoeoOpa3Hasi BCTPOEHHas CHUCTe-
Ma MaMsTH.

Yei0oBEK TOBOPUJ «YEThIPE» M MOKA3BIBA
YyeTbipe MNajblla; TOBOPHJ <«LIECTb» M MOKa-



Atizex Asumos. YUCIIA

3bIBaJI IrecThb nasplieB. Coymaomui Buiesn naib-
I[bl 4 JIETKO MOT NOHSTH TO, YTO MOAPa3yMeBall
cobecenHuK, naxe ecau 3a0bLa, YTO 03HAYAIOT
CJIOBA «YETBIpE» U «ILIECTb».

«ITaneu» mo-nateiHu — <«digitus», u He
CJIy4yailHO B aHTJIMMCKOM f3bIKe, KyJla 3TO CJIOBO
ObIJI0 IPUBHECEHO M3 JATMHCKOro, npuobdpe-
Jo HOBoe 3HaueHue. «Digit» mo-anramiicku
o3HauaeT uppy. Takxe BIOJHE JOTHYHO U
TO, 4YTO BCe IepBBble AecsiThb YHUCeJ Ha3blBa-
1o1ca uudpamu, 1o ecth «digits», MoCKob-
Ky B JAPEBHOCTHU 3TU /ABa NOHATHUS, NaJbIbl
¥ 4ucaa, 66111 pakTUYECKH UIEHTHYHBI.

MoxeT moka3aTbCsi, YTO CYyIECTBYIOT ca-
MOCTOSITE/IbHblE Ha3BaHUsS AJS 4Uces, 60Jb-
IIUX JEeCsiTH, HO 3TO He Tak. SI3bIK co Bpe-
MeHeM TpaHchOpMUDYeTCs, ONHU CJOBa
CMEHAIOT Jpyrue, U HWHOTAAa NPH ITOM Te-
pseTcsi NepBOHayajJbHOE 3HauYeHUe cJoB. UTo
03HAYAET CJOBO «OAMHHAANLATH»? JTO «OAMH»
HaJ <«IllaTb», TO €CTb OJHH CBepX OECATH.
«Ilatp» — 3TO ApeBHepycckoe o6o3HAYEHHE
necatka. [lo-aHrIMACKY <«OQMHHAAUATH» —
«eleven». ITo c10BO MPHILIO B aHITUHCKHI
U3 IpEeBHETePMAaHCKOrO, I7le OHO O3HAYaeT «Ha
OfMH 6OJbIIE».
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LHHOPbI U — UHUDPHI

HeTpyaHo mpeacTaBuTh cebe Takyio Kap-
TuHy. OIMH YesIoBeK NMOKa3bIBaeT APYroMy Je-
CATh majblieB M AobGapaseT: «U eme oxgun».

ToyHo Tak Xe 6bLIO 06pa30BaHO CJIOBO
«IBEHAIIATh», TO €CTh «IBa» HAJl «ATh», «TPU-
HaJAlaTh», ¥ TAK JaJjiee A0 ABAAIATH, TO €CTh
00 <«IByX NECATKOB». B aHrauiickoM s3bike
BCe 0OCTOUT TOYHO Tak xe. /[BeHaAuaTh mo-
aHIJIMACKKM — <twelve», 03HaYaeT «Ba CBEPX»,
TO €CTh JBa mocJje gecatu. [locse nBeHaxma-
TH Bce ynpouaercs. Thirteen, TpuHaguats — 3to
«TpU U JecsTh», fourteen, 4yeThIpHAAUATb, —
3TO «4YeThIpE W IECSATh», M TaK Jajiee, 0 ABa-
natu. /[Baguats, twenty — 3TO MPOCTO «ABa
necsitka», thirty — «Tpu mecsatka», forty —
«YeTbIpe JNecsiTKa», U TaK Jajiee A0 CTa.

B pycckoM si3bike MCKJIIOYEHHEM SIBJIS-
€TCs CJO0BO «COpOK». [loueMy MBI TOBOpUM
«COpPOK», a He «4eThipenecsaT»? /[eno B ToM,
4YTO B JPEBHOCTH Ha PycH cYUTaIHU «COpoO-
KaMU», TI03TOMY /ISl YETHIPEX AECSATKOB OBLIO
BBeIeHO ClienuajbHoe cJ0BO. ['oBOpHUIH, YTO
MockBa — ropos «COpoka COpPOKOB LIEPKBEii»,
TO ecThb B Mockse 6b110 40 x 40, unu 1600
nepkBeid. B Te BpeMeHa mpu pacyeTtax Hc-
N0J1b30BaJId HE TOJbKO MOHETHI, HO U IIKYPKH

11



Atizex A3umos. YUCJIA

cob6oseit. COpok HMIKYPOK COCTAaBJSANAU OAUH
«MeXx», To ecTb 4yucao 40 6bIIO TaKuUM Xe
TPaHNUYHBIM YHMCJIOM, KaK JA€CATh, CTO, ThICAYA
U T. I

0603HayaeM YHCIa NAJbIAMH

MOXHO JI1 MCIIOI30BaTh Majblbl AJs 060-
3HaYeHus yuces, 6oapmux gecsitu? Hanpu-
Mep, KaK N0Ka3aTh Ha majbiax yuciao 547 Kak-
TO s BHUJEJ MOJIOAOrO 4YejJOoBeKa, KOTOPBIH
cHayaja ObICTPO-OBICTPO NATH pa3 NOKa3a CBO-
eMy NPUSATENI0 PACKPbIThIE JIAJJOHU C PacTO-
NbIPEHHBIMY MaJbIIaMM, a TOTOM IOKa3aJ ye-
ThIp€ MaJiblla, TO €CTh CHaYyaJa MATh AECATKOB,
UJIM NATHAECSAT, a 3aTEM YEThIPE, U BCETO J4.
Bce 21O npekpacHo, 3a UCKJIIOYEHHUEM TOTO, YTO
HabJo4aTeNb T0JKEH ObITh HA4EKY, YTOOBI HeE
HPONYCTUTH OJHOIO UJH HECKOJbKHUX NECHT-
koB. OOBIYHO B TAKHUX CIAydyasiX MepeCIpaliu-
BaioT: «IlsTeaecsaTt yersipe, na?» A 3710 3Ha-
YUT, YTO BCE MpPEACTABJIEHUE C AEMOHCTpaLlEN
YuCJIa Ha naJablax ObLIo 6ECII0Ie3HbIM.

KoHeuyHO, HaM He NPUXOAMTCSA pPa3BUBATh
HABBIKM CYeTa Ha MajibLaX, B MIKOJE Mbl U3y-
YaeM COBCEM Jpyrue MeToAbl oOpameHus c

12



LIH®PHI N - LIHDPHI

yucjaaMu, 1 oM ropaszno addextuBree. Ho ecn
Obl MPUILIOCh CYUTATh HA MaJbllaX, Mbl MOTJIHU
Obl, HapUMep, TOTOBOPUTHCH O CJAeAyiouIel
npouenype cuera. Korga Mbl gepXuM JaJoHH
BHYTPb, TO YHCJIO BBITSIHYTHIX NTAJIbLIEB YKA3bIBAET
Ha YUCJO AecATKOB. Koraa nafoHu MOBEPHYTHI
HapyXy, YMCJO MajJbIl€B YKa3bIBA€T HA YUCJO
eV HHUIL.

Toraa To e 4ucao 54 MOXHO 6bITIO OBI
0Ka3aTh Ha Majblax CJAEAYIOU[UM 06pasoM.
OnHy JaloHb AEPXUTE BHYTPb, MOKa3bIBas
NSATh NaJbIleB, a APYTyI0 — JaJOHbIO Hapy-
XKy, MOKa3biBasi 4eThipe maibia. TakuM 006-
pasoM, ABYMS XXeCTaMH MOXHO H300pa3uTh
ao60e yucao ot 10 xo 99.

BoT MBIl U mo6pasuch A0 AECATH AECAT-
KOB, TO ecTh 710 cTa. «CTO» — 3TO TOXe CI0BO,
npuineiiee u3 riaybokoit gpesHoCTH. MBI MO-
XKeM naxe u306pa3uTh AeCATh AECATKOB, I10O-
BEPHYB JIaJJOHU BHYTPb H NMOKa3aB AECATh
NaJblEeB.

A Kak ObITb, KOTJIa HY)KHO U306pPa3uTh OJMH-
HAAIATh JECATKOB? ITO TOXE BO3MOXHO.

- Jlo6bpaBIIMCh O COTHH, Mbl MPOHOJIKAEM
NEeCTBOBAaTbh TAaKUM e 00pa3oM, Kak U paHb-
mre. Crenyiolinee 3a COTHEH YMCI0 — ITO «COTHA

13



Atizex Asumos. YUCJIA

U OIMH», TO €CTh CTO OAUH. UTO MOXeT OBITh
sicHee U mpouie? Mbl NpPOAOJIXKAEM HAII MyTh
BIlepesl, IPOXOAUM pa3Hble YMCJa, Ha3BaHUS
KOTOPBIX 06pa3yioTcs Mo TakKoit e MPOCTOM
cxeMe, HallpUMep «CTO M JBaAlaTh TPU» —
3TO «CTO ABAAIATh TPH», «CTO U CEMbAECST
AeBATb» — 3TO «CTO CEMbIECSAT NEBATb», U
TaK BIJIOTh O «CTa M JE€BSHOCTAa JEBATHUY,
TO €CTh 10 «CTa AEBSHOCTA AeBATH». Temnepp
y Hac yXe JBe COTHH, TO €CTh ABECTH. Ta-
KM 006pa3oM, Mbl MOXEM J0OpaThCs A0 «ae-
BSITU COTEH U AEBSHOCTA AE€BSITH», TO €CTh 10
«IEBSTUCOT AEBSHOCTA J€BATH». 31€Ch yIOOHO
BBECTHU IPUHIIUNHATIBHO HOBOE Ha3BaHUE AJIs
4YKCJIA, PABHOTO «AECSITH COTHSIM». JTO YHUC-
JIO TOJIyYMJIO Ha3BaHUE «ThICAYA», €r0 MpPO-
HUCXOXJIEHHE TOXE YXOAUT B r1yOh BEKOB.
Tenepp MOXHO ONATh MCIOJb30BATH TOT
XKe MPUHIHUI JJisi 0603HAYEHUS YMCEN TIPH TO-
MOIIM MaJblleB U ABUTAThCA Aajbine. Mbl Mo-
’KeM, HanmpuMep, ZOFOBOPUTHCS, YTO KOTjaa
majbilbl HalpaBJeHbl BHKU3, a JaJAoHb obOpa-
HeHa HapyXy, TO KOJHYECTBO MajibiieB 060-
3HaYaeT KOJMYECTBO THICSY, KOTJa IMaJIbIbl Ha-
IpaBJieHbl BHU3, a JaJlOHb OOpaleHa BHYTPb,
TO KOJIMYECTBO MajiblleB 0603HAYaeT KoJuye-

14



LHUOPbI 1 — LHHDPHI

cTBO coTeH. Koraa nasbiibl HanpaBjieHbl BBEPX,
a JaJoHb oOpalleHa HapyXy, TO KOJHUYECTBO
najbieB 0603HAYAET KOJUYECTBO AECATKOB. U
HaKOHeIl, KOT/la MaJblbl HAalpaBJ€eHbl BBEPX,
a JIafloHb obOpanieHa BHYTPb, TO KOJUYECTBO
najbieB 0603HAYAET KOJMYECTBO €IUHHUIL.

[TosToMy, eciu MBI XOTHM MOKa3aTh Ha
NaJblaxX YUCJIO «CEMb THICSY MATHCOT ABaj-
1IaTh YETHIPE», MBI MOXEM CHeaTh 3TO B 4e-
ThIpE IBUXKEHUS: «CEMb NajblleB BHU3, Ja-
IOHM BHYTpPb, 3aT€M MNSITh NaJblUeB BHU3
JIAIOHY HApyXy, [Ba NaJibla BBEPX, JAJOHHU
BHYTPb, 3aT€EM YeThIpe MaJjblla BBEPX, JIAN0-
HU HapyXy».

AN

Ha nanbuax noxassiBaeM 4MCiI0 7524

B 6bITy Mbl ITIOYTH HHUKOIrAa HE€ HMCIIOJIb-
3y€M 4HYHCJa BbIIIE€ ThBICAYHU, U MO3TOMY HH-
KaKMX HOBBIX Ha3BaHUM AJS YHUCEN <«IeCSATh
TbICAY», «ABaALIaTh ThICAY» M TaK JaJiee HeE
IMOSABUJIOCH HA B PYCCKOM, HH B aHTJIUHCKOM,

15



Atizex Azumos. YUCJIA

HH B GOJIBIIUHCTBE eBPONEHCKUX A3bIKOB. Been
32 <«JIeCATHIO THICAYAMHU» UIET «AECATh ThICAY
OIMH» U Jlajiee BIVIOTh 10 <«JIECATH THICAY JEBs-
THCOT JIeBAHOCTA EeBSTUY», A 3aTEM — «OIMHHA-
HATh THICSIY»... «ABAAUATb THICSY»... CTO THICSAY»
U TakK Jajee.

I'peueckre MaTeMaTHKH MCIOJb30BAIHU CIIe-
[[MaTbHOE Ha3BaHUe /s necsATH Thicsgd. OHH
Ha3BaJIM 3TO YUCJIO «myrias» (OT HETro MpPOM30Il-
JIO COBPEMEHHOE CJIOBO «MHUPHA/bI», UJIHU «HE-
CMETHOE KOJHMYECTBO»), HO 3TO Ha3BaHHUE HC-
N0JIb30BAJIOCh TOJIBKO B Y3KOM KPYTY Y4Y€HBIX
¥ HUKOTJa He ObLIO HIMPOKOYTIOTPEOUTETbHBIM.
Ha3BaHusi Ans Takux 4yuceJs, KaK «MUJIJTUOH»
U «MWLIKAPI», MOSBUJIMCH TOJBKO B 3MOXY MO-
3nHero CpeHEBEKOBbBS, a HA MPOTSDKEHUH GOJIb-
et YacTH MCTOPHM YesioBeYecTBa ObLIO JOC-
TATOYHO JIBYX JIAJIOHEN U JECATHU MaabLeB, YTOObI
0603HaYUTh HEOOXOMMMbIE YUCTA.

CuerTnl

51 oTHIOAB He yTBEpX/Aaw, 4YTO MOs CHUC-
TeMa 0603HaYyeHUs OOJBIIUX YKMCEN Ha MaJb-
Hax KOI‘I[a-JII/I6O ucnosas3oBanace. K TOMY MO-
MEHTY, KOrzia B 00MXO0/l BOILIU JAECATKH, COTHH,

16



LHU®PbI U — LIHUDPHI

TBICSIYU U JECSATKH THICSY, YEJTOBEYECTBO YXKe
pacnojiaranio yaoOHBIM HHCTPYMEHTOM [IJisi
IIPOU3BENEHUS PACYETOB, CBOEOOPA3ZHBIMU HC-
KYCCTBEHHBIMHU TaJbLaMHU. ITO CYETHI, UJIH TI0-
rpeyecku <abakar.

Camble pPOCThIE CYETHI IIPEACTABJISAIMA CO-
60if KOpOOKY C rOpM30HTAJbHBIMHU XeJ0OKa-
MH, B KaXXIOM M3 KOTOPBIX JI€XaJo Mo je-
CATb KaMeIIKOB OKPYTJ0il ¢OpMBI, UJIH TajbKu.
JlinHa xeso06KoB OblIa LOCTAaTOYHA, YTOOHBI 3TH
KaMeIlKH MepeABUTaTh CipaBa HajieBo. Ta-
KMMHU CYeTaMH [0JIb30BajuCh U B JIpeBHel
I'peuun, u B [IpeBHem Pume, u B 60see mo-
3nHue BpeMeHa. [lo-7aThIHM «rajabka» —
«calculus», oT 3TOro CJI0BA ¥ MPOU3ONLIO CIOBO
«calculate», 4TO MO-aHI/IMIICKY O3HAYAET «BbI-
YUCATD.

[To3xe mosiBUNUCH CYETHI APYTroi (HOPMBI.
JTO nepeBsiHHAas paMKa C FOPU30HTAJbHBIMH
CTEPXKHSMH, Ha KOTOPbIE€ HACaXeHO IO AECATh
AMCKOB, Ha3bIBaeMbIX KOCTsAIIKaMHu. CTepXXeHb
AOCTAaTOYHO AJIMHHBIN, U KOCTOYKH MOXHO Ie-
peaBurath. B nmpuHuOMNe Kaxablii CTepXeHb —
3TO MOfeNb JaJlOHel ¢ AecAThIO MajbllaMHu.
Ecniu BHayaje BC€ KOCTOYKHM CABMHYTHI Ha-
JIeBO, TO, MEPEBUHYB OIHY KOCTOYKY HAINpaso,

17



Atizex A3umos. YUCJTA

Mbl UMUTHUPYEM TAKOU XKE€CT, KOTAa NOoJHUMaeM
OJMH TaJjell.

A Tenepp nOroBOPHMCS, YTO HUXXHUK pAX
KOCTOYEK — 3TO €AUHHUIIbI, HAJ HUM — J€eCST-
KHu. Boille — coTHHM, a HaZ COTHSIMH — ThICS-
yu. Teneps nonpobyeM npeacTaBUTh YUCIO 7524
npu nomouu cyetoB. Ha HUXKHEM psily Haao
nepeABUHYTbh HANPaBO 4 KOCTOYKH, HA CJIemy-
I0UIEM — 2, HA CJEAYIOIEM — 3, U, HaKOHeL,
Ha psNy, PAacIlOJIOKEHHOM ellle Bbilie, — 7.

1 — cuetsl;
2 — cyeTbl, Ha KOTOPBIX OTJIOXKEHO YUCIO0 7524

PasymeeTcs, ropa3zo yao6Hee 1oJjib30BaTbCs
CYeTaMH, YeM IOKa3bIBaTh YMCJA HA MaJbIaXx.
[IpenMy1eCcTB y CYETOB HECKOJBKO, M OHU JIO-

18



HHPPHI U — LIUOPHI

CTaTOYHO cepbe3Hble. Bo-nepBbIX, HET HEOO-
XOJUMOCTH 3aCOPSATH MaMSITh TE€M, KaK HyX-
HO PacHoOJIOXKUTh MaJblUbl U JAAOHHU, KOraa
u3o6paxaeirb Kakoe-To Yucjao. Bo-BTophix,
MOXHO IOKa3aTh BC€ YMCJIO, laXxe eCJH 3TO
JNECATKH UJIU COTHH THICSAY, LEJTUKOM, a He 0
yacTaM. He Hy»XHO 3aIOMUHATh, CKOJILKO ObLIO
THICSIY, COTEH U JNecATKOB. B-Tperpux, xorzma
[OJIb3yelIbCsA CYETaMHU, MOXHO N006aBaASTH
CKOJIbKO YTOAHO PSOB M, TAKUM 0Opa3oM,
1306pa3uTh B NPUHIIUIIE CKOJIb YTOAHO OOJIB-
moe yucao. M HakoHel, CYETHl MO3BOJSAIOT
1300pa3uTh OJHOBPEMEHHO [IBa YMCJA U BHI-
MNOJIHUTh C HUMU KaKHe-TO AEUCTBUS.

CuuraeM Ha cyeTax

YesoBeky elne B IOUCTOPUYECKUE BPEMEHA
ObLIO HEOOXOAMMO CKJIAABIBATh M BBIYUTATDH
yucaa. [Ipeanonoxum, 4yTo Bbl Hpuobpenu y
cocefla HECKOJIBKO HAaKOHEYHMKOB JJIsI CTpes U
BaM HY)XHO 3HaTbh, CKOJIBKO y BacC Telepb BCe-
ro B 3amace HaKOHeYHHMKOB. My, ckaxem, Bamu
OBIL[bI TIPMHECJIU 110 HECKOJIbKO SITHSIT — BBI JIOJI-
XKHBl 3HaTh, CKOJHKO TOJIOB B BallleM CTajie
1ocJje 3TOro npubaBieHUs.
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CaMblii MpPOCTOM c1oco6 — MOCYUTATH.
IIpeanonoxumM, y Bac 6bjI0 NATh HAKOHEY-
HHUKOB ¥ Bbl mpuobpenu eume aBa. Bor ckia-
IbIBa€TE UX BMECTE, CYUTAETE — U y BaC II0O-
ny4aercs ceMb. Ho mocteneHHo mpuobperaercs
ONBIT CYETa, Bbl Y)K€ 3HAETE, YTO MSATh ILTIOC
ABa — 3TO CEMb.

OnaHako Hama maMsATh He GecrpelesibHa,
M KOT/Ia HYXHO CJOXHUTh OOJIbIINE YUCA, HA-
NpUMEpP ABAANATh TPU U NATHAECAT YETHIPE,
OTBET HaiTH yxxe ropa3no Tpyanee. [Ipencrass-
Te cebe NpeBHEro macTyxa, y KOTOporo B CTaje
OBLJIO MATHAECAT YETHIPE OBIBI, 2 MOTOM MPH-
6aBUJIOCH elle ABaALaTh Tpu. VI BOT OH uX
JI0JITO ¥ HYJHO TIepECYUTHIBAET, COUBAETCs, Ha-
YHHAeT CHayaja, OnsATh COMBAETCH... U MPHU-
XOIUT B APOCTh OT COOCTBEHHOTO Geccuius.
[Toxanyii, OT YeJ0BEKA, 3aHUMAIOLIETOCS MO/ -
CYETaMH IO TaKOM METONMKE, JyYllle IePXKAThCS
[oJajablIe.

BoT TyT Ha moMoulb MOTYT NpuUiiTH CcYe-
Thl. ITO OYEHb yA0OHOE MpHUcnocobaeHue, Ko-
TOpPO€ [IOMOTAET MOACYUTATh CYMMY ITHX ABYX
quceJ, He Jeas HUKAaKUX 0COObIX MHTeJIJIeK-
TyaJbHbIX ycuuauii. Tenepp coBceM He HYX-
HO HAXOJAUTHCS PSAZOM C 3TUMHU TJIYNbIMHA OB-
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I1aM¥, KOTOPble HE MOTYT CTOSITb HAa MECTE U
BCE BpeMs mepeMemalTcsi. MoxHO yidTu B
JIOM U CYMTATh TaM.

Ecayn HyxHO npu6aBUTH ABAALATH TPH K
NSATUAECSTU 4YEThIPEM, TO CHayaja Ha CYeTax
Ha HUXXKHEM PsIAY, TO €CTh HAa PAAY €NMHHUIL,
MBI OTKJajabiBaeM deTwipe. Ha caenyiomem
pAny, Ha PALY AECATKOB, — HATh. Temepp Ha
HUXKHEM PSNy OTKJaAbIBaeM elie TpH, a Ha
cnepyiomeM — aBa. I B pe3ynbTate moayuya-
eM ceMbzecsaT ceMb. [IpaBaa, mpu cuere cymma
HU pa3y He PaBHAJNACh NECATH WU OoJjbiie-
My YHCIY.

TouHO Tak xe 6e3 0Co6BIX MPOOIEM MOXKHO
CKJIa/IbIBaTh U O4YeHb Gosbuive yucaa. Hampu-
Mep, HaM HYXXHO CJOXHUTb ABECTH NSThIAECAT
TPHU THICSIYM CTO ABEHAALUATh M CTO ABAALATbH
IIECTh THICSIY BOCEMbCOT TpUALATh oauH. Mc-
N0JIb3ysi CYETHI, MbI JIETKO OMNpPEAENUM CyM-
My, KOTOpasi paBHa TPUCTa CEMUIECATH AEBITH
TBICSIYAM AEBSTUCOT copoka TpeM. OaHako 3Ta
JIETKOCTb OTYAaCTH ONpPeNEeNseTCs TEM, YTO HH
Ha OJHOM pSIAY IIPU CJIOXKEHUH Mbl HE TOJY-
YaJid 4Yucja, O0JIbIIero AecsaTH.

A Ttenepp nmpexctaBbTe cebe, YTO HaLO Ha
cyeTax CJIOXHTb ceMb M BoceMb. Kak Hu cTpaH-
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HO, 9TO AaxKe TPyJAHeH, YeM MOJYy4YUThb CyM-
MY OT CJOXEHHUS HECKOJbKHUX COTEH ThICAY,
YTO MBI TOJIBKO YTO CHEJAJH.

[TocMOoTpHUTE HAa PUCYHOK.

i N
I TN

P |

Hlaz 1. Ilaz 2. Ilaz 3.

CknaapiBaeM 7 ¥ 8 Ha cuertax

CHayana Ha HUXKHEM DSy Bbl NI€PEBOJUTE
HanpaBo BoceMb KocTsuek. Ternepp HyXHO
K HMM NpubOaBUTH ellle CeMb, HO Yy HaC Ha
HUJKHEM DSy CBOOOAHBI TOJIBKO JBE KOCTSIII-
ku. Uto xe nenatb? Bce ouenp npocrto. CHa-
yaJjia nepeiBUTaiiTe ocTaBiuecs ABe. Teneps
y Bac ecTb 1eJbli necaTok. Bol nenaete 3a-
MEeHY, IeCSTh KOCTSIIEK Ha HUXXHEM Psay 3a-
MeHsieTe Ha OJHY KOCTSAIMIKY Ha CJeAYIoleM
psily, TO €CTh OTKJaJblBaeTe B pPAAY A€CAT-
KOB OIUH JecAaTOK. Temnepb Bbl MOXeTe 3a-
KOHYMTDb CJOXEHUE, BeAb Pl €AUHUI] y Bac
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cBobogen. Ham HyXHO 6blJIO MEPEJBUHYTH
ceMb KocTseK. /[Be Mbl yXe NepeaBUHYJIH.
3HaYMT, OCTAJOCh NEepPeABUHYTH ee nsThb. [le-
pelABHUraeM NATb KOCTAIIEK Ha HUXXKHEM pANY
BJIEBO M IIOJIyYaeM pe3yJibTaT: OAUH JAECATOK
U NATbh €AUHUILl, TO €CTb NSITHAaALaTh.

Takast 3aMeHa feCATH KOCTAIIEK Ha OXHY
B CJIe[lyIolIeM BepXHeM PNy FOAUTCA AJs BCeX
panoB. [lecATb 1eCsITKOB MOXHO 3aMEHHMTb Ha
ONHY COTHIO, J€CSATh COTEH HAa OAHY TBICSAYY
U Tak janee.

TakuMm o6pa3oM, KOraa Mbl MCIOJb3yEM
CYeThl, HAM He HAaJ0 OTCYUTHIBATH OoJIbIle
necsatu koctsimek. Ha camom nene moctatoyHo
CYUTaTh A0 NSATH. Benap ecaum Bb mepeaBUHY-
7Y HanpaBo OoJibllie MATH KOCTAMIEK, HYX-
HO TOJIBKO MOJACYUTATh KOJHMYECTBO KOCTSILIEK
B JIEBOM YaCTH, UX Bcerjga GyfeT MeHbIlIe NATH,
4TO6Bl Yy3HATH, CKOJbKO UX B MPaBOH YacTH.
CxkaxeMm, ecu cjeBa 0CTaJach OJHA KOCTSLIKA,
3HAYUT, CIIpaBa UX AEBSTh.

Koraa xocTsimiex nsiTb UM MeHbIlle, HAM
JIETKO ONpefeuTh UX KOJHUYECTBO C MEPBO-
ro B3rjasfa, He cyuTass. [1oaToMy ONBITHBIA
pabGOTHHUK, KOTOPOMY IMPUXOAMJIOCH TOCTOSTHHO
CYUTATh Ha CYeTax, MOT NIPOU3BOAUTDH ONEPaLUU
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CJIOKEHUS] U BBHIYUTAHUSA C OOJBIIONH CKOpOC-
ThI0, TOPa310 OBICTPEE, YEM ITO AENAETCS MO
00BIYHOI MeTOAMKe, Ha OGyMare, CKJaabIBas
1 BoluuTass B CTOJOUK. CaMbIM BBIJAIOUIMM-
CsA clenuanaucraM mo pabore co cyeramu yna-
BaJIOCh Iake 0OOTHATH 3JIEKTPUYECKHE HACTOJIb-
Hbl€ CUETHbIE MALIUHBI.

Hcnonb3ys cy4eTsl, Bbl JIETKO MOXETE MOKa-
3aTh, YTO OT MEpPEMeHbl MECT CJIaraeMbIX CyM-
Ma He MeHsieTcs. HeBaxHO, Kakoe YUCJIO BB
nepBBIM BBHICTABHJM Ha cyeTax. Bel MoxeTte
CHAYaJia OTJIOXUTb CEMb, a IOTOM BOCEMb, UJIH
Haob60pOT, CyMMa OCTaHETCS TOH Xe CaMoii.
ITo mATHaANMaTh. Tak YTO 3aMOMHUTE 3TO
NIPAaBUJIO XOPOIIEHbKO: OT IEPEMEHBI MECT CJIa-
raeMbIX CyMMa He MEHSIETCS.

H3o6pakaem uucia
npu noMouu OGyKs

UTak, Mbl BBISICHUJIM, KaKasi TMoJie3Hasi U
ynobnast Bemp — cuyetbl. Ho Beab pe3ysibTaTsl
BBIUMCJIEHUNA HAA0 KaK-TO 3amuchiBaTh. M B
Apesuem BaBunone, u B /I[peBuem Erunte Be-
JIUCh CUCTEMATHYECKHE 3aITUCU HAJIOTOB, MOJAaTeMH,
3amacoB, NOCTYNUBIINX B 3aKpOMa INpaBUTEJIEH,
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¥ MHororo apyroro. KoHe4Ho, MOXXHO 3anu-
ChIBaTh YHCJIAa CJI0OBAMH, KaK 3TO CJ€JIaHO B Ha-
yaJjie IJIaBbl, HAIIPUMED JBECTU NATHAECIT TPH
TBHICSAYM CTO ABEHAALATh. TaKylo 3aluch MOX-
HO OBLJIO clesaTh Ha JI0OO60M A3bIKE, HO 3TO J0-
BOJIBHO YTOMHMTE/NIbHO U HeynoOHo. Ha momors
HPUIILIN COKPAIEHNS U 0003HAYEHHS.

Yke B IpeBHOCTHU MUCIbI UCIIOJIb30BAIU Pa3-
JINYHbIE 3HAKW, CUMBOJIBI U OyKBbI andaBuTa
AN 3aMCHU Yucesa. Mbpl C BaMU pacCMOTPUM
cucteMy OYKBEHHBIX M300paxeHUH YuCes, KO-
TOPYIO HUCII0JIb30BaNH AipeBHUE puMisiHe. OHa
UCIOJb3yeTCsA A0 cuX mop. PuMckue nudps
Mbl MOXEM yBHUIETh Ha MaMATHUKAX, Ha 00-
IECTBEHHBIX 3JaHUAX, HA nH(epbIaTaX YacoB,
B JINILJIOMAaX U I00UIEHHBIX TPaMOTaxX, TaK YTO
OHM BCEM HaM XOPOIIIO 3HAKOMBI.

Yucno onuH B PUMCKOUM cucteMe 06o3Haya-
noch kKak I, gBa — II, Tpu — III, yetbipe — IIII,
naTh — V (BO3MOXHO, 3TO CXeMaTHYHOE M300pa-
XKEHHE JIAJIOHU C OTBEJAEHHBIM B CTOPOHY 060JIb-
muM mansieMm), mects — VI, cemp — VII, Bo-
cemb — VIII, neBatp — VIIII, mecatp - X
(BO3MOXHO, 3TOT 3HAYOK 0003HAYaJ JBE JIAJIOHH
C OTBEIEHHBIMM OOJIBIINMU MAIbLAMH, OHY C MaJib-
L[aMH, HallpaBJE€HHbIMU BBEPX, APYTYIO — C Majlb-
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namu BHU3). [lasbire wupetr natbaecaT — L,
cro — C, marecoT — D, Thicsaya — M.

Tak yucao TeiCAYA AE€BATHCOT NATHAECAT
BOCEMb B PUMCKOH CHCTeMe 3almucu OyAeT BbIT-
asanets kak MDCCCCLVIII (to ectp omHa
ThicAYa + HOATHCOT + CcTO + CTO + CTO +
+ CcTO + nATHAECAT + NATh + OJAUH + OAUH +
+ OMH).

O6paTuTe BHUMaHHe, B PUMCKOI CHUCTe-
Me 3aNMiCU YUCEN ONpeleIeHHbId CUMBOJI BCe-
raa o60o3HayaJ OJHO M TO XK€ YMCJO, He3a-
BHCHMO OT TOTO MeCTa B CTPOKe, KOTOpPO€ OH
sanuMaga. Ckaxem, smecto MDCCCCLVIII
moxxHo Hanucath CLCDIIVCMCI, u 3to 6y-
JIET TO )K€ caMoe 4YyucJo. EquHCTBEHHas MpU-
YUHA, KOTOpasi 3aCTaBJisjia MUCLHOB pacmnoJja-
raTb CUMBOJIbI B MOpSAKe yObIBaHUS CIIpaBa
HaJeBO, — 3TO yA0OCTBO CYMTHIBAHUS YHCJIA.
[IpuMepHO Tak Xe, KaK MpPU Urpe B OPUIK —
3HAYUMOCTb KapThl BCEr[a OCTAETCS MOCTOSIH-
HO#, HO UTPOKHM PACKJIAAbIBAIOT UX B MOPS/I-
Ke yObIBaHMSI ClpaBa HaJeBO.

B Hamu AHU MCTIONB3YIOT HEMHOIO U3Me-
HEHHYIO cucTeMy 0603HaueHuss. MeHblmit cCUM-
BOJI CTaBAT nepea OOJBIIUM, KOrZa €ro HaJo
BhIYeCTh U3 Oosbmiero. Hanpumep, Mbl npu-
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BBIKJIM YMCJIO YEThIpE 3amUChiBaTh Kak IV, a
e IIII, a neBatbcotr kak CM, a ne DCCCC.
ITO yCcoBeplIEeHCTBOBaHUE JIPEBHEPUMCKOM CH-
CTEeMBl 3aMMCH YHUCeJ ObIJIIO BBEIAEHO YXe€ B
Cpennmne Beka C LEJNbI0 COKpalleHHs 3amu-
CH, ¥ IpeBHHE DUMJISIHE UM He INO0JIb30BaJUCh.

Urak, B puMckoit cucTeme 3amnucu 3Ha-
YeHNe CMMBOJIA HE 3aBUCEJIO OT €ro MOJIOXKEeHUs,
TO €CTb 3Ta CHUCTEMa OTJUYAEeTCAd OT CHUCTe-
MBI 0603HaYEHHUsI HAa CYETAX, /i€ 3HaYeHUe YHUC-
Jia 3aBUCHUT OT TOTO, B KaKOM Psily OHO Ha-
XOIMTCS.

TeM He MeHee U B PUMCKOI1 cucteMe 0060-
3HAYEHUs YUCeJl MOXHO IPOU3BOJAUTH AeHCTBUS
caoxeHusi. Hampumep, HaM Hazo CJIOXHUTH
MDCCCCLVIII u MMCCCCLXXII. 3anu-
IIeM HOBOE YMCJIO, 3alIUCAB 3HAKHU 000UX YHUCEJ
BMecTe. MBI noay4yum:

MMMDCCCCCCCCLLXXVIIIII.

Tenepb ynpocTUM 3TO BBIpa’KEHUE:

IIate exuuun uau IIIII - ato V, a xBa
pa3a no nategecsat (LL) — ato cto (C).

IIpon3sBenem 3aMeHy U NMOJTYyYUM:

MMMDCCCCCCCCCXXVV.

Ho nBe nsitepku (VV) — 3ato necsith, a nsathb

cored (CCCCC) - aro narbcor (D). [Ipous-
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BEJIEM ellle OJIHY 3aMeHYy U IOJIy4YUM CJEAYIOIIHA
pe3yJbTart:
MMMDDCCCCXXX.

Ho nartscotr u narecor (DD) - 3710 TH-
csiyua (M), npoBoauM mocCiefHIOI0 BO3MOX-
HYyIO 3aMeHY U I0JIy4aeM OKOHYaTeJbHBIH pe-
3yJbTar:

MMMMCCCCXXX,
TO €CTh YeThIpe THICSYHM YeThbIpecTa TPUILATh.

He comHeBaiiTech, ONBITHBIA mHUCEI[ B
[peBHeM Pume Mor MOJTHUEHOCHO NpOJesaTh
aty onepauuio. Ho ects Macca apyrux, kpaiiHe
HEOOXOAMMBIX ONepaiuil ¢ YMCIaMH, KOTOPbIE
OYeHb JIETKO BBINIOJHUTh Ha cYeTax M Kpaii-
He TPYAHO — HMCHOJb3ys PUMCKUe LHUPPHL.

VIMeHHO OTCyTCTBHE pallMOHAJbHOW CHC-
TeMBbl 3allUCH YUCEJ OCTAaHOBHUJIO Pa3BUTUE Ma-
TeMaTuku B /IpeBHeil ['peunu, nockoabKy rpe-
KU 3alMCBHIBAJIM YHUCJIAa HE MeHee FPOMO3JKUM
U Heyl0OHBIM crioco6oM, yeM pumisiHe. Eciu
Obl BeMYalIIUiA MaTeMaTHUK APEBHOCTU Ap-
XMMeJ BJIaJieJ] COBPEMEHHOHN CUCTEeMOM 3almucHu
yucesa, oH cMor Obl 3amoaro a0 HeroToHa
npuiTH Kk unee nudpdepeHInaIbHOTO UCYHUC-
JIEHHS, a 9TO Ha BOCEMHAJLaTh BEKOB yCKO-
puJio 6Bl MPOrpecc Hayku.
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B IX Beke nameil 3pbl Kakoi-TO MHIM-
eil, UMsI KOTOPOTrO He COXPaHUJOCh, pa3pa-
60oTan Ty CHCTEMY CUYMCJEHHS, KOTOPOH uye-
JIOBEYECTBO MOJIb3yeTCS M B Hamu AHu. M3
Wuaum 3Ta cuctema pacnpoCcTpaHUIACh Ha
Apabckuit Boctok, a apabbl NpUHECIH €€ B
EBpony. Iloatomy nHamu uudpsl U Ha3blBa-
I0TCS1 apaOCKUMH, XOTs NpaBUJIbHEE ObLIO OB
Ha3blBaTh UX MHAMKCKUMHU. HAMIICKas cuc-
TeMa MPOCTO MOJEJMpPOBaja CUCTEMY H300-
paXkeHUs 4YUCes NMPU MOMOIIH CYETOB, U 00
3TOM pedb MOHJeT HecKoJbKo mo3xe. CoBep-
IIEHHO HENMOHSATHO, I0OYEeMY 3TOTO OTKPBITHUS
[PHUILIOCH XAATh TaK JOJITO, BEAb CYETHI OBLIH
n300peTeHsl 3aM0Jr0 A0 TOTO, KAK BOIIJIH B
obuxon apabckue UPPHI.



I'naBa 2

HHUYTO - U HEYTO,
EHNIEMEHDBIIEE,

wm Kak BakHo
HMeTb CBOOOMBII PAA

B ocHoBe uHaMiickOo#l cucTeMbl cyeTa —
uudpbl OT oaHOro 10 AeBsATH. OHU BUAOM3ME-
HAJIUCh BO BpeMeHH, HO yxe k XVI Beky npu-
obpenu B EBpone coBpeMeHHBIH MPUBBIYHBIIM
Bun: 1,2, 3,4,5,6,7,8u 9.

Ka3zanoce 6b1, 31ech HeT HUYero Hosoro. U
APEBHHE IPEKH, U JAPEBHHUE UYAEU HCIOJb30-
BaJIM IS YUCEJ pa3jinyHbie cuMBoJibl. U y Tex
U y IpYrux nepBbie AeBsTh OykB amdasuta uc-
M0JIb30BAIMCh AJss 0603HauYeHus yucen ot 1 10
9. Cnenyomue neBsath OykB 0603HAYaMN YKC-
Jla 1ecsATb, ABAALATH, TPUALATH U TaK Jajiee 10
nessiHocTa. Crenyoumme aeBaTh 6yxB 0603Ha-
4ajJy COTHH: CTO, ABECTH, TPUCTA U TaK Jajee
no neBsATHCOT. [IBaauaTth BocbMasi 6GykBa 0060-
3Hayasna TeicsA4y. TaxkuM obpa3om, ABagLATH
BOCBMHU OYKB OBIJIO JOCTAaTOYHO 1151 0603Haye-
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HUS YUCJIOBOT'O Psifia OT eIMHUIIBI 10 ThicsTyM. Kor-
na 6yks andasuta 60 HEAOCTATOYHO, 106ABISA-
JIM CIleLMaJIbHbIe CUMBOJIBI UJIM U3MEHEHHOE Ha-
nucaHue OyKB.

OnHako ucnosb30BaHUE OYKBEHHBIX 060-
3HaYeHUH NPUBOAMT K myTaHuie noHstuii. Ha-
1puMep, uncjo 15 B IpeBHeeBpeiiCKOM Hamu-
CaHUHU TPEACTABSIET COO0Ii mepBbie /[Be OYKBbBI
B cJI0Be «60r», TO Xe CaMoe OTHOCHTCS M K CO-
4eTaHUSIM HEKOTODPBIX IPYTrUX OYKB.

C npyroii CTOpOHBL, IPU TAKOH CUCTEME KaXK-
JIOMY CJIOBY MOHO OBLJIO IPUITUCATH OLIPEAETIEH-
HOE YHCJIOBOE 3HAYEHHE, YTO U ObLIO CIENAHO IS
MHOTHX cJoB B bubsuu. Takas npoueaypa Ha-
3bIBaeTCs «rematpueit». Takum o6pa3oM, MHO-
TUe CJIOBa, BKJIOYasi UMeHa COOCTBEHHBIE, MOJTY-
4aju o0coboe MHMCTHYECKOE M OKKYJIbTHOE
TOJIKOBaHUE.

Haubosiee U3BECTHBIN IPUMEP TAKOIO TOJI-
KOBaHHUS CJOB — 3TO HMCIOJb30BaHHE CJOBA
«3Bepb» B OTkpoBeHnu Moanna borociosa
(To ecTb B AnokaJjuIcuce), KOTOPOE COOTBET-
cTBOBaso yncay 666. Cxopee Bcero, UMs Ka-
KOT0-TO BJIaCTHTeJs, KOTOpOe B Te BpeMeHa
OMacHO ObLJIO Jake MPOM3HOCHUTH, TAKXKe CO-
cTaBisANO yucao 666, eciu ero u3zobpa3uTh
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OyKBaMH IPEBHETPEYECKOr0 UJIU JPEBHEEBPEii-
ckoro andaButa. Bo3aMoXxHO, 3TUM BiacTUTENEM
6611 umnepatop Hepon. C Tex aBHUX MOP JIIOAU
yacTo 3amu¢poBbIBaJM UMEHA CBOMX BpParoB B
BHUJIE YMCEJL.

B unauiickoit cucreMe, B OTJIMYHE OT ApPEB-
HeeBpeNCKON U IpeBHerpeyeckoi, ajas 06o3Ha-
YeHUsA BCeX BO3MOXXHBIX YHMCEJ MCIIO0Jb30Ba-
JIOCh BCero AeBsATh HUPP, TaK XKe KaK U Ha
cyeTax, Ifle Ha KaXIOM psAY OJHO U TO Xe
KOJMYECTBO KOCTAIIEK. ITO 6blJI0 HeobXxoau-
MO, 4TOOBI NpUAaTh nudpamM omnpeneeHHYIO
3HAaYHUMOCTb B 3aBHCHMOCTH OT MOJIOXKEHHS, KO-
TOpOe OHH 3aHUMaJIH.

Hanpumep, eciu MBI XOTHUM BBIJIOXHTH
YKMCJIO ABAALATh TPHM HA CYeTaX, TO B HUXK-
HeM psly, B pSAAY €AWHUL, Mbl OTKJaJbIBa-
€M TPH KOCTSIIKH, a B CJHeAylolleM psAy, B
pPAAYy IeCSATKOB, Mbl OTKJIaJAbIBaeM JBe KOC-
Tamku. B uHANiicCKON cUCTeMe 3TO YHCJIO 3a-
MUChIBaeTCd Kak 23, M, KOTAa MBI €T0 BUAUM,
MBI Cpa3y MOHHUMAaeM, YTO JaHHOE YHCJIO CO-
CTOMUT U3 ABYX NECATKOB M TpPeX eIWHMUII.

CoOOTBETCTBEHHO YKCJIO TPUALATH Ba OyaeT
3anucaHo Kak 32, rae 3 — 3TO KOJHYECTBO
IeCATKOB, a 2 — KoauuyecTBO eanuuil. ITockon-
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Ky 3HAYUMOCTb UM(PbI 3aBUCUT OT IOJOXKeE-
HUA, TO yucaa 32 u 23 — 3TO COBEPIUIEHHO
pa3Hble YHCJA.

MaioBeposiITHO, YTO XMTPOYMHbBIE JPEBHHE
rpekud He Morsu pasdpaborath momo6HOI cuc-
TeMBI, Belb yJaJOCh K€ MM CclejaTb MHOXe-
CTBO Ype3BbIYAHO Ba)XHBIX OTKPBLITUM B CaMbIX
pa3ubIx oOsactax. HacTosamuM npensitTcTBUEM
ST HUX, a TakXe IJs BCeX OCTaJbHBIX, MO-
MHUMO MHAMIIEB, HA MYTH Pa3BUTHS METOAOB
cyeTa SBWJIACH MPoOJieMa CBOOOMHOrO psaa Ha
cyeTax.

[IpeanosioxxuM, BaM Hal0 BMECTO ABAALIATH
Tpex n306pa3uth yucjao asectu Tpu. Ha cuerax
BbI OTJIOXKMTE TPU KOCTSIIKUA B HH)KHEM PSy,
He OTJIOXKMTE HU OJHOU B CJeayIolleM psnay,
B pSANly NeCSATKOB, ¥, HAKOHELl, B PAAY COTEH
OTJIOKHUTE JABE KOCTSIIKH.

A kak 3amucaTh 3TO YUCJIO B HHAHUINC-
Ko cucreme? [[Baguats TpH Mbl 3aMHChI-
BaeM Kak 23, a YHCJO ABECTU TpH, Ka3sa-
jn0ch OB, OyneT BHITASAETh TOYHO TaK Xe,
23, TonbKo Teneppb 2 GymeT 0603HaYATh YUCJIO
COTEH.

A Temneps mnepeiinem x ToicsiuaM. Kak oT-
JIOXKMTb HAa CYETaX YUCJIO JABE THICAYH TPH?
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Tpu KOCTSIIIKM OTKJIAAbIBaEM B HUXKHEM PsAYy,
HHM OJHOH B cJeayolieM psay, B PAAY Ae-
CATKOB, HA OIHOM B CJEAYyIOUIEM DALY, B PALY
COTeH, W, HAKOHEIl, B PAAY ThICAY OTJIOXKHUM
IB€ KOCTSIIKU.

A kak 3amucaTh 3TO YMCJO B MHIMIiC-
koit cucrteme? Omnstp 23?7 Toabko Teneps
ABOHKa o3Hayajia 6b KOJMYECTBO ThicsAY. Tak
4YTO XKe, TPU Pa3HbIX YUCJA 3aNMCHIBAIOTCS
OAMHAaKOBHIM obOpa3zom? Hert, 3anuceiBaoT-
Csl OHU MO-Pa3HOMY, M 3TO CTaJO BO3MOX-
HBIM HUMEHHO OJilaromapsi rjlaBHOMY yCOBep-
IIEHCTBOBAHMIO, BBEJEHHOMY B CUCTEMY CYeTa
UHAUHLAMU.

Kak MoxHO 66110 6B H300pa3UTh 3TU TPH
yucJaa, 4yToObB OHU pasauvanucb? MoxxHO
6b1710 Obl, CKaXkeM, CTaBUTb HaJ Kaxaoit uud-
poil ompenesieHHOE KOJIMYECTBO TOYeK, KO-
TOpoe 0603Ha4an0 Obl, K KAKOMY Pa3psdy OT-
HOCHTCS naHHas uudpa, K COTHIM, ThHICSYaM
uIM necsitkam. Hanmpumep, onHa Toyka — enu-
HHULBI, [1BE — NECATKH, TPU — COTHH, YETHI-
pe — ThICSAYH:
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Ho takas cucrtema 3anucu rpoMo3aka U He-
yaoOHa, ¥ MHAuICKas CHCTEMa OCHOBaHa COBCEM
Ha APYroM NPHUHIIMIIE.

BennyaiimuM focTUXKEHHEM JPEBHUX UH-
AUiLIEB CTAJI0 BBeJeHUE CIENHAJbHOTO CUM-
BOJIa /11 OTCYTCTBYIOLIEro pa3psifa, TO €CTh
AJs1 TOTO psAfla Ha cYeTaX, Ha KOTOPOM He
NepeABUHYTO HAlpaBO HU OAHOH KOCTSLIKHU.
Apabbl Ha3bIBAJU 3TOT CUMBOJ «CHDD», TO
eCTb NMyCTOH, B aHTJIUMHCKOM s3blKe Ha3Ba-
HUe TpaHCHOPMUPOBAJIOCH B «3€PO» B pycC-
CKOM s3bIKe 3TOT CUMBOJ NOJYYHJ Ha3Ba-
HUue «Hoab». Ho caoBo «cudp» Takxke
MPUXKUIOCh B pycckoM si3bike. OT Hero mpo-
U30LIIU cJoBa «iudpay, «<mudp», «mudpo-
BaTh».

Honpb o6o3nauaercs kak «0». Teneps nBe-
CTH TPM MOXHO 3anucaTb Kak 203, a ABe ThI-
csauyu Tpu — kak 2003, gBectu TpUaUATH —
kak 230, a gBe TeicsiyM TpUAUaTh — Kak 2030.
B kaxxaoM ciyyae Mbl 0603HaYaeM HOJIEM TOT
pPSAA Ha cyeTax, Ha KOTOPOM He MepeJBUHY-
Thl KOCTSIIIKH.

(ABaauath TPU MOXHO 3aIUCaTh TAKXeE Kak
0023 uau 00023 uau maxe 000000023, Ho Tak
HUKorZa He gaenaioT. [IpuHsTO 3anuceiBaTh
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TOJIbKO 1IEPBBIH 110 BEJIMYMUHE 3HAYALUIA Pa3psl,
a Ha cyeTax BCe Ps/ibl Bbillle TIEPBOrO 3HAYaLLEro
[IpUPAaBHEHBI K HYJIIO).

23 203 2003

T |
T |

2030 2300

Ha cuyerax otnoxetsl Yyuciaa, coaepxaique HOJIb

menHo uzobperenune Takoil nudpbl, Kak
HOJIb, U CJ€eJ1aJI0 TaK Ha3biBaeMble apabckue
11bpsl yA0OHBIMU U NPAKTUYHBIMU. ITO U306-
peTeHue CTajJo HNOUCTUHE PEBOJIIOIMOHHBIM.
(CrpanHo, uTO M3006peTEHUE «HYJIsSI», TO €CTh
«HMYEro», 0Ka3aJoch CTOJb BaXXHbIM JIJIS1 AAb-
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Heiilero pa3sutusa 4desoBedectBa. Ho eme 60-
Jlee CTPaHHO TO, YTO MHOTHE BeJIUKHUE MaTe-
MaTUKHM APEBHOCTHU TaK U He NOAYMAJHUCh IO
3TOr0 «HUYETO».)

Ilepenocum cueTbi Ha Gymary

Korza M1 cuuTaem, ucnosb3ys apabekue uud-
Pbl, TO TIEPBOE, YTO CJIEAYET CAENATh, — 3TO 3allOM-
HUTb CyMMBI YHCeJI OT HyJIs1 10 IeBATH. Kak Mbl yunm-
csa cuurtath? CHavasa 3anomMuHaem, yto 1 + 1 = 2,
2+3=54+5=9,6+ 7 =13 u tak ganee. Ouenn
BXXHO Taloke yCBOUTD, 4To 0 + 0 = 0.

Korma mMbpl cuuTaeM Ha cyeTax, 3allOMH-
HAaThb HMYEro He Hajgo. Heob6XomuMo TOJb-
KO HAYYUTbCSH CYUTATh OT OJHOTO [0 Aecs-
ti. Ha aToM 3Tame mpeumyliiecTBa pacyeToB
IpU NMOMOUIM YHMCEJ, 3alIMCAHHBIX Ha Gyma-
re, eme He3aMeTHb. KaxxeTcs, YTO cyeTsl
ynobHee.

A Tenepb nonpobyeM CIOXUTHb ABA 60Jb-
mux yucia, Hanpumep 5894 u 2578. Bce, yTo
IJIsl 9TOTO HYXHO, — 3TO YMEThb CKJAAbIBATh
yycsaa B npeaenax aecatu. CHayana pa3obb-
€M YKCJia Ha €IWHUIIBI, NECATKH, COTHU U ThI-
CAYH, TO €CTh HAa pa3psIbl.
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5000 u 800 u 90 u 4
nmoc 2000 500 m 70 u 8
7000 u 1300 u 160 u 12

Tenepb pazobbem yucio 1300 va 1000 u 300,
160 Ha 100 u 60, a 12 Ha 10 u 2. Teneps HanO
IIPOCTO MPUOABHUTH THICAYU K ThICSAYAM, COTHM
K COTHSM, JI€CATKHM K aecATkaM. B pesyiabtaTte
nosnyyaeMm: 8000 u 400 u 70 u 2, To ectp 8472.

YupouieHHO HpPOLEecC CHAOXEHUS MOXHO
U300pa3uTh TaK:

5894

mmoc 2578

8472
YnpouieHue 3akJai04aeTcss B TOM, YTO MBI
He 3aIMChIBaEM «HYJIM» U MEPEHOCUM <«EIMHUIIBI>
B CJeAYIOMU pa3psifi, TO eCTb AeCATKH Iepe-

HOCHM B KOJIOHKY J€CSITKOB U TaK Jajiee.

Brluutanue — 3TO mpoiecc, o6paTHblit CJI0-
xenuo. [Ipeanonoxum, Hago u3 531 BbIYECTH
298. Mbl Takxe pa3bMBaeM YKCJIa HA Pa3ps/bl:

500 u 30 u 1

munyc 200 u 90 u 8
BHayase MoOXeT MoKa3aTbCs, 4YTO HaM
npuaetrcs Boiyutath 8 M3 1, u 90 us 30.
Ho 3TO0 He Tak, MBl BeAb MOXE€M 3aHATH
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OUH JECATOK U OAHY COTHIO U3 CIEAYIO-
mux pa3psanos. [lepenuiieM TabauIy B HOBOM
BUJE:
400 u 120 m 11
MHUHYC 200 u 90u 8
200 u 30 u 3

Takxum o6pa3om, moaydaem otseT: 233.

Korza Mbl npou3BOAUM BbIYUTAaHUE B CTOJI-
OUK, TO cjeyeM UMEHHO 3TOMY HMPUHLHUIY,
xoTs popma 3anucu Gosiee yrnpouieHHas.

YenoBek, NPUBBIKIINI CYUTATh Ha cye-
TaX, CMOXeT NPOM3BECTU ITY ONEPAIHIO IO-
pa3no ObicTpee, YeM CPeHUIN YYEHUK, BBI-
YUCAAIMUNA Pa3HOCTh 3TUX ABYX YHCEJN Ha
6ymare. OnHako cueTbl TPeOYIOT, KpOME BCErO
npoyero, HapabOTKH YMCTO MEXAHMYECKHUX Ha-
BBIKOB.

B 10 Xe Bpemsi, KOraa Mbl CYUTAaeM B CTOJI-
OUK, MBI 3aIIMCBIBaEM BCe 3Talbl, U JIETKO MPO-
BEPUTh NPAaBUJIBHOCTb pacyeToB. Micmoab3ys
CYeThbl, ITOTO CHeJaTh Henb3si. MeTox monx-
cyeTa B CTOJIOMK HAacTOJbKO Xe 3PPeKTHn-
Hee MOJCYeTa Ha CYeTaxX, HACKOJbKO M300pa-
XKeHMe quces Ha cyetax apdexkTuBHee, yeM
NOKa3bIBaTh YMCJA HA MaJblax.
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IlepecexaeM HyJIeBYI0O OTMETKY

Kaxabilii mnepBOKJIAacCHUK, M3yyYaloUUii
apu(dMeTHKy, 3HAET, YTO CJIOXKUTH MOXHO JIO-
Oble aBa uyucaa. OH TakXe 3HAET, YTO K BHI-
YUTAHUIO ITO NPABUJIO HE OTHOCUTCA.

MoxHo BbIYeCTh 5 M3 7 M NOJYYHUTH 2.
MoxHo BbiyecTh 7 U3 7 U monyyuts 0. A
MOJXXHO JIM BbIYeCTb 8 u3 7?

B peBneit I'penuu Ha 3TOT BOIpOC OTBe-
yanau oTpuuarteabHo. Kak MoxHo npousBecTu
AeicTBYe, B pe3yJjibTaTe KOTOPOTO MOJy4aeTcst
MeHblle, yeM HU4Yero? Benp «Huyero» — aro
TNIOCJIeAHUI TIpefies], ajIbille UATH HeKy/a.

JTa TOYKa 3peHHUsI TOPXKECTBOBAJA BIJIOTh
no 1500-x rogos. A B HalllM AHU KaXXeTCS CO-
BEPIIEHHO OYEBHAHBIM, YTO MOTYT CYyIIEeCTBO-
BaThb YMCJIA, MEHbIIUE, YEM HUYETO, TO €CTh
MeHbIIINe HOJIA.

IIpeanonoxumM, y Bac ecTb ceMb J0JJa-
POB, a TYT K BaM INOAXOAUT Balll NIPUSATENb U
HallOMUHaeT O BallleM A0Jife B BOCEMb JOJI-
napoB. Byay4yu 4eCTHBIM YeTOBEKOM, BBl TYT
’Ke BO3BpAlIa€eTe €My CeMb [0JJIapOB U rOBO-
pUTE NPUATENIO, YTO BEPHETE €My OCTaTOK B
OIVIH JI0JIJIap, KaK TOJIbKO IOJYYUTE 3Ty CYMMY.

Teneps y Bac 0CTaJoCh MeHbIIEe, YEM HU-
4yero, Belb JE€HETr y BaC HeT, a, HAal[pOTUB, €CTh

40



HHUYTO - X HEYTO, EHIE MEHBUIEE

JIOJT B OAMH Jojnap. [lpyruMu cioBaMH, eciau
U3 CEMH BbIYECTh BOCEMb, MbI MOJYyYaeM YHUCJIO,
Ha eIMHUIy MeHbllee, 4eM HoJb. UTo Xxe TyT
TPYAHOTO UJIM HETIOHSTHOTO?

[IpeanosioxuM, Bl cobMpaeTech JOMTH 10
ropoja, KOTOPbIii HaXOAMTCA B CEMH KHJIOMET-
pax K IOTy OT TOTO MecCTa, rJle Bbl HaXOJu-
techb. UTak, Bb uaere Ha 1or. [Ipoxoaute oaux
KHUJIOMETP, M BaM OCTAeTCs MPOMTHU ellle LIECTb,
IPOXOAMTE ABAa KUJIOMETPa, U BaM OCTAaeTCs elle
nsath. [IpoxoauTre ceMb KUTOMETPOB — M BOT
Bbl Ha MecTe. [0 ropona ocTanoch NpoHTU HOJIb
KUJIOMETPOB.

Ho BBl HacTOJIBKO paccesiHHbI (MM HACTOJb-
KO YTNPSIMBI), YTO MPOJOJIKAaeTe ABUTAThCA NATb-
uie U MPOXOJUTE elle OJAMH KUJIOMETD K IOTY.
WTak, BBl MpOILIJIYM BOCEMb KHJIOMETPOB U OKa-
3aJIUCh HA PAaCCTOSIHMHM B OAUH KUJIOMETP K IOTY
ot ropojga. Mrak, 10 ropoaa OblI0O CEMb KH-
JIOMETPOB, BBI MPOILIA BOCEMb. 3HAYMT, BbI I10O-
JiyyaeTe 4uca0 MeHblue Hyas. KoHedyHo, BbI MO-
JKeTe CKa3aTh, 4YTO PAaCCTOSTHUE HAyajo
yBeJIMYuBaThCsi CHoBa. Ho Beib Teneps Bbl ABU-
raeTech B IPOTHBOIOJIOXXHOM HampaBjieHuu. Pa3-
B€ 3TO OJHO H TO Xe?

st Toro 4yTOObI MPOSICHUTD CUTYAIUIO, Ha-
pHCyeM BEPTUKAIbHYIO JIMHUIO U OTMETHM Ha Hel
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TOYKOM I10JI0XKEHHE ropofa. ATy TOYKY MbI Oy-
JIEM CYUTATh TOYKOH OTcyeTa WU HyJieM. Tenepb
HaHECEM Ha MPSMYIO 10 HECKOJbKO PaBHBIX Jie-
JIEHU} Bblllle U HUXe HyneBoH Touku. [lycTb kax-
JI0e JieJIEHHe COOTBETCTBYET OJIHOMY KUJIOMETDY.

Yucaa BhlIe TOYKH oTcyeTa (TO €CTh K
ceBepy OT ropoja) G6yaemM Ha3biBaTh OOBIYHBIMU
(MY TTOJIOXKUTETBbHBIMH), @ YUCJIA HUXKE TOUYKU
oTcyera (TO €CTh K 0Ty OT ropoaa) 6yaem
Ha3bIBaTh YMCJAMM, MEHbIIUMH HYJIsSI, UJIU OT-
pPULIATETbHBIMH.

Tenepb HaMm NOHAZOOUTCS CIEHUATIBHBINA CUM-
BOJI, KOTOPBIH NIOMOJXET Pa3JMYUTh IMOJIOXKHU-
TeJIbHBIE U OTpPHUIATeabHbIe Ynucaa. OObIYHO A1t
3TOTO HCIOJb3YIOT CUCTEMY 0003HAYEHUH, OC-
HOBaHHYIO Ha cnocobe, KOTOPBIM MOJXHO TIO-
JIYYHUTb 3TO YKCJI0. JI1060€ MOI0KUTETBHOE YUCTIO
N0JIy4YaeTcsi B pe3yJibTaTe CI0XKEHHUS APYruX Mo-
JIOXKUTENbHBIX ynucea. CHMBOJIOM CJIO)KEHUS SB-
JISIETCSI 3HaK «+», MO3TOMY TOJIOXKUTEbHbIE YHC-
Ja obo3HavaoTcsa +1, +2, +3 u Tak panee. Camo
Ha3BaHUE <«IIOJIOXKUTEJTbHOE YHMCJI0O» TOBOPHUT O
TOM, YTO 3TO YUCJIO PEAILHO CYIECTBYET.

OTpuuaTesbHble YUCJIA MOJYYAIOTCS Kak
pe3ynbTaT BBIYUTAHUS, CKAXeM, NMPU BBIYM-
taHuU (2 — 3) MBI moJiyyaeM YHCJIO HA elM-
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Huliy Menbme HyJasa. Ero o6o3navaior —1. Ta-
KUM 06pa3oM, oTpulaTeIbHble YKCIa 0003Ha-
yajor —1, —2, —3, u Tak gmazneel.

To, 4To yKcsia, MeHbIle HyJIs, IOYYIIN Ha-
3BaHME OTPMIIATENbHBIX, He ciydaiiHo. [{axe koraa
MaTeMaTUKN OCBOWJIM OTEpalliy C YUCIaMH, MEHb-
IIUMH HYJIS, HaZ0 OBLIO MOAYEPKHYTh, YTO ITH
YHCJIa HE CYLIECTBYIOT B JIE€HCTBUTEIbHOCTH.

(4 +10

CioxeHnue

I[TonoxutenbHbIE
YyHCcIa
A
+
(-}

L + +1 BoiunTtanue

OTpunaTejbHbIE
yHcaa
A
|
N

L+ -10

! CumBoa (+) nepej MOJIOXXUTEIbHBIM YHCJIOM MOSIBHJICS
rae-to B 1500-x rogax. B Te BpeMeHa onepanuio cjioXeHUS
0603HayaM KaK &, HanmpuMep «2 IUTIoC 3» 3aNKMChIBAIM KaK «2&3».
B ckoponucu 3HauoK «&» MOCTeNeHHO TPaHCHOPMHUPOBAICS B
«(», a IOTOM B «+». UTO e KacaeTcst MPOMCXOMXIEHUST 3HAKA «—»,
TO Ha 3TOT CYET CYIIECTBYeT MHOXECTBO Pa3JIMYHBIX TEOPHii, HO
HU OJIHA M3 HHX He KaXXeTCs JOCTaTOYHO YOeInTeNbHOM.
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OO6paTuTe BHUMaHUE, HOJIb HE SAABJASETCS HU
[OJIOXKMTENbHBIM, HU OTPUIATENbHBIM YUCJIOM.

Tenmepp y Hac BepPTHUKAJIbHasi pa3MeyeH-
Has JIMHMUS, TO €CTb IIKaJa, U Mbl MOXEM MHC-
II0JIb30BaTh €€ JJIs1 ONEePalMil CJIOXKEHUS U BbI-
yuTaHuA. [IOCKOJBKY MOJIOKHUTENbHbIE YHUCIIA
yBEJUYMBAIOTCA BBEPX MO IIKaje, a omepa-
UM CHOXKEHHS MOJOXHUTENbHBIX YUCEJ MPH-
BOJAT K yBEJUYEHHUIO YKCes, OyJeM CUMTATh,
4TO CJOXEHHEe — 3ITO JABHUXKEHHE BBEPX IO
mikaje. BelyutaHue — 3TO omepaius, IPOTHBO-
I0JI0XKHAsA CJIOXKEHHUIO, I03TOMY BBIYUTAHUE —
3TO ABUXKEHWE BHU3 IO IIKaJe.

[IpenmosioxuM, HaZO CIOXKHUTb +2 U +5.
3anucaTh 3TO BbIPaXXE€HUE MOXHO CJEAYyIO-
muM ob6pasom: (+2) + (+5). Cxobku Ham
MOHAAO0OUIUCH MO TOH NMPUYHMHE, YTO HEOO-
XOJHMMO OTAEJUTH ILJIIOC KaK 3HAK ONepaiuu
CJ0XEHUSA OT IJIIOCOB, 0603HAYAIOMIUX IIO-
JIoXUTeNbHbIE yKncaa. Ho mockoibKy Mbl HpH-
BBIKJM K TOMY, YTO OOBIYHO HMEEM JEJI0 C
NOJIOXKUTEJbHBIMHM 4YMCJIAaMH, TO 4YaCTO 3Ha-
KH «+» mepel IMOJOXHUTEJIbHBIMU YHUCIAMHU
IpPOCTO onyckaioT. Toraa mojyvaem: 2 + 5.
Heo6Xx0iMMO CTaBUTbh 3HAKHM <«+» mepej IMo-
JIOXKHUTEJIbHBIMM YHCJIaMH TOJbKO B TEX CIy-
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yasx, KOrJa Hajo IpUBJeYb 0co60e BHUMA-
HHUE K 3HAKy YHCJA.

Tenepp oTJIOXKUM Ha Hallell IIKaJe ABa
neneHus BBepx. ITo yucjo 2. [Ipubasum eire
> JeNeHNd U OCTAHOBHUMCS HA JeJIeHHH 7, TO
ectb 2 + 5 = 7. Mbl MOXeM HayaThb C 5 U
npubaBuTh nABa AeaeHUS. Mbl OnATh MOJYy-
yuMm 7. TyT s eme pa3 xouy o6paTUTh Balie
BHMMaHUeE Ha TOT (AKT, YTO OT IIepPEMEHbI MECT
C/laraeMbIX CyMMa HE€ MEHSIeTCS.

Tenepp 3aiiMmemcs BeiuutanueM. [Ipeamno-
JIOXKMM, Haxo BbYeCcTb 2 u3 5. OT ToYkHU 5
Ha IIKaJie Mbl OTKJAJblBaEM BHH3 [ABa JeJe-
HUS U okasbiBaeMcsi B Toyke 3. Takum 06-
pa3oM, nmojyyaem 5 — 2 = 3.

Temeppr HaM HaZo BBHISICHUTH, Kak obpa-
HIaThCSi C OTPUIATEJNbHBIMM YHMCIaAMH. MoXx-
HO JIM MPOM3BOJAUTH C HUMM TaKHue Xe Jeii-
CTBHSA, KaK M C HOJIOXKHUTEJTbHBIMH YHUCJIAMH ?
Ecau fa, TO OHM OKaXyTCs O4Y€Hb MOJIE3HbI-
MU, HECMOTPSI Ha TO YTO He SIBJASIOTCS <«Ha-
CTOAMMMU» yucaamMu. Y neiicTBUTENIBHO, OT-
pUIlaTEJbHbIE YMCJA HAUIJIM IIMpovaiilee
[IpUMEHEHUE HE TOJbKO B HAyKe M MH)KEHEPHOM
[IPaKTUKe, HO U B MIOBCEJIHEBHOM AeSITEbHOCTH.
OHM NPUMEHSIOTCS, HanpuMep, B GyxraiaTte-
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puy, rae 3anacbl U 10XO0Jbl 0003HayaTCA 10-
JOXKHUTEJNbHBIMHU YUCJIAMH, 4 pPaCXOoAbl — OT-
PHLATEJIbHbIMHU.

IIpoBoauM onepaunuu
C OTPHLATEIbHBIMH YHCJIAMH

HauneM c npoctoro npumepa. Onpenenum,
yeMy paBHO BbIpaxeHue 2 — 5. OT Toyku +2
OTJIO)KMM BHU3 IATH JeJIEHUI, [Ba 10 HYJIA U
Tpu HuXe Hyass. OctaHoBUMCSA Ha Touke —3.
To ects 2 — 5 = -3. A Tenepnb obpaTuUTE BHU-
MaHue, 4To 2 — 5 coBceM He paBHO 5 — 2. Eciu
B CJIy4yae CJIOXEHUS YMCe X MOPAAOK He nmMme-
€T 3HAYEHUs], TO B CJyYyae BbIYUTAHUS BCe 00-
cTouT no-apyromy. [lopsiok yucesn umeeT 3Ha-
YeHHe.

Teneps nepeiiieMm B OTpUIIATENBHYIO 00-
JacTb mkansl. [Ipeanonoxum, Hamo K —2 npu-
6aButs +5. (C 3TOro MOMeHTa U 0 KOHIA
3TO# riaBbl Mbl 6yJeM CTaBUTb 3HAKH <«+»
nepej MOJOXUTEJIbHBIMM YHCJAAaMU U 3aKJIIO-
YaTh B CKOOKH KAaK MOJIOXKUTEJbHBIE, TAK U
OTpHUIIaTeJbHbIE YHCJIA, YTOOBI HE MYTaTh 3HAKU
nepej YUCJAAMHU CO 3HAKAMU CJIOXKEHHS U BbI-
yuTaHusa.) Tenepp Hamy 3agayy MOXHO 3a-
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nucath Kak (-2) + (+5). Yrob6nl ee pemuth, OT
TOYKM —2 BBEPX IOJHMMEMCS Ha NATb JeJeHUi
U OKaXKeMCS Ha Touyke +3,

EcTb /i B 3TOl 3amaue kaKoi-To nmpakTu-
yeckuil cmbica? Koneuno ects. IIpeanoso-
XKHUM, y Bac eCTb JoJr 2 gojasapa, a Bl 3a-
paboTanu 5 nonnapos. Takum obpasom, nocje
TOrO, KaK Bbl OTAAAUTE JOJIT, y BaC OCTaHET-
csi 3 mosnapa.

MosxHo TakXXe ABUTaTbCS BHH3 IO OTPH-
naTenbHOU obsacTu mwkansl. [Ipeanonoxum,
HYXXHO U3 —2 Bbi4ecTb 5, uau (-2) — (+5).
Ot Touku -2 HA IIKaJe OTJOXHUM BHMU3 HATh
neleHUN U okaxeMmcss B Touke —7. Kakoii
NpaKTUYECKUHA CMBbICH y 3TOol 3amauu? Ilpen-
II0JIOXKHUM, Yy Bac ObLI JOJAT 2 [0JJapa ¥ BaM
NPHUIIJIOCHh 3aHATH eme 5. Temepb Bam AOJT
paBeH 7 JoJiapaM.

Mbl BUAUM, YTO C OTPULATENbHBIMU YHC-
JIaMU MOXHO NMPOBOJUTH TaKKe XKe OIepaiuu
C/JIOXKEHHUS U BHIYMTAHMS, KaK ¥ C IOJOXHU-
TEJbHBIMH.

[IpaBaa, Mbl elle OCBOMJIU He BCE ollepa-
uuu. K oTpunateibHbpIM 4McIaM MBI Ipubas-
JISIIA TOJBKO MOJIOXHUTEeJbHbIe YUCJIAa U BbI-
YUTaA¥ U3 OTPUIATENbHBIX YHCEJ TOJbKO
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MOJIOXKHUTEJbHbIE. A KaK 1efiCTBOBAaTbh, €CJIU HAZIO
CKJIaJbIBaTh OTPULIATEJbHBIE YHUCJA UJIU U3 OT-
PHMLIATEJIbHbIX YHUCEJ BHIYMTATh OTPULIATEbHbIE?

Ha npakTuke 3TO mMOX0XXe Ha ONepaLMy C
noaramu. I[Ipeamosoxum, ¢ Bac CliMCaau AOJT
5 N017apOB, 3TO 03HAYAET TO XK€ CaMOe€, KaK
ecau 6bl Bl moayuyuau 5 moanapos. C apy-
roif CTOPOHBI, €CJIM S KaKUM-TO 06pa3om 3a-
CTaBJIIO BaC NMPUHATb OTBETCTBEHHOCTD 3a YeH-
TO JOJIT B 5 [OJIJIAPOB, 3TO TO X€ CaMOE€, YTO
3abpaTtbh y Bac 3tu 5 posanapos. To ecTb BbI-
4ecThb —5 — 3TO TO Xe€ CaMoe, YTO NPUubaBUThH
+5. A npubaBuTH —5 — 3TO TO XKe CaMOe, YTO
BBIYECTH +3J.

ITO NM03BOJSAET HaM U36aBUTHCSA OT ONEPALUU
BeluMTaHus. [lefcTBUTENBHO, «5 — 2» — 3TO TO
xe camoe, 4yto (+5) — (+2) uaM corsacHo Ha-
memy npaBuiy (+5) + (-2). I B Tom u B aApyrom
Cy4ae Mbl [10JIyYaeM OIMH U TOT XK€ Pe3yJIbTaT.
OT TOukM +5 Ha IIKaje HaM HYXHO CIyCTHUTb-
Cs BHM3 Ha /iBa JieJieHust, 1 Mbl mosyyum +3. B
clyd4ae 5 — 2 3TO OYEBHUAHO, Belb BHIYUTa-
HUE — 3TO IBUXKEHHE BHU3.

B cayusae (+5) + (-2) 3T0 MeHee oue-
BUAHO. MBI npubaBisieM 4MCJI0, a ITO O3HAYa-
€T IBMUXXEHUE BBEPX IO LIKaJe, HO Mbl NpHU-

48



HHYTO — Y HEYTO, EINE MEHBIIEE

0aBjissieM OTpHIIaTEJbHOE YHUCJIO, TO €CTh COBEP-
maeM obpaTHOe JeHACTBUE, U 3T ABa (PakKTOPA,
B3AThie BMECTE, 03HAYAIOT, YTO HAM HaMo ABH-
raThCs He BBEPX IO IIKaJe, a B 0OpaTHOM Harpas-
JIEHWH, TO €CTb BHU3.

TakuM 06pa3oMm, MBI ONSATH MOJYyYaeM OT-
BeT +3.

[ToyeMy, COOCTBEHHO, HY)XHO 3aMEHSITh BBI-
YUTaHUE CIOXeHUeM? 3ayeM JBUTATbCS BBEPX
«B obpaTtHoM cMmbicie»? He npoue i mnpo-
cto aBuratecsi BHU3? IlpuuyumHa 3akiaioyaert-
Cs B TOM, YTO B CJyyae CJOXEHHUS MOPALOK
cJlaraeMbIX He MMEeT 3HAUeHHs], B TO XK€ BpeMs
B CJlyyae BbIYMTAaHHUS OH OY€Hb BaKeH.

Mb1 yxe BbISICHWIN paHblie, 4To (+5) — (+2) —
3TO COBCEM HE TO Xe€ camoe, 4To (+2) — (+5).
B nepsom ciyuae otBer +3, a Bo BTopom —3. C
Apyro# croponbl, (—2) + (+5) u (+5) + (-2)
B pe3ynbTate AaoT +3. Takum o6pasom, nepe-
XOZISl HAa CJIOXEHUE U OTKA3BIBASICh OT OIepa-
UM BBIYUTAHUSA, MBI MOXKeM 136exaTh cryyaii-
HBIX OIHUOGOK, CBI3aHHBIX C NMEPECTAHOBKOM
cllaraeMbiX.

AHaJIOTUYHO MOXHO JeACTBOBATb NPy BbIYH-
TaHUU OTPMUATENBHOTO ymcna. (+5) — (-2) -
3TO TO e camoe, YTo (+5) + (+2). U B ToMm u
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Atizex A3umos. YUCJIA

B IPYTOM cJly4yae Mbl NoJy4aeM oTBeT +7. Mbl
HAYMHAEM C TOYKU +5 U JBUTAEMCSI «BHH3 B 00-
PaTHOM HalpaBjIeHHU», TO €CTb BBepX. TOYHO Tak
)K€ Mbl Obl JeHCTBOBANM, pellas BBIPaKEHUE
(+35) + (+2).

3aMeHy BBIYUTAHUS CJOXKEHHEM YYEHUKH
AKTHBHO MCHOJb3YIOT, KOTla HAYUHAIOT U3Yy-
yaTh aare6py, ¥ MOITOMY 3Ta ONEpPaUUsT Ha-
3biBaeTcs «anrebpamueckum ciaoxenuem». Ha
CaMOM Jiejie 3TO He COBCEM CIpaBeAJuBO, IO-
CKOJIbKY Takas onepainusi, O4Y4eBUAHO, SIBJS-
eTcsi apudMETHYECKOH, a COBCEM He aireb-
panuyeckoi.



I'nasa 3
B OBXO/1 «CJIOKEHUS»

ILmoc ¥ nooc U IUII0C H NOJIOC

[IpeanosioxxuM, Mbl HAPUCOBAJU KBAJApaT
co cropoHoii B 1 moiitm. Takoit kBaapaT MOXHO
Ha3BaTbhb KBaJpPaTHBIM JIOHWMOM U HCIIOJIb30-
BaTh €ro Kak eAMHUIY IJIOUIajH.

Tenepr Hapucyem KBaZpaT CO CTOPOHOM
2 moiMa, 3aTeM pa3feNuM KaxAylo CTODOHY
MONOJIaM M pa3fieJIMM KBaJpaT Ha 4eTsIpe ya-
ctu. Kaxxaast yacts Gynet npeactaBisith co6oit
1 kBazpaTHbiil AoiM. [Ipoxenaem Takylo e orme-
panMio ¢ KBaJpaToM CO CTOPOHO# 3 AloiMma,
HO Ha 3TOT pa3 KaXXAyl0 CTOPOHY pa3/ie/IMM Ha
TpHU yacTtu. B pedysnbraTte Mbl noay4yum 9 kBaa-
PaToB IUIOLIA/bI0 1 KBaApaTHBIN AIOWM KaXKAbIi.

3aTeM TakKylo ke olepaluio Ipou3BeneM
C IPSIMOYTOJbHUKOM AJIMHON 9 MI0MOB M 1IHU-
punoit 6 mioiimos. Ilocse apeneHuss mMbl Mo-
Ay4uM 54 kBaapaTa miomazasio mo 1 xBax-
paTHoMy nioiiMy. Bce 3Tu AeCTBUSA NOKa3aHbI
Ha PHUCYHKe.
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Atizex Azumos. YUCJIA

B xaxaom cnyyae xBaapaThl mo 1 kBana-
paTHOMY AIOMMY pacIoJjIOXKeHbl B TOPU30OHTAIb-
HBIX PSIZIaX U BEPTUKAJIbHBIX CTOIOIAX.

1]2]1
314])2
1 3
112 1
4§|135]16]2
7181913

KosuyecTtBo kBaapatoB B CTOJ61E COOT-
BETCTBYET [JJIMHE KBaJpaTa UM HPSAMOYTIOJb-
HUKa B JQI0MMax, a KOJMUYECTBO KBAJApaTOB B
pALy — HIMPUHE KBaJpaTa UJIU NPAMOYTOJib-
HUKa B A0MMaXx.

B xBagparte njomanpio 2 KBaJpaTHbIX AIOH-
Ma B KaXXI[OM M3 JBYX CTOJOLIOB — 110 ABa O1-

32



B OBXOJ] «CJIO>XKEHUA»

HOAIOMMOBBIX KBajparta, 2 + 2 = 4. B Tpex-
MIOMMOBOM KBaJpaTe TPHM CTOJOHUKA, COlepKa-
Hue 10 TPH OAHOMIOWMOBBIX KBajpaTa,
3+3+3=29. B npsamoyrosbHuke 6 X 9 MM
B KaxaoM u3 6 CTOJOIOB COAEPKUTCS IO
9 oxHOAIOMMOBEIX KBajgpaTtoB, 9 + 9 + 9 + 9 +
+9 + 9 = 54. MoXHO IPOCYUTATH NPAMOY-
TOJIBHUK MO cTpokaM. B kaxaoit u3 9 crpok
colepXUTcs no 6 oJHOAIONMOBBIX KBaJpaToB,
6+6+6+6+6+6+6+6+6=D>54.

1 2 3 4 35 6
t]2]3]|4]5]6]}1

7181911011} 12]12

1314|1516 17| 18}3

19120 21 | 22123 |24)4

2512627 |128129|30¢}>5

31132133]134|35/36)6

37 | 383940 | 41} 42})7

43 | 44 | 45| 46 | 47 | 48 | 8

49 |S50)51])152)53|354])9

[Maowaan

B o6meM Buae npoueaypa BbIYMCIEHUS
njomaneit reomerpuueckux GUryp 3akJio-
yaeTCsl B NIOBTOPHOM CJIOXeHUU. B cayuae
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Atizex Asumos. YUCJIA

KBaJpaTOB U NPSIMOYrOJbHUKOB TaKHe BBI-
4YHCJEeHHUs NpeaesbHO NMpocThl. B ciayuyae Tpe-
YTOJIBHUKOB U KPYTOB — HECKOJbKO CJIOX-
Hee. B cayyae mnsomazeit HenmpaBMJIbHOM
$opMBI 3TO yXe AOCTATOYHO CJOXKHAs MPoO-
neaypa. OfHaKo MJIOIAAH YMeJIH BBIYUCIATH
enle B [PEBHUX CENbCKOXO3SIMCTBEHHBIX IM-
BUAM3auuax (He 6ymeM ceityac obCcyxaaTh
Hally BICOKOTEXHOJOTHYHYIO IIBUIN3AIIHIO).
Yxe B rn1y6oKoit IpEeBHOCTH MPOU3BOAUIU
oO6Mepsl 3eMeJIbHbIX Yy4aCTKOB M BBIYMCJIS-
JU UX NJOMAAHU, KAK MUHUMYM, IJIis TOTO,
4TOOBI ONPENAESUTh CYMMY Hajora ¢ y4acT-
ka. (Y MeHs BooOuie ecTh MOA03PEHHE, YTO
B IPEBHOCTY MMEHHO HEOOXOAMMOCTb pac-
YeTa HaJO0Tro06J0XKEHHUs, a He YTO-TUO0 Apy-
roe, crnoco6CcTBOBaja MUHTEHCUBHOMY Pa3BU-
THIO apuPMeTHKH.)

Eciu Heo6X0AMMOCTh MOBTOPHOTO CYETa
crmoco6CcTBOBaa CO3JaHUIO ONEepalU CIOXe-
HUSA, TO HEOOXOAMMOCTb MOBTOPHOTO CJIOXKE-
HHUsI IpUBeJia K BOBHUKHOBEHUIO HOBOTO BHUJa
onepauuii ¢ YUCJIAMMU.

HayHeM c Toro, 4to npuMeM HOBOe 0003Ha-
YeHHe U 3amulieM BbIpakeHHeE «IIeCTb pa3 Io
neBsiTb» Kak 6 x 9. 3Ha40K «X» Ha3bIBaeTCs 3Ha-
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B OBXO[, «CJIIOXXEHHA»

KOM yMHOXeHHMsI. Takasi 3anuch O3HavyaeT, YTO
CKJIA[IBIBAIOT AEBSATHb pa3 MO LIECTh MJIM IIECTh
pa3 mo neBsTh. Kak s yxe mokasan Ha mpenbl-
AylLieM MpUMepe M KaK Bbl MOXeTe yOemauThCs
CaMOCTOSITENIbHO, IIPOCYMTAB CBOI COOCTBEHHBIN
NpUMep, HEBaXXHO, KAKYI0 M3 JABYX Olepaiuii
Bbl ciesaete: 6 X 9 =9 x 6.

Hcnonp3yss 3TO HOBOe HabJIofeHHE, MbI
MoXxeM chopMyHpoBaTh 00lee NPaBUIO s
BBIYMCJIEHNUS NJOMAAN KBajpaTa UJIH MPSIMO-
yroibHuKa. [Inomaas aTux ¢uryp pasHa mnpo-
U3BEJEHUIO AJUHB Ha mupuny. Cirexyommii
HEOOXOAUMBIiA 1ar — HalTH MPOCTOI cmocob
oCylIecTBJeHUsA onepauuid ymHoxenus. Ko-
HEYHO, MBI BCE€rla MOXEM BOCIOJIb30BaThCs
MOBTOPHBIM CJIOXKEHHEM, HO TaKoit cnocob He-
ynobeH u B ciayyae 6ospmux yucea Heapdex-
THUBEH.

CkaxxeMm, HaJl0 BHIYUCJIUTh NJIOMIAAb MPS-
MOYTOJIbHOTO y4yacTka padMmepoM 129 ¢yTtoB
Ha 54 ¢yTta. Ham noHago6UTCSA MEPEMHOXHUTD
129 na 54 unm 54 na 129, 4TO6H MONYYUTH
oTBeT (B IAaHHOM CJyyae yXe B KBaJpaTHbIX
¢dyTtax, a He B KBaJpaTHHIX AI0iMax). ATO 03-
HayaeT, YTO HaM JKOO Hal0 MPOCYMMHPOBAThH
CTO ABAALATh JEBATH pa3 4Mcao 54, mubo, Ha-
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Aiizex Asumos. YUCJIIA

060pOT, NATHAECAT YEThIPE pa3a NPOCYMMHU-
poBaTb yucyao 129. U 1o u apyroe nocratoyHo
YTOMMTEJBHO.

WUnu apyroit mpumep: Ha 3TOT pa3 TOp-
roBas caenka. [Ipeamosioxxum, HaM HaAO oI-
JATUTh 254 MIOKHHBI KAKUX-TO MPEAMETOB, KO-
TOpbI€ CTOST MO 72 LeHTa 3a J0XuHY. B aTom
cJyyae HaM MPHUAETCSH YMHOXHUTb 254 Ha 72,
TO €CTh JABECTU NATHAECSAT YeThIpe pa3a Mpo-
cymmupoBatb yucjao 72. Takue 3agaym npu-
XOJUTCS NOCTOSIHHO pellaTh B MOBCEAHEBHOMN
’KU3HHU, I0OITOMY HaM HeOOXOAMMa MPOCTask U
addexkTHBHAA NpoLEeAypPa YMHOXEHUS.

Onun k oxHOMY

31ech Mbl CHOBA CTaJKUBaeMcCs C He06X0-
AUMOCTBIO 3ayYHMBATh YTO-TO Hau3ycTb. He-
06X0IMMO TBEP/O 3HATH TaOJIUILy YMHOXKEHUS,
KYZa BXOASIT BC€ BO3MOXHbIE KOMOUHAIIMU YH-
ceam ot 1 u 1o 9 x 9 Bkaoyutensno. llkoas-
HUKU 3aTBEPXKUBAIOT BBIPAXKEHUS U3 Tabau-
1bl, HanipuMep 5 X 2 = 10, 7 x 8 = 56 u
Apyrue A0 TexX Nop, NoKa HUPHl HE TOJE3YT
y HUX U3 ymei. Ho 3aTo, kak TOJbKO 3TOT
6apbep B3AT, pe6EHOK IOHUMAET, YTO TENEPD
OH 3HaeT BCe, YTO HEOOXOAMUMO JJs TOTO,
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B OBXO[, «CJIO’KEHHA»

4TOOBI IEPEMHOXKATD JIIOObIE CKOJIb YTOAHO 6O0JIb-
1Ive 4yucia.

OueHb Takxke Ba)XXHO YCBOUTD, YTO IPU yM-
HOXXEHHUHU JI060ro yucjaa Ha HOJMb MbI BCErjaa
nojyyaeM Hosb. 5 X 0 = 0, 155 x 0 = 0,
14 856 734 x 0 = 0. 1 xoneuno, 0 x 0 = 0. 310
yTBepXKJeHUE JIETKO IPOBEPUTH Iy TEM CIOXKEHUS.
Ecnu MBI ck1afibiBaeM MATh HyJIel, Mbl TIOJTy4a-
€M HOJIb, €CJIM MbI CKJIafibiBaeM 155 HyJiei, MBI
ONATH MOJIy4aeM HOJIb, M, CKOJbKO Obl HyJI€it
Mbl HM CKJIaJbIBajii, B pe3yJbTaTe Mbl BCET/a
NOJIYYUM HOJIb.

ITO 3HAYUT, YTO €CJU BBl 3aTIOMHUJIH, YTO
7 x 3 = 21, To BB Jerko nepemHoxurte 70 Ha 3
wian 7 Ha 30. 70 x 3 = 210, 7 x 30 = 210. Onmne-
palMy YMHOXEHUS He BJIMSAIOT HA HYJIM: €CJIM BbI
npousBoaute ymMmHoxenue 70 x 30, To o6a Hysst
coxpansitorcst: 70 x 30 = 2100.

Wpem panbme. Ham Hago nepeMHOXUTH
41CJIa, COCTOSIIINE U3 Pa3HbIX UUGP, OTIMYHBIX
oT Hyas. [Ins a3Toro Mbl pa3ob6beM YHUCJIO MO
pa3psiiaM, KaK Mbl 3TO yXe JeJlaJld NPH olie-
pauum ciaoxenus. Hanpumep, HaMm Hafo HalTH
npousBeneHue ot ymHoxenus 3965 x 7. (IIpous-
BeJIeHUe — 3TO pe3yJibTaT NePEeMHOXEeHUsI YHCcel,
TaK Xe KaK CyMMa — 3TO Pe3yJbTaT CJIOXEHUS.)
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Atizex Asumos. YUCJIA

Yucno 3965 MOXHO MNpeacTaBUTh Kak
3000 + 900 + 60 + 5.

Tenepsb Jierko mpon3BecTH yMHOXEHUE, T10-
CKOJIBKY Ka’XXJ10€ M3 YHCEJ COJAEPXHT TOJBKO
o oAHOU 3Havamed udpe, a ocTaJbHbie —

HYJIU.
I
> 7

35

420

6 300
21 000
27 775

3000 u 900 u 60 u

HeBaxHo, B KaKOM MOpsANKe NPOU3BO-
OUTb NMEPEMHOXEHUE. DTO MOXHO I€JaTh
clpaBa HajieBO, CJieBa HANMpaBo U Bpa3bus-
Ky. Sl menaio 3TO Tak, KAK MEHS Hay4YMJH
B IIKOJIEe, TO €CTh CrnpaBa HajaeBo. Kpome
TOTO, B IIKOJIE HAC y4yaT He pa3buBaTh YyMCla
Ha pa3psAAbl 1 He oOpamaTh BHUMaHUSA Ha
Hyau. Tormga 3anuch NpeabIAYIErO pUMe-
pa 6yaeTt npouie:
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B OBXO/] «CJIOXXEHHA»

3 965
7

35
42
63
21

27 775

[IpeuMyuiecTBa Takoit 3amucu npu oby-
YEHUU OYEBH/HBI: yYEHUK OBICTPO U JIETKO OC-
BaMBaeT YMHOXEHHE U MOXeT OBICTPO mepe-
MHOXaTb Oosbie yuciaa. HegocraTok manHOi
dopmsl 3anucu npu 06yYEHUH COCTOUT B TOM,
4YTO YYEHUK BBINOJHSIET ONepalluyl YMHOXe-
HHUSI YUCTO MEXaHUYECKHU M YaCTO He NIpen-
cTasiisieT cebe, IoYeMy OH TaK CleJial.

[ToMHUMO UCTIOIB30BaHUS ITON COKPAIIEHHOIM
(opMbI 3anKcH, MBI TAKXKe YYUMCSI IEPEMHOXKATh
HeKoTopble yKcJa B yme. Ho 3To Bce BOIpocCh Tex-
HUKHM YMHOXEHWs, IDUHUHUI [PH 3TOM OCTaeT-
Csl HEU3MEHHBIM.

Korna Hazo nmepeMHOXHTH Ba YMCJA, KaX-
o€ U3 KOTOPBIX GOJIbllIe AeCSATH, BOSHUKAIOT He-
60J1bIIKE JOTIOTHUTENBHBIE CJIOXKHOCTH. [Ipu aTOM
Mbl pa3buBaeM 06a YKMCJa Ha pa3psAlbl M mepe-
MHOJaeM KaXAYIO YacTh OJHOTO YHCJa Ha Kax-
AYyI0 YacTb Apyroro yuciaa. TakuM oGpasom, ecau
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Atizex A3umos. YUCIIA

Ha/J0 MepPeEMHOXHUTb 35 U 28, MBI neaeM 3TO
o cjenywooulei cxeme (CTPEJKHU Ha PUCYHKE TO-
Ka3bIBAIOT MOPSIZIOK YMHOXKEHUS, U3 TAaKON CXEMBI,
T1I0-BUAMMOMY, TOSIBUJICS 3HAK YMHOXEHHUS «X»)
30 u 5
b x|

x20u 8

40

100

240

600

980
[Ipu nepeMHOXeHUU GOJHIIMX YUCEJT MBI
UCIOJIb3YeM Ty Xe MEeTOJUKY, HO JaXKe yIpo-
HIeHHAsl CXeMa YMHOXEHUsI, KOTOPO#l Hac y4aT
B IIKOJIE, TpeOyeT 3HAYUTENbHOTO BHUMAaHUS,
MHaYe MOXKHO 3alyTaTbCs B pacyeTax. Ber Mo-
KeTe yOeIUTbCS B 3TOM HA MPUBEIEHHOM HUXE

npuMepe: 3 965

x 2 197
27 755
35 685
3 965
7 930
8 711 105
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B OBXO[, «CJIO>KEHHA»

KoneuHo, U Takoii MeToJ He O4Y€Hb MPOCT,
HO OH BC€ XK€ ropa3fio MpaKTUYHEEe, YEM TIO-
BTOpHOe cjoxenue. [Ipeacrasbre cebe, B moc-
JIE[HEM CJIyYyae HaM MPHUILIOCH Obl CKJIAIbIBATh
3965 + 3965 + 3965 + 3965 + 3965 + ... u
tak 2197 pas.

YMHOXeHHe Hao6opoT

B ciyyae c/l0X€HUS POTUBOIIOJOXHBIM
NelCTBUEM SIBJISETCS BbHIYMTAHHUE, AJSA yM-
HOXEHHUS TaKXe €CTh MPOTHUBOIMOJOXHOE
AeidcTBUE, KOTOpPOE HAa3bIBAETCS JeJIeHHE.
Eciu yMHOXeHHE — 3TO MOCJef0BaTeIbHOE
MHOTOKDAaTHOE CJIOXKEHHUE, TO AeJeHHEe — 3TO
nocJjeA0BaTeJbHOE MHOTOKPAaTHOE BBIYM-
TaHHUE.

[IpeanonoxuM, Bbl XOTHUTE pa3feauTb 15
Ha 3, 3To peiicTBME 3alnMCBIBAETCA Kak
15 : 3, rae 3HaK «:» obo3Hayaet Aesienne. Onun
croco6 BBINOJHUTH ITO AEHWCTBHE — IoOCJe-
JoBaTeJbHO BbhluMTaTh 3 u3 15. Tak,
15 -3 =12,12 - 3 =9, 9 - 3 = 6,
6 -3=3,3-3=0.Ms gobpanucs 10
HYyJIs1 32 NSTh A€UCTBUUA BBIYUTAHUSA, TO €CTh

15:3=5.
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Atizex Asumos. YUCJIA

Ho Tak, KOHeYHO, HUKTO HUKOr/Ja He JieJa-
eT. BMecTO 3TOrO HCIONB3YIOT Ty XK€ METOIMKY,
4TO U B cay4ae yMHOoxeHus. Eciu Mbl nomenum
15 Ha 3, MBI OJNYy4YUM KaKOe-TO YHUCJIO, HOocCJIe
NIePEMHOXXEHHUSI KOTOPOTO Ha 3 MbI ONSATH HOJY-
yuM 15. MbI npouiu Buepen, BEPHYJIUCh Ha3ax
¥ OKa3aauch Ha nepBoHayaubHOM MecTe. (C aTum
MBI yXe CTJIKUBAJIUCh NIPH CJA0XKEHUHM U BHIYU-
TaHUHU, KOTOPbIE TaKXe SIBJSIOTCA 0OpaTHHIMH
npoueccamu. Ecmm 7 -4 =3, 703 + 4 = 7).

Takum o6pa3oM, Haury 3aJadyy MoXHoO cdop-
MyJIAPOBaTh ciepyiommM o6pasoM. Ha kakoe yuc-
JIO HY)XHO YMHOXHUTb 3, 4TOOBI noay4yuTs 15?
He coMHeBaoCh, YTO Bbl MPEKPACHO MOMHUTE
TabaMIly YMHOXEHHUS, KOTOPYIO MPOYHO BOUBa-
10T B TOJIOBY INKOJBHMKOB C MJIAJUIUX KJac-
COB, M TI03TOMY Bbl aBTOMAaTUYECKU BCIIOMHUHA-
eTe, YTO AJIS TOro, 4TobObl moAyYuTh 15, Hamo 3
YMHOXUTD Ha 5.

IMockoabky 5 x 3 = 15, ciemoBaTenbHO,
15:3=5u15:5= 3. Oxna n Ta xe CTpoy-
Ka B TabjMile yMHOXEHHUsI JaeT OTBET Ha JiBe
3aauu AeJIEHUS.

O6paTuTe BHMMaHUe, IPU AeJE€HUHU, TAK
K€ KaK M NMPH BHIYUTAHUH, MOPSIJOK YJIEHOB
B BbIPDA)XXEHUU MMeeT 3HadyeHue. 5 X 3 paBHO
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B OBXO[, «CJIIO>KEHUSA»

3 x 5, Ho 15 : 5 He paBHO 5 : 15. Yucuo,
HaxoJguieecs CJaeBa OT 3HAaKa JeJIeHWs, Ha3bl-
BaeTCsl JeJMMbIM; YUCJIO, HAXOMsIIeecs: Clpa-
Ba OT 3HaKa JleJIeHUs, Ha3bIBAETCA AEJIUTEIIEM;
pe3yJbTaT JeJIeHUS Ha3bIBA€TCS YAaCTHBIM.
Takum ob6pa3oM, B Beipaxenuu 15 : 5 = 3
15 — aT0 menumoe, 5 — 3TO JAEAUTENDb, a 3 —
3TO YaCTHOE.

To, uTo mesienre — 3TO 06paTHBIM Mpolecc,
a 3Ha4YuT, HauboJsiee caoxHast apudpmernyec-
Kasi onepamnus, 3HaeT KaXAbIH IIKOJbHHK.

[IpeanosioxxuM, BaM HYXHO pa3aejuTh
7715 na 5. [IpeacraBisieTe, CKOJIBKO Pa3 MpH-
JleTCs MOCJel0BaTENbHO BBIYMTATh 5 U3 7715,
yT0OB mobGpaThest 10 0 M MOJYYUTH OTBET?
Tabiuna yMHOXEHHMsI He JIaeT OTBETA Ha 3TOT
Bonpoc. Yrto xe penartb?

B aToM ciyyae HaM ONSTh IOMOXET yM-
Hoxenne Ha 0. Bol 3Haere, yTo 1 X 5 = 5,
cneposarenbHo, 1000 x 5 = 5000. 9to yuc-
JI0 yXe N0CTaToO4YHo 6su3ko k 7715, HO oc-
taerca eue 2715. PasgenuMm aTo yMcao Ha 5.
V3 Tabauubl YMHOXEHUS BBl 3HaeTe, YTO
5 x 5 = 25, 3nayuT, 500 x 5 = 2500, u Temepn
octaercs Toabko 215. IMoitaem nanbine. ITockoss-
Ky 4 X 5 = 20, cnegoBarenpno, 40 x 5 = 200.
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Y Hac octaercsd ToabKo 15. ITO YHMCIO Jer-
KO JEeJUTCHS Ha 5, © Mbl 3HaeM, YTO OTBET —
310 3.

Buavane mbl ymHoxusu 5 Ha 1000, 3a-
teM Ha 500, 3atem Ha 40 u, HakoHell, Ha 3.
CnoxuM Bce pe3yabTaTsel U moayuyuM 1543.
ITockonbky 1543 x 5 = 7715, cnenoBaTenb-
HO, 7715 : 5 = 1543, 3TO M ecTb OTBET, TO
€CTh YaCTHOE.

1543

517715
5

27
25
21
20
15
15
0
3anzaya geseHHUs Ha 4yuciaa, boapmue 10,
3HAYUTEJbHO CJOXHee, MOCKOJbKY B TabJu-
Ile YMHOX€HHUS MaKCHUMaJbHbIii MHOXHUTEJb
paBed 10. Ho mpuHIuMn ocTaeTcsi TeM Xxe ca-
MBIM, XOTSI HaM NPUXOAUTCS CHayaja «yra-
ABIBaThb» OTBET, a IOTOM MPOBEPSATH, HACKOJIBKO
OH N paBUJIbHBIN.
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(Tem He MeHee HalmIM IIKOJBHUKHU CTaJ-
KHUBAIOTCs C Topa3no 6ojiee mpocToit 3amavei,
yeM MaTeMaTUKU JPEBHOCTH, Belb y HacC —
apabckue nudpsl. B Te BpeMeHa, koraa apab6-
CKuX HMGP elle He PUMEHSIH, feeHue 60b-
WX YUCEJ, UJIHU <«IJUHHOE JeJieHHe», ObLIOo
HacTOSUIUM HMCKYCCTBOM, AOCTYIHBIM JIMIIb
OYeHb ONBITHBIM MaTeMaTUKaM.)

PacnosoxxeHne 3HaKOB

B Hayase 3TO# rsiaBBl s yXe pacckasal
BaM, KaK CKJaAblBaTb M BBHIYMTAThb OTpHULA-
TeJbHBIE YHCJIA.

Tenepp maBaiiTe pa3bepemMcs ¢ yMHOXe-
HUEM M JieJIeHHeM.

[IpeanosoxkuM, HaM HYXXHO YMHOXHUTb +3
Ha —4. Kak aT1o cmenatp?

[agaiite paccMoTpuM Tako# ciayyail. Tpu ye-
JIOBEKA 3aJIe3/I1 B JJOJITH, U y KaX/0ro 1o 4 mo-
napa poara. Yemy paBen obumii goar? [Iis toro
4TOOBI €ro HAalTH, HAO CJIOXUTb BCE TPHU JOJITa:
4 nonnapa + 4 monnapa + 4 monmapa = 12 noa-
JapoB. MBI ¢ BaMH pellujy, YTO CJIOXKEHUe Tpex
yucen 4 ob6o3navaercsa kak 3 X 4. [Tockosbky B
JIQHHOM CJIyyae Mbl TOBOPHM O JoJjre, Inepen
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4 CTOMUT 3HAaK «—». MBI 3HaeM, 4TO OO MOT
paBeH 12 monnapam, Tak YTO Telepb Haila 3a-
naya umeeT Bua 3 X (—4) = —12.

Mbl nony4yuM TOT XK€ pe3yJabTaT, eCIAH IO
YCIOBHUIO 3a/la4¥l KaXKAblii U3 YETHIPEX YeJOBEK
uMeeT Aoar no 3 moJssapa. [{pyrumu cJjoBa-
MH, (+4) x (-3) = —-12. A nOCKOJBKY mopS-
JAOK COMHOXHTeJeld 3HAaYeHUsI He HMeeT, IOo-
ayyaeM (—4) x (+3) = —-12 u (+4) x (-3) = -12.

HaBaiite 0606mum pesyabrarsl. [Ipu ne-
PEMHOXEHHUH OJHOTO MOJIOXUTEJIbHOrO U OJ-
HOTO OTPHULATEJbHOr0 Yyucja pe3yJabTaT BCe-
raa GyzeTt oTpuuateabHbIM yncaoM. Yucnennas
BeJMYMHA OTBeTa OymeT Toi ke camoi, Kak
U B Clly4yae NOJIOXHUTEeJbHBIX yucesa. [Ipous-
Befenue (+4) x (+3) = +12. [IpucyrcTtBue
3HaKa «—» BJHAeT TOJbKO HA 3HAaK, HO He
BJIMSIET Ha YMCJIEHHYIO BEJIUYHUHY.

A Kak mepeMHOXHUTH JBA OTPULATEJbHBIX
yucaa’?

K coxaneHulo, Ha 3Ty TeMy O4Y€Hb TPYA-
HO NPUAYyMaTh NOAXOAAIUNA IPUMEP U3 KU3HU.
Jlerko ceGe nmpeacTaBUTh AOJIT B CymMmMme 3 WU
4 nonnapa, HO COBEpPIIEHHO HEBO3MOXHO BO-
06pa3uTh -4 nan —3 yenoBexa, KOTOpHIE 3a-
JIe37I1 B JOJITH.
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[Toxanyit, Mpl moiiaeM APYTUM NyTeM.
B yMHOXeHUM npu M3MeHEHUHU 3HaAKa Of-
HOTO U3 MHOXHTeJed MeHseTCs 3HaK Ipo-
usBenenus. Ecau Mbl MeHsieM 3HaKHM Yy 000UX
MHOXHUTeJIeH, Mbl JOJDKHBI ABaXJbl CMEHUTH
3HAK NMpPOM3BeJEeHMsI, CHayala C MOJIOXKUTEb-
HOTO Ha OTPHUIIATEJbHBIN, a 3aTeM HA00OPOT,
C OTPMLATEJbHOTO HA MOJOXHUTENbHBIHA, TO
€CTh y NMpou3BeJeHUs] OyaeT nepBOHaYalb-
HBIN 3HaK.
ChnenoBaTesibHO, BIIOJIHE JIOTUYHO, XOTS He-
MHOTr0 CTpaHHO, YyTo (-3) X (—4) = +12.
[TonoxeHue 3Haka NMPU YMHOXEHHUU H3-
MEHSIETCS TaKuM 006pasoM:
MOJIOXKUTEJbHOE YUCIO X
MOJIOXKUTEJbHOE YUCIO =
MOJIOXKUTEJTbHOE YHUCJIIO;
OTpHUIlaTeJbHOE YUCIO X
MOJIOXKUTEJbHOE YUCIO =
OTpHUIIATEJbHOE YHCJIO;
MOJIOXKUTEJIbHOE YUCJIO X
OTpHUIIaTEJbHOE YHUCJIO =
OTpHULIaTEIbHOE YHUCJIO;
OTPHMLATEJbHOE YUCJIO X
OTpHLIATEJbHOE YUCJIO =
MOJIOXKUTENbHOE YUCJIO.
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Wnave rosops, nepeMHOXas ABa YHUCJa C
OJMHAaKOBBIMM 3HAaKaMH, MbI MOJIy4aeM I0JIO-
xKuteabHoe yucao. IlepemHoxasi ABa yucaa
C pa3HbIMHM 3HaKaMH, Mbl MOJiy4aeM OTpHUIA-
TEJIbHOE YHCJIO.

Takoe >xe NMpaBWJIO CHPAaBENJNBO U AJSA
AeHCTBUS MPOTHUBOIOJIOXHOIO YMHOXEHUIO —
ISl NeJIeHUs.

(+12):(+3)=+4;

(+12):(-3)=—4;
(-12):(+3)=-4;
(-12):(-3)=+4.

Brl s1erko MoxeTe B 3TOM ybequThCs, Ipo-
Bels obpaTHbIE onmepanuu yMHOXeHusa. Ecau B
Ka)XXIOM M3 IPUMEPOB, IPUBEIEHHBIX BBILIE, BbI
YMHOXMUTE YACTHOE HA JAEJUTEJb, TO MOJYYUTE
NeJIUMOe, U yOennTeCh, YTO OHO UMEET TOT XK€
caMblii 3HaK, HanpuMep (—3) x (—4) = (+12).

JdeauTp win He AeauTh?

[TockoJbKY Mbl ONpeNENUIN JeIEHHE KaK
MI0CJIEZIOBATEIbHOE MHOTOKPAaTHOE BHIYMTAHME,
B pe3yJIbTaTe KOTOPOTO MOJYYaloT HOJb, OKa-
3BIBA€TCSI, YTO OHO HE BCeraa Bo3moxHo. [To-
npobyeM pasgenuTs 7 Ha 2.
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B pe3yJsibTaTe HOBTOPHOTO BHIYUTAHHS MBI
moayyuM 7 — 2 — 2 — 2 = 1, u 31eCcb HaM Npu-
IETCS OCTaHOBUTHCA. EC/IIM MBI BBIUTEM €lile
OIHY NBOWKY, MBI OKaXxeMcsi B 06JacTH OT-
pHUIIATENbHBIX yuced. Jlaxke ecau Mbl IPU3HAEM
CyL[eCTBOBaHME OTPUIIATEIbHBIX YUCEJI, & IPEB-
HUE O HUX He 3HaJIM, MBIl HE MOXEM IMPOBO-
JIUTb BHIYMTaHUE B 00JIaCTH OTPULATENbHBIX
yucen. [Ipeamonoxum, Mbl JesaeM elle He-
ckosbKo maroB: 1 — 2 = —1, caenyoumii mar:
-1 —2= -3, 3atem -3 — 2 = -5, 1 Tak
no 6eckoneyHoctu. I'me ke HaM OCTAaHOBUTb-
csa? Iloxoxe, Hama cucrema gajaa cOOM.

[Tonpo6yeM noiitu apyrum nyteMm. Bemom-
HUM o Tabiuue yMHOXeHus. KoHeuyno, Mbl He
HaliieM TaM 4ucJjia, KOTOpOe NpU ePEMHOXEHUHU
Ha 2 mact 7, H0 2 x 3 =6, a 2 x 4 = 8.

CnenoBaTesnbHO, €CJIM MBI OTIpeAesieM Je-
JIEHHE KaK I0oCJie0BaTeJbHOE BhIYUTAHUE, TO
B KaKHMX-TO CJyyasiX JleJleHue BO3MOXKHO, a
B KaKMX-TO HeT.

JlpeBHUX I'PEKOB M3yMJISIJIO 3TO CBOHCTBO
yyces, 1 OHU Jajlu eMy CBOeoOpa3HOe TOoJ-
KOBaHME,

Kakue yucaa gensitcs Ha 2, a Kakue He
nensarca? 1 He genutcss, 2 aeauTcs, 3 He
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nenutcsa, 4 menutcs, 5 He geautcs, 6 me-
JUTCH...

Eme B ApeBHUe BpeMeHa YuMCJa pa3feuIn
Ha Te, KOTOpHle AeJATCSA Ha 2, U Ha Te, KO-
TOopble Ha 2 He Jenatrcsa. Matematuku /[pes-
Heil ['penuu cyuTanu, 4TO YKcCAa 3aKAI0YAIOT
B cebe muctuyeckuit cmeica. [To ux mpexncras-
JIeHUsIM, Te YUCJa, KOTOPble AEeJSATCS Ha 2,
UMEIOT )XEHCKOe Hayajlo M SBJASAIOTCS Hecya-
CTIUBBIMU. Te 4yucJa, KOTOPble He AeNsATCS
Ha 2, TPeKU CYUTAJIU MYXKCKUMHU ¥ CYACTJIH-
BbIMU. (YUTHTe, FpeYecKUe MaTeMaTHUKH ObLIH
UCKJIOYUTENBHO MY>XYMHAMH U, KOHEYHO, BCe
cyacTbe MpUCBOUIH cebe.)

B 06biieHHO# KU3HH [€TMMOCTb YMCJA Ha
2 uMena 6osblIOEe 3HAYEHHE, MMOCKOJAbKY Ya-
CTO NMPUXOAUTIOCH AENUTH ONpeieIEeHHOE KO-
JIMYEeCTBO IPEAMETOB MEXAY ABYMS JIOAbMHU.
lenutp mo cnpaBeAMBOCTH — 3ITO JYYIIUH
cnoco6 u3bexaTb CCOPBHI.

Cambiit mpocToit criocob CrpaBeaJuBOro fe-
Jexa B Te JajieKue BpeMeHa, KOra JIOAM I1JIo-
X0 pa3bupanuch B apudMeTHKe, — ITO pas-
JIOXKUTh NMpeAMEThl B JBE KYYKH TaK, 4TOOBI
KaXJOMYy NpeIMETY B OJHOI CTOINKE COOTBET-
CTBOBaJ OAMH IpeaMmeT B aApyroit. IIpeacra-
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B OBXO/, «CJIOXXEHHWA»

BUM cebe 3TU MpeAMeThl B Buje GUIleK, KO-
TOPBIE MOXHO CKJIaAbIBaTh B CTOJOUKHU (KaK
noxkasaHo Ha pucyHke). Ecam obuiee yucio
NpeIMEeTOB AEJUTCA Ha 2, TO Mbl HOJYYUM
JBa CTOJIOMKA M B KaXXJIOM — OJMHAKOBOE KO-
nnyectBo pumex. Ecium BHavyane y Hac 6b110
16 ¢uiex, To Mbl MOJTYYUM ABA CTOJOMKA OU-
HAKOBOM BBICOTHI 1O 8 (puiIek, NoCKOJbKY YHC-
g0 16 menutcda Ha 2, TO €CTh ABJASAETCH 4Ye€T-
HBIM YUCJIOM.

8 8 N L

16 17
YeTHOe U HEYETHOE

Ecau xe BHayane y Hac 6b10 17 duinex,
TO MBI IOJIYYMM [BAa CTOJOMKA HEPABHOM BBI-
coThl, B oHOM Oyner 8 ¢dumex, a B g1pyrom
Ha oaHy ¢uIIKYy 6GOJblle, MOCKOJIbKY YHCJIO
17 He nmeauTcs Ha 2, TO €CTh ABJASETCHA He-
YETHBIM YHUCIOM. /e TMMOCTDh UM HEeNEeJIUMOCTh
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Ha Apyrue 4ucja TaKXe IMOAYMHAETCsS oIlpe-
A€JIEHHBIM 3aBUCUMOCTAM, HO ropa3ao 6o01ee
CJIOXHBIM, Y€M pa3a€JieHUE YEeT — HEYeT.

I'pexn pa3snekaiorcs

B obsacTu nesieHust GbLIO CAEIAHO €lle OIHO
OTKDBITHE: HEKOTOPbIE YUCJA AENATCS HAIEJO
6oJiee yeM Ha OJHO MeHbmIee yucjao. Hanpu-
mep, 60 menutcs Haueno Ha 2, 3, 4, 5, 6, 10,
12, 15, 20 u 30. Bce 3T yuciaa Ha3bLIBAIOTCS
nenutensamu yuciaa 60. CiaenoBatesbHo, Y YUCIA
60 ecTp necsaTh pa3IUYHBIX MHOXUTEJEN.

KpoMme Toro, ecTs elie ABa MHOXHTEJNS,
0 KOTOPBIX sI TOBOPHUJI BaM paHblle. ITO eau-
HUIla U camMo uyucjao 60. B koHile KOHIIOB,
60 : 60 = 1, mockosbky J0b0Oe 4ucIo, HO-
neeHHOe Ha camoe cebs, maet exunuiy. Jpy-
roifi MHoXxuTeJap — 3To 1. [eiicTBUTEJbHO,
60 : 1 = 60. JIiob6oe yuca0, NMOAEJIEHHOE Ha
1, octaeTcs HeM3MEHHBIM, TO ecTb 1 — 3ToO
YHUBEPCAJbHBIH MHOXUTEb.

ITocKOJbKY Kaxoe 4ucio aenutcs 6e3 oc-
TaTKa Ha eIWHMIy M Ha cebs camoe, IPEKH,
KOTOpbI€ C yZOBOJIbCTBUEM peIlaji BCSAKUE TO-
JIOBOJIOMKH, CBSI3aHHbIE C MHOXXHMTEJISIMH, TPO-
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CTO oTOpachiBaIU 3TH ABa MHOXHTeNAS. UTO Xxe
MOXET OBbITb B HUX UHTEPECHOIrO, €CJIU TaKHe
MHOXUTENH ecThb y Bcex yucen? (Kpome Toro,
Tenepb Mbl MOXEM CKa3aTh, YTO Yy KaXIOTO
Yyycjia eCTh OTpHIATeNbHbie MHOXHUTeU. Ha-
npumep, y yucaa 60 — ato -2, -3, —4, -5,
-6, —10, -12, —15, -20 u -30. Ho rpekam
OTPHULATEIbHBIE YKCJIa HE OBIJIM U3BECTHBI, H,
KPOME TOTO, 3TU OTPHIIATEIbHbIE COMHOXHUTETIH
(dakTHYECKH He AAI0T HAM HUKAKOH HOBOW MH-
dopmainy, I03TOMY 3TH COMHOXKUTENU MBI TaK-
&Ke He OyJaeM paccMaTpHBaTh.)

Ecam y yucaa 60 10 comHoxuTesneit, To
€ro CoCeasiM 1O YUCJIOBOI OCH He TakK Io-
Be3so. Hanpumep, y yucaa 58 Toasko 2 co-
MHOXHUTeasA, 2 U 29, y yucna 62 — 2 u 31.
HeszaBUCHMO OT TOro, CKOJIbKO COMHOXMHTe-
el UMeeT JaHHOE YUCJIO, ECTU TaKhe COMHO-
XKUTETU CYLUIECTBYIOT, TAKO€ YMCJO Ha3biBa-
€TCS COCTaBHBIM, IOCKOJIbKY €ro MOXHO
COCTaBUTb U3 JPYruX, MEHbIINX YHUCEJ, Ie-
PEMHOXEHHBIX MeXxay coboit. Tak, uncao 58 —
3T0 2 X 29, a yucao 62 - 3to 2 x 31.

Yucao 60 Gosee CI0KHOE, TOCKOJBKY Y
HEro HEeCKOJbKO COMHoxuTenaed. Ero mox-
HO mpeAcTaBuTh Kak 2 X 30, Ho u yucao 30
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SIBJISIETCSL COCTABHBIM, H €r0 MOXHO INpeAcTa-
BUTh Kak 2 X 15, npuuem 15 Takxe cocTas-
Hoe yucyo, paBuoe 3 x 5. Takum ob6pasom,
Mbl uMeeM 60 = 2 x 2 x 3 x 5.

Mpbl He nmesanuM HUKAKUX NMONBITOK pa3-
6uTh Ha MHoXxuTteau yucaa 2, 3 u 5. la
3TO U HeBO3MOXHO. TakuM e YUCJIOM, y
KOTOPOTr0 HeT APYTrUX COMHOXHUTEJEH, Kpome
eAMHUIBI U ceba camoro, ABasgercsa 29 u
31. Ilpyrumu cJoBaMu, Mbl ¢ BaMu ybenu-
JINCh, YTO CYLIECTBYIOT YUCJA, KOTOpbIe He-
BO3MOJKHO pa3feJuTb 6e3 ocTaTKa Ha JApyrue
COMHOXHTEJIHU, KPOME €IUHHUIBI M CAMOIO
yucJa.

Yucia, KOoTopble HEBO3MOXHO Pa3OUTh Ha
COMHOXUTEU, Ha3bIBAIOTCSI MPOCTHIMU YMC-
JaMH, B OTJUYHUE OT COCTAaBHBIX YHCEJ, KO-
TOpbIEe Ha MHOXMTEIN pa3buth MoxHo. Jlogu
4acTo BUJAT B YMUCJAX KAaKOM-TO MHCTHYEC-
KU CMBICJ, U C 3TOH TOYKHU 3PEHUSA MOTLJIO
Obl MOKA3aThCs, YTO UMEHHO MPOCTHIE YKUCJIA
MOSIBUJIKUCH NEPBBIMH, Bellb JII0ObIE COCTaBHbBIE
YYCJIa MOJYyYaloTCsS NPU NEPEMHOXXEHUHU IIPO-
cToix ymcen. Ckaxem, Iocje TOro, Kak IO-
SIBUJIUCH 4YyHuCcaa 2, 3 1 5, MOXHO COCTaBMUTbH
yucyao 60, paBuoe 2 X 2 x 3 x 5.
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MooxeT noka3aTsCsi, YTO €CJH MBI NOHAeM
BBEpX [0 YUCJIOBOM OCH, TO BO3MOXKHOCTb HaNTH
cieayloniee IpoCTO€ YUCJIO YMEHbIIAETCS U B
KOHIle KOHLOB KakKOe-TO IPOCTO€ YMCJIO CTa-
HET CaMbIM 6OJIBIIMM BO3MOXXHBIM IPOCTBIM 4YHC-
1oM. Ho 3TO He coOTBETCTBYeT AEHCTBUTENb-
Hoctu. Enme 2200 net ToMy Ha3ax rpedyeckuii
MaTeMaTUK JBKJIMJ 0Ka3aJ, YTO He CyHeCTByeT
TaKOTO CKOJIb YTOAHO GOJIBIIOrO MPOCTOTO YHCJIA,
IJISi KOTOPOTO HeJAb3si 6blIO OBl HaliTH ele
6osbiree. To ecTh caMOro GOJIBIIOrO MPOCTO-
rO YyKucja B NIPUHIIUIIE HE CYIECTBYeT.

Kak s yxe roBopui, rpeku JoOMIH pas-
rajiblBaTh pa3Hble YUCJIOBBIE FOJIOBOJOMKH U BBI-
UCKUBaTh 3aKOHOMepHOCTH. Hanpumep, oHu BhI-
YUCJSAIN CYMMBI COMHOXUTeJel, Ha 3TOT pa3
BKJIIOYasi €AMHULY, AJIs1 Pa3HbIX YHCEJ U CMOT-
pesd, 4yTo ke nosydaercs. OHM BBISICHHJIH, YTO
CYMMBI COMHOXHTeJIel MOTYT ObITh MEHBIIIE, WK
60JIbIlIE CAMOTO YMCJIa, UM PaBHBI CAMOMY YHC-
ay. Hanpumep, cymma comuoxurenei 10 (1,
2 u 5) paBHa Tosbko 8. Yucno 10 Ha3wiBaet-
cs HenoJHBIM yucaoM. Cymma cOMHOXHTenei
yucaa 12 (1, 2, 3, 4 u 6) paBua 16, To ecTh
oHa 6oJipllle caMoro 4ucjia. Takue 4uciaa, Kak
12, Ha3bIBaIOTCA M3OBITOYHBIMU.
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Cymma comHoxuTesei uncaa 6 (1, 2 u 3)
pPaBHa CaMOMY YHCJY, TO XX€ CaMO€ OTHOCHUT-
ca ¥ x yucay 28 (1, 2, 4, u 7). Takue 4yuc-
Jla TPEKW Ha3bIBaJHM COBEPIIEHHBIMH.

EcTp eme oaHa 3a6aBHast 3aKOHOMEPHOCTb.
Cymma comHoxuteneit yucaa 220 (1, 2, 4,
5, 10, 11, 20, 22, 44, 55 n 110) paBuna 284,
U B TO XK€ BpeMsi CyMMa COMHOXUTeJIeH Yuciaa
284 (1, 2, 4, 71, 142) pasua 220. Takue
YUCJIa TPEKU HA3bIBAJHU COAPYXXKECTBEHHBIMHU
YucJIaMHu.

Pa3nesneHue 4YuCesJ HaA MPOCThiE, COBEP-
IIeHHbIEe, COAPYXXECTBEHHbIE U TAaK Jajiee He
uMeeT OOJIBIIONH MPAKTUYECKON LEHHOCTH, HO
B TeYeHHUe ThICAYEJeTHUH YUCIOBBIE 3aKOHO-
MEPHOCTH BBI3BIBAJM BOCTOPTr M JIOOOMBIT-
CTBO MaTeMaTUKOB. IHTepec K HUM He yrac
M B HallM AHH.

CuuraeM u n3mepsieMm

[lo cux mop Mbl C BaMU HMMeJHU [JeJio C
OOBIYHBIMU YHMCJIAMH, HPU NMOMOIIUA KOTOPBIX
MOJXHO IE€PECYMTHIBATh PA3JMYHbIE OOBEKTHI:
1, 2, 3... OueHb 4acCTO HAM U He TpeOyOTCA
Apyrue 4yuchia.
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Hanpumep, nofioGHbIM YHUCIOM MOXKET ObITH
OTIpe/IeJIEHO KOJUYECTBO MaJIbYMKOB B KJaccC-
HOIl koMHaTe. B komHnaTe MoxeT O6bITh 4 MaJib-
YKMKa, 5 MAJbYMKOB MM [APYro€ YHCJIO Mab-
yukoB. B so6oM ciyyae 3TO OyaeT BIOJIHE
onpexeneHHoe yucao. Ho Bbl HUKAaK He MoOXe-
Te 3as1BUTh: «Hy, s BCe THIaTeIbHO MOACYUTAT,
U BBISICHWJIOCH, YTO B KOMHaTte GoJibllie 4eMm 4
MaJIbyMKa, HO MeHbIle yeM 5. 5 aAymalo, ux Ka-
KOe-TO IIPOMEXYTOYHOE YUCJTIO, MeXAy 4 U S5».

Ecau BBl cuuTaetre Kakue-To 0OBEKTHI, TO
MeXxay 4 u 5 IJs BaC HET HUKAKUX APYTUX
yucen. B xomuHate aunbo 4 manpyuka, Jaubo
5, HO HET HHUKAKOTO IPOMEXYTOYHOTO 4YHC-
na. Eciiu B KOMHaTy, rie y>ke HaXOAUTCS 5 MaJib-
YHKOB, BoiieT eme 1, TO B KOMHAaTE OKaXeTCs
6 ManbuMKOB, IpU4YeM poBHO 6, a He okoJo 6
WM YyTOUYKY Oosbiie 6.

OnHaKo ecJu Bbl IOUHTEPECYETECH, CKOJIBKO
BPEMEHHN MAJIbYMKH NMOCBATU/IU 3aHATHUSM, BbI
MOXeTe MOJYYUTh NMPUOJIN3UTENbHBINA OTBET:
«OHu 3anuMaanch GoJsiblile OQHOrO 4aca, s He
yBEPEH, HO, IO-MOEMY, MeHbIIIe BYX YacCOB».

B naHHOM cily4ae OTBET He JIUIIEH CMBICJIA,
IOCKOJIbKY CYIIECTBYeT OTPE30K BPEMEHH,
60JIbIIMI OHOTO Yaca, HO MEHBIIUH JBYX Ya-
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Atizex Asumos. YUCJIA

coB. BpeMs — 3TO TO, YTO U3MEpSAIOT, a HE
MepeCYUTHIBAIOT.

ITepecueTr u usmMepeHue — 3TO pasHbie MPo-
eccol. IIpu nepecyetre Bbl UMeeTe IEJO C OT-
NeTbHBIMU, WU AUCKPETHbIMU obBbekTamu. Te
YHUCJIa, KOTOPble MBI C BaMH M3y4Yajud B Ha-
yaje KHHMXKH, TaKXe SBJSAIOTCH OTAEJbHBI-
MU, UJIH AHUCKPETHBIMM, U OHHM XOPONIIO CO-
OTBETCTBYIOT AUCKPETHbHIM oObexkTam. [lpu
PacCMOTPEHMH AUCKPETHBIX 0OHEKTOB HAM U HE
HY>KHbl HUKaK{e Ipyrue 4ucia.

Ecau xe HaM NMPUXOAUTES U3MEPATH YTO-
an60, YTO HE COCTOUT M3 OTAEJbHBIX 00BEK-
TOB, 3aJlaya Cpa3y XXe ycJoxHseTcsa. Teneps
Mbl MMEEM JI€JIO C NPOTAXKEHHOCTHIO, UJIHU C
KOHTHMHYYMOM, TO €CTh C IPOJOJIKHTEJbHOC-
ThI0 BPEMEHHU KAKOTO-TO Ipolecca WU JJH-
HOI Kako#i-HUOYAb JTMHUH.

OO6bIyHBIE JUCKPETHBIE YUCJIA HE COOTBET-
CTBYIOT INPOTS)KEHHBIM BeJUYMHAM, U HUX
HeJIb3sl UCIIOJIb30BaTh AJISI U3MEPEHUS TaKUX
BEJIMYUH, HE PUCKYS JAONYCTUTh HETOYHOCTD.

Jlas1 Toro 4ToOB M36€XaTh TAKOTO HECO-
OTBETCTBUS, CJelyeT BCTaBUTh B PAX JUCK-
PETHBIX YKCEJ KaKHe-TO HPOMEKYTOUHbIE YUC-
aa. Korma MBI 3TO caemaem, yuciaa 1, 2, 3,
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B OBXO[ «CJIOXKEHHUA»

4... CTAaHOBATCH TOJBKO Majioi yacThio Oec-
KOHEYHO! CHUCTEMBbI, KOTOpasi COOTBETCTBYET
TaKUM MOHSTHAM, KaK BpeMs, IJNHA, UIH JIO-
60My APYroMy KOHTHHYYMY.

Co craenyiomei riaBbl Mbl HauHEM H3Y-
YaTh TaKWe YHUCJA, BHISICHUM UX HPOUCXOX-
JleHHe U OCBOMM IpaBuUJia pacyeToB MpH NO-
MOIIM TAaKUX YUCEJ.



I'nraBa 4
PA3BUTBIE YHUCJIA

Jle1uM eaMHHIIBI

YesnoBeuecTBO HE MOIJIO COIJIACUTHCS C OTF-
paHMYeHUsIMU B JeneHuu. IIpeanosoxuM, Hano
pas3fenuThb ABa 60K MEXIY YETHIPbMS J€Th-
Mu. CoBepiieHHO 6eCcroie3HO OOBSICHATH UM,
4YTO TaKoe JAeJieHUe HEBO3MOXHO, NOCKOJBbKY
HeT TaKOIo 4YHMCJa, KOTOPOe Iocje yMHOXe-
HUA Ha 4 pact 2. I HM oAHa MaTh Tak He
caesaer. OHAa MONPOCTY pa3pexeT Kaxaoe U3
sa6JI0K TOHOJIaM ¥ JacT KaXXAOMy M3 JeTei
N0JOBUHY (MM NMPUTOTOBUT U3 3THX SA6JOK
niope).

Crnenys aToil cucteMe, YeJOBE€YECTBO yxKe
AAaBHO HAay4YWJOCh pa36MBaTh OCHOBHbBIE €/[U-
HUIIBI U3MepeHUs Ha 6Gojiee Menkue U TpPU-
CBaMBATh 3THM HOBBIM eIMHUIIAM COOCTBEH-
Hble Ha3BaHus. Hanpumep, B amepukaHckoi
cUcTeMe M3MepeHUusi 06beMa CyHmecTByeT elu-
HMIA, Ha3blBaeMasi KBapTa, €CJIM KBapTy pas-
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PA3BUTBIE YHCJIA

AeJUTh IOIOJIaM, NOJY4YUM JIBE HOBBIE e€lM-
HUILIBI, NUHTHL. EcaM y Bac ecTpb ZBe KBapTh
NIMBa, HA KOTOpPOe NpPETEHAYIOT YeThipe YeJso-
BE€Ka, TO KaXXAbld MOJYYUT IO OAHON IHUHTE.

MoxHO nenuTh eJMHHLUBI U HA YUCJIA,
6oapiine 2. Hanpumep, 6ymens (eme omHa
aMepuKaHCKas Mepa o6beMa) MOXHO pasje-
JUTh Ha 4 meka, a nek — Ha 8 xkBapT. OquUH
¢yHT MOXHO pa3menutr Ha 16 yHuwmii, a
1 xBapty Ha 32 xuzakue yHuuu. Bce atu umncna
SIBJASIOTCSA Pe3yJbTaTOM JeJleHUS KaKO-To
BEJIMYMHBI Ha JBE YaCTH, 3aTeM KaXIYyI0 U3
3TUX YacTell CHOBa A€JUJU MOMOJAM M TakK
naiee.

MoxHo, Hanpumep, pa3xenuTb 1 kBapTy
MEXAY ABYMS JIOAbBMHU, €CJAU KAaXIOMY HaThb
no 16 >xxuakux yHuuit (a ato kak pa3 1 nmuHTA).
A eciM Hazio pa3aesuTb OAHY KBapTy MEXAY
YeThIPbMS JIIOABMH, TO KaXJIOMY MOXHO AaTb
no 8 XuUAKUX YHUUH (TO €CTh MO MOJIHH-
Tel). Ecau xe y Hac 8 4yesoBek, To Kaxno-
My [OCTaHeTCs Mo 4 xujakue yHUUM (UJIH MO
1 mxunny).

Bce 3T0 3aMeyaresbHO, HO YTO J€JaTh, €CIN
HAJZI0 pa3fesINTh 4YTO-TO MexAy Tpemsi? Mbl He
MOXE€M pa3/eJIuTh KBapTy, B KOTOPYIO BXO-
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Atizex A3umos. TUCJIIA

AT 32 yHUMH, Ha TPH, TOCKOJIbKY 32 He ne-
nutcs Ha 3. KBapty yno6HO aenuth Mexnay
16 uau 32.

CnenoBaTenbHO, OBIIO OBl 1MOJIE3HO BbIO-
paTh KaKyl-HUOYIb eNUHHIlY, KOTOpPAs CO-
nepxaja ObI MAaKCUMAJTbHOE KOJHMYECTBO CO-
MHOXUTenei#. OAHUM M3 TaAKUX YHCEJ
ssaserca 12. B oxnom ¢yre 12 mioiimos,
12 TpoliCKMX YHUUH COAEPXKUTCA B TPOWcC-
koM ¢yHTe, a 12 — 3TO, KaK U3BECTHO, AIO-
XKHMHA.

OO6paTuTe BHUMaHUE Ha TI0KUHY, 3TO OYEHD
nose3nas efuHuna. Eciu y Bac ecTh AI0XKH-
Ha 60K, Bbl MOJXeETEe MOAEJUTh UX Ha JIBE
rpynnsl no 6, Ha 3 rpynnsl no 4, Ha 4 rpynnsl
mo 3, Ha 6 rpynm mo 2, u Ha 12 rpynn mno
onHomy. OyeHb BaXxHO, YyTo 12 genuTCS He
TOJABKO Ha 2 U 4, HO TakXe U Ha 3.

JUI0XKMHBI paHblle YacTO UCIOJIb30BaJIHU B
TOProBJ€e, BelAb AIOXKHUHY JIETKO pa3ObUTh Ha
HECKOJIbKO 6oJiee MEJKHX YacTeil pa3jindHBIMU
nytsiMu. CymiecTBoBasa TakXe eIUHMIA, KO-
TOpas SIBJSJACh JI0XKUHOU MI0XKUH (3TO rpoce),
KoTopasi paBHsinach 12 X 12 unm 144. Y yucna
144 mHoro comHoxwurenei. dto 1, 2, 3, 4,
6, 8,9, 12, 16, 18, 24, 36, 48 u 72.
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PA3BHUTDBIE YHUCJIA

Takasi cucteMa yno0Ha ¥ MPaKTUYHA, €€ JIer-
KO NMPUMEHATh B MOBCEIHEBHON XXU3HHU, U KOe-
KTO JaXe XaJleeT O TOM, YTO B OCHOBE Halllei
cucteMsl ucyuciaenuss gexutr 10, a ne 12.
Y uucaa 190 ecTb TONBKO IBa MHOXXHUTEJISI, 3TO
2 u 5. Jlecatp He genuTCsa HM Ha 3, HU Ha 4.
EnuHCTBEHHass MPUYUHA, MO KOTOPOH B OCHO-
Be CHUCTeMBbI OKa3ajoch yucyo 10, — 3To TO, 4TO
y Hac MO 5 MajblieB Ha KaXAoil pyke. A BOT
ecamn 6b1 ux 661710 661 1O 6...

Y uyucna 10 ecTp 0fHO MpeUMyHIECTBO ITe-
pen 12. Yucno 10 nenutcs Ha 5, a 12 — HeT.
JlpeBHME BaBUJIOHSIHE MBITAJUCh COEAUHUTH
B OJHOM YHCJie BCe AOoCTOMHCTBa yucesa 10
u 12. Takoe 4yuCa0 AOKHO AEJTUTHCSA HE TOJIb-
ko Ha 2, 3, u 4, Ho U Ha 5. Haumenpmum
TakuM 4yucjaoM siBiasgercsg 60. 3To yucao uc-
nojb3yeTcsi U B acTpoHomuu. [ox cocras-
aset 365 nHell M HecKoJbKo 4acoB. [ox —
3To TO BpeMs, 3a kotopoe CosHile coBep-
maeT cBOM (KaXyuuicsi) KpyroBoi myTh IO
He0y OTHOCHTEJbHO HEMOABUXXHBIX 3Be3J.
Ecau nmosHbI# Kpyr pasjgesuTh Ha BeJTUYM-
Hy nyTH, koTopoe CoJsiHIle TPOXOAMUT 3a A€Hb
(TO ecTb Ha «IyTb-AeHb»). Ml moayuuM 365
AoJiefl Kpyra.
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Atizex A3umos. YUCJIA

Y BaBusioHsiH rox paBHsicsa 360 qusam (1160
OHM HENPAaBUJIbHO BBIYUCJIUIU NPOJAOXKUTEIb-
HOCTb roga, iub6o mpocto okpyrauau 365 no
360 nns ymoberBa Bhiuucaenuit). C aTum vuc-
JoM ymo6HOo pab6oTaTh, mMoCKoabKy 360 — 3TO
60 x 60. [ToaTomy oHu menunu HebecHyo chepy
u apyrue kpyru Ha 360 paBHBIX yacTei, KOTO-
pble MBI B HAIlIA THH Ha3bIBaeM rpagycaMu. 3aTeM
KaXK/Iblii rpagyc oHU Aenuau Ha 60 yacreit, xo-
TOpble Mbl Ha3bIBa€M MHHYTaMH, a KaXAyl0 MU-
HyTy euie Ha 60 yacrteit, Ha 60 cexyHI.

1

go Haca =1 wmun 1 yaca = 2 MUH
1 30
— wyaca = 12 MuH 1
5 T yaca = 15 MuH

1
— yaca = 3 MHH
1 20
—yaca = 30 MuH 1
2 Iz yaca = 4 MuH

1 1

— vyaca = 10 MuH — vyaca = 20 MuH
6 3

1 1

— vyaca = 6 MMH — yaca = 5 MHH

10 12

Yac, cocrosiiuii u3 60 MUHYT.

Mbl 10 cuX nOp NpUAEpXKUBAaEMCsI BaBUJIOH-
ckoil cuctembl. bosnee Toro, mockosbKy BpeMms
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PA3BHUTBIE YHUCJIA

U3MEPSIETCS 10 JIBUXKEHHUIO KPYIHBIX HEOECHBIX
TeJI Ha HeDOCKJIOHE, Halll Yac pasjesieH Ha 60 MUHYT,
a MmuHyTa — Ha 60 cekyHnz.

IIpu noacyeTe BpeMeHN Mbl HAXOAMM TaKXKe
cJjeabl CUCTeMbI, OCHOBaHHOM Ha 12. /leHp M HOYD
pasnenenbl Ha 12 yacoB. B apeBHOCTH, 10 TOrO
KaK ObLTM M300peTeHBl 4achl, AJIMHA Yaca MeHs-
Jlacb B 3aBUCUMOCTH OT BpPEMEHH Trojia. 3uMoit
JIHEBHbBIE Yachl ObUIA KOPOYE, YEM JIETOM, 8 HOYHBIE
IJuHHee. B HauM AHU POMOJIKUTENBHOCTD Yaca
IPUHATA MOCTOSTHHOM, MO3TOMY JIETOM CBETJIOE
BpeMSI JUIUTCS JIOJibllle, YEM 3MMOIi, HOYHOE, Ha-
06opoT, — Kopoue.

Tem He Menee Ha uudepbIaTE HAIIMX YACOB
TosIbkO 12 yuces, u, cieqOBaTEIbHO, MbI OIpe-
nensieM Bpemsi Mexay 1 yacom Houu u 1 yacom
ausa. (B apMum npuHSTO CUMTaTH BpeMs Iocie
12 kak 13, 14 u Tak najgee 4acoB, HO OOBIYHO B
OBITY MBI HE UCIIOJIb3yeM TAaKUX 0603HAYEHMIA.)

YacTty eJMHHLBI

To, 4TO OOBIYHBII YeJIOBEK CAesaad C 0ObIY-
HBIMM €IMHUI[AMH HM3MEPEHHs, CMOTYT cle-
JIaThb MAaTEMaTUKU CO CBOMMHU abGCTPaKTHHIMHU
YUCIAMU.
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Atizex A3umos.

[ToueMy Obl He pa3fenTh €AVHUIY HA [BE
paBHblE YacTH, Ha TP, HAa YeThbipe U TaK Aa-
nee? Jlns Toro 4TobBl Takoe JeseHue He ObLIO
0ecrosIe3HbIM, HafIO TIPUCBOMThH ITUM YacCTSIM €H-
HUIIbI COOCTBEHHBIE HAa3BaHUA. 3aTeM Halo HalTH
YIOOHBIA CUMBOJI IJIsi 9THX 4YacTed eIMHHIIBL
W nakoHern, Hafo pa3paboTaTh CHCTEMY, KOTO-
pasi MO3BOJIUT ONEPUPOBATH C 3TUMHU YACTSIMHU
U NPOU3BOIUTH 0ObIYHBIE aprdMeTHYECKHE Ore-
pamum.

Hanee, eciu ¢ 10sMU 4UCEST MOXKHO Ma-
HUMYJHUPOBATh TaK XKe, KAK C OOBIYHBIMHU YHC-
JIJaMH, 3TO 03HAYaeT, YTO YACTH YHUCEJ] MOX-
HO paccMaTpHBaTh KaK OObIYHBIE YHCJIA KAK
B IIPAaKTHYECKOM, TAK U B TEOPETHUYECKOi cepe
MpUMEHEHHUS.

Ha3Banusa ans yacteil yucesa NPUILIU U3
06b1IeHHO# peun. [IBe paBHbIE YAaCTH HA3bIBAIOT
noJIoBUHaMH. YacTH, KOTOpble NMOJyYaloTCs IpH
JeJeHUM YHMCIa Ha KAaKOe-TO KOJHMYECTBO J0-
Jieil, Ha3bIBAIOTCSI B COOTBETCTBMM C KOJiMYe-
CTBOM 3THUX J0Jiel, TO eCTb TPEeTbH, YeTBeEp-
Tbi€e, TIATHIE M TaK JaJjiee.

[TonoBMHA — 3TO TO, YTO MOJIy4aeTCs NPH
NeJIeHUH eIMHUIbl Ha 2 yacTu. [{pyrumu cio-
Bamy, 310 1 : 2. IIpu TakoM JeJeHUM MBI He
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PA3BHUTBIE YHCJIA

NOJy4YUM OOGBIYHOTO 11€JIOTO YHcJa, U GeccMbic-
JIEHHO ero uckarb. HykHO mpocto BbIGpaTh 060-
3HayeHUe AJS AAaHHOW apudMeTHYeCKOH orle-

1
pauuu. TakuM 00603HAYEHUEM CTAJIO 5 - Ero

MOXXHO IIpOYeCTb KaK OAHAa BTOpasl, WU IO-
goBuHa. Ecau Ml gesum 1 Ha 3, TO mosyya-
€M COOTBETCTBEHHO OJHY TDPeTbIO 4acCTb, UJH
oauy tpeTb. Ecau penuM Ha 5, To moaydaem
OHY NATYIO, U Tak Aajee. Mbl He mbITaeMcs

1 1 1
PELATb 9TH NPUMEPBL, 5™, 37, 5 — 3TO IPOCTO
0603HayeHUS.

Korma mbl roBopum, yto 1 : 3 = ;—, MBI
IPOCTO yTBEpPXKJAaeM, 4TO «eAMHMIlA, AeJIeH-
Has Ha 3, paBHA eIMHMUIIE, JEeJIEHHOH Ha 3».

Jrto 3ByuyuT obeckypakuBawouie. Bbl Mo-
XeTe CIIPOCUTh: a YTO TAaKOe 3Ta €IUHULA,
KoTopylo Mbl AeauM Ha 3? OTBeT coBceM
IPOCT: a Kakas pa3HUIA, 4YTO 3TO. Ecau Ml

1
MOXEM MaHUNYJHUPOBATH C BEJUYNHOMU ?

KaK C OOBIYHBIM YUCJIOM, TO 3TOro BIIOJIHE
AOCTAaTO4YHO.
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Atizex A3umos. YUCJIA

OTH A0 eIUHUIBI Ha3Baiu ApobsmMu (OT
cJ10Ba «ApoOUTh»). B oTamuue ot apobeit Te
YyCaa, C KOTOPBIMU MBI MMEJH 1€eJ0 pPaHb
1Ie, Ha3BIBAIOTCS LEJIBIMH.

Temepb paccMOTpUM, Kakue A€HCTBHS MOX-
HO OCyIIeCTBJISATh C ApoG6smu. Haxo Bbisic-
HUTb, KaK CKJIAABIBaTh U BBIYUTATH APOOH.

1 1

HpeI[HOJIODKI/IM, HaM HaJA0 CJOXMUTb 3_ n 3 -

Ha cioBax 3To oyeHsb Jierko o6bgcHUTh. OnHa
TPETb U OJHA TPETh BMECTE AAAYT ABE TPETH
(Tax e Kak OAHO $6/10KO IIIOC OAHO S6-
JIOKO pPaBHO ABYM si6J0KaM).

3aTeM HaAJ0 PEIIUTb, KaK 3alUCaTh 3TO JA€id-
CTBHE NpU NOMOUIM apupMeTUYECKHUX CUMBO-

1
noB. [TockonbKy ofHa TpeTb — 3TO 3, JO-

TMYHO NPEANOJOXHUTH, YTO ABE TPETH — 3TO

2
3 - Ho u4To o3HayaeT 3ta Beanuuna? Kak Mbl

pasgenum 2 Ha 3? [IpeamosoxuM, y Hac aBa
KyCKa nupora, a fgereid — tpoe. Torga kax-
AbIi KyCOK MUpOTa AeauM Ha 3, moaydaem 6
MajJleHbKUX KyCOYKOB. Temepp KaXaoMy pe-
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PA3BUTHIE YHUCIIA

6em<y MOXHO aTb IO ABa KYCOUYKa. Takum
2

o6pa3oM, Kaxabli pe6eHOK IOJydaeT 1o 3

Paccyxnass TakuM 06pa3oM, MBI MOXEM
1I0Ka3aTb, 4YTO pe3yJbTaT JO60ro [ejeHus Mo-
)keT ObITh mnpeacrtaBieH B Buie apobu. Co-

POK TPU NMHPOra, pa3fejieHHble MEXIY CEMHU-
43
AECATBIO TPEMSI JIOAbMY, AAAYT PE3YJbTAT 73,

43

TO €CTh KaXJAbI YeJIOBeK IMOJYUYHUT IIO 73 qa-

CTH nUupora.

BepHeMCsl K CJIOKEHUIO U YMHOXEHHUIO. MBI

1 1
IoKa3aJjy, 4eMy paBHO 3_ + '3_ , TAK)X€ MOXHO
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Atizex A3umos. YUCJIA

L, r 3 3 2 1

Ms1 BoiBesn obmiee nmpaBusio. IIpu ciaoxe-
HUU M BBIYMTAHUU Apobedl C OJUHAKOBBIMU
3HaMeHaTe/JsIMM (3HaMeHaTesJeM Ha3blBaeTCs Ta
4acTh APOOM, KOTOpasi 3alKMCaHa MO/ YepToil)
Heo6XOAMMO BBIYECTb YMCJIMUTENb OAHOH ApO-
6 M3 YHUCAUTENS APYTOM.

To e mpaBUJIO pPacHpoCTPaHsSIeTCSI HA yM-
HOXXeHHe Apo6M Ha Iejoe 4HUCJI0. YMHOXa-
eTcs TOJbKO yuciauTenb apobu. IIpoussene-

18

1
HUE - Ha 6 paBHO 75 23 nejieHHoe Ha 9,

paBHO 2% TouHo Tak Xxe, Kak ¢ gbjo0KamMu:
0oHO 516J710K0, YMHOX€eHHoe Ha 6, — 3ro 6 56-
J0K, a 18 s610K, momeneHHblXx Ha 9, — 3TO
2 ab6ioxa.

B nipoiiecce C10X€HUSI MOXET OKa3aThCS, YTO
YUCJIUTENb JOCTUTHET BEJIMYMHBI 3HAMEHaTesl.

1 3 1

1 1
Hampumep, 3 + 3 + 3 = 3, nam 3 x 3.

3
Yemy paBHO §?
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PA3BHUTBIE YHUCJIA

O‘ICBI/IJIHO, €CJIN Bbl pa3/I€JINTE €AUHULY Ha
TPHU 4aCTH, 4 IIOTOM CJIOXKHTE CHOBA BCE 3THU
TPpH 4aCTH, Bbl IIOJYYHUTE II€PBOHAYAJIBHOE YUCJIO,

3

TO eCTb eAuMHuNy. Jpyrumu cioBamy, 3 =1,

U 9TO BBIPa’X€HHE COOTBETCTBYET HAIIEMY OII-
penenenuio apobu, To ectp 3 : 3 = 1.

2 4 27 109476
Touno Tak xe 2° 2’ 27109476 PaBHBI

€INHUIE.

1
A 4TO, ecaiy HaM HaIo 3 YMHOXHThH Ha 47?

4
Mu IIOJIYYHUM OTBET § , @ 4YTO O3Ha4aeT Ta-

4
Koe BbIpaxxeHue? [Ipobb 3 Moxer ObITH Mpen-

1

umm 13

1
cTtaBJjeHa B Bujge 1 + 3 3

3 WUJIM OJHA
1esasi ¥ OHa TPETh.

B mkoJie y4eHHKOB OOBIYHO MPHYYAIOT K
TOMY, 4TOObI BBIAENSATh MAKCHMMAaJbHO BO3MOXX-

HyIO 1eaylo yactb u3 apo6u. To ectb mpespa-

4 1 27 2
WaTb3 B 15, 5 B 53 U Tak panee. OxHako
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Atizex A3umos. YUCJIIA

AesaTh 3TO npeo6pa3oBaHNe He BCErla HeoOXo-
aumo. Ha camom nene apudmernueckue neicteus

4 27 1 1

¢ 3 M ~5° NPOU3BOJMTH ymobHee, yeM ¢ 13 nl3.

[Io cymecTBy, B OOJNBLUIMHCTBE CJy4aeB
CTpeMJIEHUE BBIAEJUTDH LEAYI0 4acTb ApoOH
BbI3BAHO TOJIbKO IIPUPOJHBIM KOHCEPBATHU3MOM,
a He CoObpaxeHUsIMM LEeeCO0OpPa3HOCTH.

Jlpo6u, Menbume 1, T0 ecTb APOOU, Y KOTO-
PbIX YHCJIUTE]Ib MEHbIle 3HAMEHATEJs, Ha3biBa-
10T NpaBWIbHBIMM ApoGsimu. UM Hao6Gopor, apo-
6, y KOTOPBIX YHUCJIUTENb OOJIbIlIE 3HAMEHATEIS,
Ha3bIBAIOT HETNPABHJIbHBIMH, TO €CTb Ja’Ke HAa3BaHUE
3TUX JIpobeii MMeeT OTTEHOK HEON0OpEHMUSI.

Tem He MeHee He caenyeT 3abbiBaTh, YTO
AeicTBUSA CO BCeMM APOOAMU NPOU3BOAAT IO
OJHMM U TeM e mnpaBujam. M c maremaru-
YeCKONX TOYKU 3PEHHUSI M T€ M APyrue Apobu
paBHBIM 00pPa30M MpPaBUJIBHBIE.

3HameHaTesb BCTynaer B HIpy

PaccmorpuMm npobs 3. Ee Bennumna paBHa

Wl

6
2,Ta1<1<a1c§=6:3=2.
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PA3BUTBIE YUCJIA

A 4TO MpoM30iiJeT, eCcaU YUCIUTEb U 3HA-

6 12
MeHaTeJib YMHOXHUTb Ha 27? 3 X 2 = rE Oue-

BHAHO, BEJIMYHNHaA Ilp061/l He M3MEHUJIACh, TaK

12
KaK " TaKKe paBHO 2. MOXHO yMHOXMTb 4HC-

18
JUTEJIb U 3HaMeHaTeab HAa 3 u NOJYYHUTDb ?,

162

UaU Ha 27 ¥ MOJNYYHUTH 81 WM Ha 101 u
606
NOYYUTb Zoo. B kaxIoM M3 3THX CJyYaeB

BeJIMYMHA APOOH, KOTOPYIO MBI IOJIy4yaeM, pas-
AeJUB YUCJIUTENb Ha 3HaAMeHaTeJb, paBHa 2.
JTO 03HAYyaeT, YTO BeJUYUHA ApoOH HE uU3-
MEHUJIACh.

Takas ke 3aKkoHOMepHOCTb HabsoxaeTCs
U B ciayyae apyrux apobeii. Eciu yuciaurens

120 "
U 3HAMeHaTeldb APO6H ¢ - (paBHnoit 2) pas-

30
neJUTb Ha 2 (pe3yJbTat @), wiu Ha 3 (pe-

40 30
3yJabTar %)’ unu Ha 4 (pe3ysbTaT E) u
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Atizex A3umos. YUCIIA

Tak Aajee, TO B KaXJAOM cJyyae BeJUYMHA

npobu ocTaeTcs HeM3MEHHON M paBHOH 2.
ITO NpPaBUJIO PacHpPOCTPAHSETCSA TAKXKe Ha

Apobu, KOTOpble HE paBHBI LEJIOMY YHCIY.

1
Ecau yucautenp ¥ 3HaMeHaTesb ApoOH 3 yM-

2

HOXHUTb Ha 2, MBbl IIOJIYyYHUM '6', TO €CTb BeE-

JUYMHA Apobu He u3MeHHJach. VI B camom
Jeje, ecJM Bbl pa3feJuTe MUPOT HAa 3 YacTu
U BO3bMETE OJHY U3 HUX WJIU Pa3IeJUTE €ro
Ha 6 yacTeif u Bo3bMeTe 2 4acTH, Bl B 060-
UX cJyyasiX [OJyuuTe OAMNHAKOBOE KOJIuYye-

1 2

CTBO Imypora. CJIGI[OBaTeJIbHO, YHucJja § 41 g

UJEHTUYHBI.

Cdopmyaupyem obuiee npaBuio. Yuciau-
TCJb ¥ 3HaMeHaTeJsb JI060H ApPo6U MOXKHO yM-
HOXUTb WJIM Pa3/leJIUTh HA OXHO U TO Xe YHCJIO,
¥ IpPU 3TOM BeJUYMHA JPoON He N3MEHSET-
cs. DTO NMPABUJIO OKa3bIBAETCSI OYEHDb MOJIE3-
HpIM. HanpuMep, oHO mo3BoJisieT B psiie Ciy-
yaeB, HO He Bcerjga, u3bexaTb omepauui C
GOJIBIIUMH YUCIAMHU.

94



PA3BHUTBIE YHUCJIA

HanpnMep, MBIl MOXEM pa3aejiuTb 4YHUC-

126
JUTENb W 3HAMEHATeNb APobu 189 HA 63 u

2 o
HOJYYUTHh APOOb 7, C KOTOPO# ropa3fio Mpolie

NpoM3BOAUTh pacyeThl. Emie oaun mpumep.

155

Yucautenb U 3HaMeHaTeJb J.Ip06ld ‘3_1 MO-

XKeM pasfgeauTh Ha 31 ¥ MOJAYYUTb APOOH

’

-} n

HUJIM O, MOCKOJBKY 5 : 1 = 5.

B aTOM mnpuMepe Mbl BliepBble BCTPETUJIUCH
¢ npobblo, 3HaMeHaTelb KoTopoi paBen 1. Ta-
Kde JpPoOU WrpaloT BaXKHYIO POJIb NPU BBIYUC-
nenusix. Criefyer IOMHUTD, YTO JII0OO€ YKMCTIO MOX-
HO pa3fesuTh Ha 1 M NpU 3TOM ero BeJWYMHA

509993
1
paBHo 509993 u Tak nanee. CienoBaTeabHO, Mbl
MOXKEM HE€ pa3fesiATh YKUCJa Ha 1eJble U Jpob-
Hble, TMOCKOJIbKY KaX/Io€ IeJI0e YUCJIO MOXHO
NpeICcTaBUTh B BHJAE APOOU CO 3HaMeHaTesneM 1.

C takumMu Apo6sMU, 3HaAMeHaTeNdb KOTO-
pbIX paBeH 1, MOXHO NPOU3BOAUTH TE XK€

273
He usMeHuTcs. To ecTpb —] PaBHO 273;
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Atizex A3umos. YUCJIA

apudMeTUuyecKkue NelCTBUSA, YTO M CO BCe-

15 30

15
MM OCTAJbHBIMH APOOSIMHU: T tT - 71

4 3 _ 12

11T 1

Bb1 MoxeTe cipocuTh, Kakoit IPOK OT TOTO,
4YTO MBI NPEACTABUM LIEJIO€ YUCJIO B BUIE APoOOH,
y KOTOpO# mnoja 4epToit GyaeT CTOSTb €IUHU-
11a, Belb C 1IeJIbIM YHMCJIOM paboTaTh yaobHee.
Ho aeno B ToM, 4TO mpejcTaB/ieHUE LEJIOrO 4YHC-
na B BuAe ApoOU NaeT HaM BO3MOXHOCTb 3¢-
(exTHBHEE TPOU3BOAUTDL PA3JUYHbIE NEHCTBUA,
KOrja Mbl UMeeM [leJI0O OJHOBPEMEHHO U C lle-
JIBIMHM, U C APOOHBIMU YHCJIAMH.

1 1

Hpennonoxch, HaM HaJao0 CJIO)KI/ITbg n g

M5l 3HaeM, YTO CKJIAABIBATH MOXKHO TOJIBKO T€
apobu, 3HaMeHaTe M KOTOPbIX PaBHBL. 3HAYUT,
HaM HY>XHO HAay4MTbCS NPUBOAUTH APobU K Ta-
KOMY BHUIY, KOTJa UX 3HaMeHaTeJu paBHb. B
3TOM CJyyae HaM ONSATh MPUTOAUTCSA TO, YTO
MOXHO YMHOXaTb YHMCJUTEIb U 3HAMeHATeJb
Apo6M Ha OJHO U TO Xe 4YHUCI0 6e3 u3MeHe-
HUS €€ BEJUYUHBI.
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PA3BHUTBIE YHUCJIA

Cuavana YMHOXHUM 4YHUCJINUTEJIb U 3HAMEHA-

1 )
TeJb Apobu 3 Ha 5. Momyyum 7=, BETMYM-

Ha ApobOU He M3MEHHUJACh. 3aTeM YMHOXHUM

1
YUCJIMTEIb M 3HAMEHATEIb JpooU 5 Ha 3. Ilo-

3

JIy4YUM E, OonATb BE€JIHMYHHA 1],p06I/I HE Hn3Me-

Hujaacek. CiemgoBaTeJbHO,

_3

+o-8
15715~

+ 15"

[SUIN
W] —
—_

v-l‘-*’

Tenepp monpo6yeM NPUMEHUTH ITY CHC-
TEMY K CJIOXXEHHUIO YHCeJ, COAEePXAIMUX KaK
1eJyIo, TaK U JPOoOHYIO YacTH.

1 1
HaMm Hazno caoxuts 3 +§ + 12. CHaua-

Jla nepeBeJeM Bce ciaraeMble B ¢opMy Apo-

Oeii u monyynm: — + 5 + 1 Teneps HaM Hazo

13

NpUBECTH BCe Apo6U K 06ueMy 3HaMeHarTe-
JII0, 711 3TOr0 Mbl YHUCJIMTEJb U 3HAMEHATENb
nepBoit Apobu yMHoxaeM Ha 12, BTOpoil —
Ha 4, a Tperbeil — Ha 3. B pesysbrate mno-
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Aiizex A3umos. YUCJIA

AydyaeMm — 38 + 4 + 15 4YTO PaBHO E. Ecau
12 12 12° 12

Bbl XOTUTE M306ABUTHCSA OT HENPABUJIbHOH [po-

6¥, ee MOXHO NpPEBPATUTb B YUCJIO, COCTOS-

ulee u3 mejaoi U ApobHOI yacTeil:

+ 0w
1

Sl &
Sloo

E;I\l

Jlpo6u, MeHbIIHE HYJsA

Bce mpaBuia, mo3BossAOININE IPOBOAUTH
omepamuu C ApoOSMH, KOTOPbIE MBI C BaMu
TOJIbKO YTO M3YYHMJIM, TAKXe CIPaBEAJUBH U
B cjJyd4ae oTpulaTeabHbIX yucen. Tak, -1 : 3

-1 1
MOXHO 3amucaTh Kak 3, a al:(-3) kak 3-

HOCKOJIbe KaK IIpH A€JCHHUHU OTPULATEJBbHOI'O
4YucJjla Ha IIOJIOKHUTEJIbHOE, TaK W IIpU JeJjie-
HHUH TOJIOKHUTEJbHOIO 4YHUCJIa HA OTpPHUHLATEJIb-
HO€ B pe€3yJjbTaTe€ Mbl MOJYy4YaeM OTPHLATEJb-
HbI€ YHUCJIa, B oboux CJaydasix Mbl IMOJIyYUM OTBET
B BHJAE€ OTpHULUATEJBHOro 4YucCJja. To ects

-1
(-1):3=—F wm1:(-3)= . 3HaK MHU-
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PA3BHUTLIE YHUCJIA

HYC IIpU TaKOM HalMCaHUU OTHOCHUTCS KO BCeM
ApobH LIEJTMKOM, A HE OTAEJIbHO K YUCTUTEIIO I
3HaMeHaTeJlo.
C npyroit croponsl, (—1) : (-3) MOXHO
-1
3amMcaTh Kak T3, a MOCKOJIbKY NpH [ese-
HUM OTPULATEJBHOTO YHUCJA HA OTPHULATEJb-

HO€ YHMCJO0 MBI NOJy4YyaeM TIOJIOXHUTENbHOE
-1 1
YMCJIO, TO —3 MOXHO 3aMMCaTh Kak +3.
CrnoxeHue U BbIYMTAHHE OTPHUIATETbHBIX
npobeit mpoBOAAT MO TOH Xe cCxeMe, YTO U

CJIO)KE€HHUE, U BDIYUTAHHUE ITOJIOXKMUTEJIbHBIX APO-

1
6eii. Hanpumep, uto Takoe 1 — 1§? [Ipen-

ctaBUM o06a yucga B BuUAe Apobeil U moiy-

1 4
YHM T - 3. [MpuBeneM npobu k obueMy 3Ha-

(1x3)
(ix3)

4
MEHATEJI0 U IIOJYUYHUM 'é’, TO €CTb



I'aaBa 3
PA3SBUBAEM HA JAECATKH

HN30eraem onepamnuii nejaeHus

[IpogomxaeM pa3buparbes ¢ ApobsiMu. Mbt
yoKe BBISICHWJIU, KaK YMHOXaTb U AEJUTb APOOH
Ha LeJible YMCaa. A KaK YMHOXHTb APobOb Ha
Apo6b MU pa3feauTb Apobb Ha APOGH?

1
IIpeanonoxuM, HaM HAZ0 Pa3feuTh Ha 2

yactu. Bce Tpu TpeTbUX YacTu BMeCTe COCTa-
BAT eauHuLly. Eciu kaxayio u3 3TUX yacTedl pas-
JEeJUTH TOMoJaM, MoJay4yuM 6 yacteil, KoTopbie
BMecTe Takxe cocTaBisAloT 1. [lockonbky kaxaas
M3 3TUX MEHBIUIMX YacTeil COCTaBJseT OJHY Illle-
CTyI0, MBI MOXX€M YTBepKJaTbh, YTO OJHa BTO-
pasi OT OJHOHW TpeTbell paBHAa OJHOW LIECTOH.
Paccyxnaasi TakuM >xe o6pa3oM, Mbl MOXeM IIO-
Ka3aTh, YTO OJIHA BTOpasi OT OJHOH 4YeTBepTOil
paBHa OJHOH BOCBMOH, a OJHA TPeTbsA OT OA-
HOM 4eTBEPTOU — COOTBETCTBEHHO OJHOM [ABEHA[-
HAToM.
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PASBMBAEM HA OECATKH

HeiicTBusi ¢ Apo6IMHU yIOOHO 3aMUCHIBATH B
Takoit opme:

1

1 1 11

1
—x S L=
3

t 1
’ S .
2 6 4 2 8 3 4 12
MbI HcoIb3yeM 3HAK «X», MOCKOJIbKY IIpa-
BUJIBHBI OTBET MbI MOJy4yaeM IPH [epeMHO-
XKeHUU 3HaMeHaTesed. A Kak O0OCTOUT 1eJo
¢ uncautenamMu? Ha mepBblil B3rasa Kaxer-
Csl, YTO YUCJIUTE]Ib He U3MEHsSeTCs, HO Belb
1 x 1 = 1. IloaTomy, 4TOOBI OTBETHTH HA ITOT
BOINPOC, HaJ0 BBISICHHTb, KaK OOCTOUT nAeso
c ApO6SMHU, YUCIUTENb KOTOPHIX OTJINYAETCS
or 1. [IpeamosioxkuM, HaM HAAO pPa3lAeJUTh
10 Ha nate paBHbIX yacted. Kaxpgas uyacte
6ynetr paBHa oxuHoil naTod ot 10. ITockoub-
Ky 10 : 5 = 2, cnenoBatenbHO, OfHA NSATasi YaCTh
OT JecsiTU cocTaBasieT 2. BripaxkeHue «ojnHa

1
nATad OT AeCATH» 3allMCbIBA€TCA KakK g x 10.

Tenepp mnonpo6yem mpencTaBUTb 3TO BbI-

1

paxxenue B Buae Apobu. Bo mepBbix, 5 MoO-

2
XeT ObITh mpeobpa3oBaHa B 7o €caH umc-
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Atizex Asumos. YUCJIA

JIUTEJIb U 3HaMeHaTeJIb leO6I/I YMHOXHTDb Ha

10
2. 3atem 10 MOXHO NMpeACTaBUTb KaK —, yM-

HOXXUTb YWCJUTEJb M 3HaMeHaTesb Ha 3 W IO-
30

NYYUTh .

1
Temnepp MbI MOXeEM CKa3aTb, YTO 3 X 10 —

2 30
9TO TO XK€ CaMoe, UYTO 1 X 3. Teneps, ec-

JU Mbl TEPEMHOXUM 4YHUCJUTENb HA YHCJIHU-
TeJb M 3HAMEHaTeJb Ha 3HaMeHaTeJb, TO IO-
30 60
ayyuMm 2 x — x 3, TO ecTb o, WIH 2, a
10 30
3TO MUMEHHO TOT OTBET, KOTOPbBId MBI OXHIa-

JIV TIOJIYYHUTb.
Paccmorpum apyroit npumep. IIpeamnoJio-

1 1
KHUM, IPpU NMEPEMHOXEHHUHU § X E Mbl HEpe-

6
-0 MHOXHUB YUCJTIUTEJIb

2 1Y

U 3HaMeHaTeJb COOTBETCTBEHHO Ha 4 MU Ha 6

4
BeJU Apobu B —

_4‘ ecn
4 )

4 6
Tenepb MbI UMeeM: - X 17 PaBHO 7

12
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PA3SBMBAEM HA JECATKH

IIpU MEepEeMHOXEHHUN Mbl CJIEAYEM CXEME€ <«YHC-
JIUTEJIb X YUCIUTEJIb», «3HAMeHaTeJIb X 3Ha-
MEHaTeJIb» . Tenepb pa3aeJiMM 4YUCJIUTEJIb U 3HA-

24 Ha 24 u no M !
4 - 2
a0 Ha AYYUM ¢,
TO €CThb TOT OTBET, KOTOPbId MbI CUMTAEM BeEP-

1

1
HBIM PE3y/IbTATOM NPH MEPEMHOXEHHH3 X .

TouHo Tak >Xe MPOBOAAT oONepaluu JeJie-
HUsA. YucauTesb JeJUMOrO AeJAT Ha YUCJHU-
TeJIb JIeJINTeNIsA, a 3HaAMeHaTeJb JeJUMOro — Ha

MeHaTeJib OTBETa,

10 5
3HaMeHaTesNb AeJUTeNs. -5 @ 7 = (10 : 5) :

2
: (21 :7), uam 3, HO 31eCh MOTYT BO3HUKHYTb

ocokHeHuss. UTo JesaTh B OAHOM WJIH 000OUX
CJIyyasix, ecyIU JieJieHue Halleso HeBo3MoxHo? Torna
MOXET OKa3aThCsl, YTO U YUCJIUTEIb, 1 3HAMEHaTe b
6yxyT npeacraBisitb coboit Apo6H, TO eCTb MbI TO-
Jy4uM ApoOK BHYTPH ApOGE.

K cuactpio, Takoro fgeseHuss MOXHO W3-
6exatb.

JlaBaiiTe BepHeMcsl K Halleil mpejbiAylleit
3ajgave, korga Mbl Aeaunu 10 Ha 5 paBHBIX
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Atizex A3umos. YUCJIIA

yacTeii. Mbl MOJy4YUaIu OTBET 2 B 06OUX CIHY-

1
3 Yucao 5

yagx, To ectb 10 : 5 u 10 x
S

MOXHO MPEeJCTaBUTb B Bujae Apobu T a aTy

Jpo6b MOXHO pacCcMaTpHBaTh KakK IMepeBep-

1
HYTyI0 ApOoOb 3 Takue apobu, To ecThb ABE

ApoOH, y KOTOPBIX YMCJUTENIb NEPBON paBeH
3HAMEeHATeJII0 BTOPOM 1, HA060pOT, 3HaMeHaTeJb
nepBoil Apo6W paBeH YHUCJIUTENIO BTOPOM, Ha-

S
3bIBatOT 06paTHbIMU. O4eBUIHO, 7 — ?To nepe-

1 1 S
BepHyTas Apobb =, TO eCTb APOOM = M - $IB-

5 1
JITIOTCS OOpPaTHBIMM, TOYHO TaK Ke 0OpaTHBIMU
2 3 55 26

ABASAIOTCA Apo6u 3135 apobu % U5 U

Tak fAajnee. /laynee, ecsiu Mbl yTBepkJAaeM, YTO
npu gesnenuu 10 : 5 MBI mosyuyaeM TOT Xe

1

pe3yJibTaT, 4YTO U npu yMHOXeHuu 10 x 3

9TO O3Ha4YaeT, B CBOIO Oo4Yepenb, YTO IpU Je-
JIEHUHW Ha JaHHO€ YHUCJIO Mbl NOJy4Ya€M Ta-
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PASBHUBAEM HA JECATKH

KO# e pe3ysbTaT, KaKk U IPU YMHOXEHUH

Ha yucao, obpatHoe nanHoMmy. (O6paTtuTe BHU-

MaHHe, YTO TOJBKO JAeJUTeJb MOXXHO 3aMe-

HATb Ha OoOpaTHOe YHUCJO, K AEJUMOMY 3TO

He OTHOCHMTCHA.) PaHbiie Mbl ¢ BaMu yxe y6e-
10 ) 2

AMJUCD, YTO o @ - = 3. [IpeanosoxumM,

BMECTO AeJleHUud MBI IPOBEJIHW YMHOXEHHE Ha

10 7 70

obpaTHy10 1po6B: 51 %35 " 105 Tenepp pas-

JAeJIUM YHUCJ/IUTEJIb MU 3HaMeHaTeJlb 3TOM Apo-

2
6u Ha 35. Mbl noay4um 3 TO €CTb HMEHHO

TOT pe3yJbTarT, KOTOprf;I U OXHUAAJIU MMOJTYUYHNTD.

5 2
Tenepp Mbl MOXeM IOAEIUTD 7 Ha 3, He

omacasch MOJyYduTb APOGH BHYTpU ApoGeit, mo-
CKOJIbKY BMECTO J€JIEHUs Mbl IIPOBEJEM yMHO-
KeHue Ha 0OpaTHYIO ApOOb.

5] 2 5 3 15

7 13 T7 X 3 M NOJYYAM OTBET .

IIpu nepeMHoxeHuu apobeit cienyetr mom-
HUTb, 4TO TOPSJAOK, B KOTOPOM IlepeMHOXa-

1oTcs Apobu, He uMeeT 3HayeHus. Hampumep,
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Atizex Asumos. YUCIIA

10 7 10 7

57 X =T — 3TO TO Xe caMmMoe, 4YTO = X .
21 5 ’ S 21

7
B nepBom city4yae Mbl nosydaem otBeT 10 x 51 5,

7
a Bo BTopoM — 10 x 3 % 21, HakoHell, B 060-

HX CJaydYadX Mbl nojsiydyaeM pe3yJsbTaT m, nJIn

2
(nocne penexHus Ha 35) 3

Crnenyer oTMETHUTH, YTO BTOPOU BapHaHT

10 7
ynobuee. B nepBoM BapuaHTe Apobu 51 15

HEBO3MOXHO COKpPaTHTb, BO BTODOM Bapu-

10 7
aHTe Apobu S M 57 JIerKo cokpamaiorcs.

10 2 7 1 §
S — 9TO 7, a 57 — 3TO 3, TaKUM 0O6pa-
10 7
30M, BHIpa)eHHe — X — npeobpa3oBaIoCh
2 2
B T X 3.
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PASBHMBAEM HA JECATKH

Ynobuee paboTaTh C MEHBLUIUMHU YHMCJIAMH,
N03TOMY OOBIYHO YHCJIHUTEJNb U 3HAMEHATeJb
Apobu JesiAT Ha OJHO M TO e YKMCJIO, He AeJias
HUKAKUX [ePeCcTaHOBOK.

Hanpuwmep, B npumepel X % MOXXHO pas3-
JleJIUTb YUCJIUTENb OJHOM Apo6U M 3HaAMeHa-
TeJIb APYroi Ha ofHO U TO e yuciao (7). Toraa
BBIpaXKEHHE YNPOIaeTcss U npuobpeTaeT BUL:

1

17
0% 7 Takoil npuMep pelaeTcss ropa3ao

Jierdye, OTBET %, npuyeM, padyMeeTcs, KaKuM
6bI METOJOM MbI €r0 HM pellajid, OH He W3-
MeHsierca. Ho BTopoi#t cmoco6, ¢ mpuBjeye-
HUEM COKpallleHus1 ApoOe, 3HAYUTEIbHO JIerye.
[IpueM «cokpameHusi» Apo6eil Mpu nmepeMHO-
’K€HUU HACTOJbKO yH06€eH, 4YTO MHOTHe yye-
HUKHU TIBITAIOTCA BHEAPHUTb €ro M MPH CJIOXKe-
Huu. Ho B aTOoM ciyuae mpuem He pabGoTaer.

7 17
Cymma 11p06eu 70 T 49 — 9TO COBCEM He TO

17

1
ke camoe, uto 5 + — . Cymma mepBoro
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Atizex Asumos. YUCJIA

513 1239

BHIPAXEHHUs PABHA o0, & BTOPOro — —o 0.
TpynHocTs 3aki0yaeTcss B TOM, YTO HpHU
CJIO)K€HUH HeOOXOAUMO TPUBECTH Apo6H K 06-
meMy 3HaMeHaremo. B JaHHOM ciyyae 3TO MOX-
HO cJeJslaTb, YMHOXHB YHCJIUTEJb U 3HAMEHa-
TeJqb NMepBOM Apobu Ha 49, a uucauTe b U

3HaMeHaTeJsib BTOpoi apobu — Ha 10. Torna Mbl

33, 170
TOMYYUM — o0 190

Ju Apo6M K o6lieMy 3HaMeHaTeJlo, COKpauie-
HHe Apobu TepsieT BCAKHIA CMbICI, IOTOMY YTO

Kak ToJIbKO BbI IIpuBe-

OHO NpHUBEJET K TOMY, 4YTO 3HaMeHaTelu ApO-
Geit onatb OyAyT pa3/M4yaTbCsi, TO €CTb CJIO-
XKeHHe CTAHOBMUTCSI HEBO3MOXHbBIM. Tak 4yTo mpu
CJIO)KeHUM Jpobeii coBeTyI0 BaM 3a6bITb O CO-
KpallleHnH.

CtpouM 1po6u cTporo B psij

Hano ckasatp, 4to ¢ apo6samu He Bce-
raa yno6so paborats. Kak 6b1 HM 3anmucanu

1
apo6s, 1 1/2, mmu 17, nau 1!/,, oHa Ha-
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PA3BMBAEM HA JECATKH

pyluaeT CTPOWHOCTb U JIOTUYHOCTb MO3ULIU-
OHHOMN 3amlucu 4YuceJ.

3
CkaxeMm, 4uCJIO 314BZ MOJHO pacnucaTh

IIpU TOMOIIY NO3UIIMOHHBIX BEJIUYUH. ITO TPU
THICSAIUM NJIOC OJHA COTHS HJIIOC 4YeTblpe Je-
CATKA IJIIOC TPU eJWHHUIIBI U IJIIOC TPU YeT-
BepThbix. [loka MbI He go6pasuch IO 3TOM 3JI0-
10Jy4HO# Apobu, Bce ObI0 Joruuuno. Ilpu
1epexoje cjJeBa HallpaBO KaxJasd CjeAylolias
NO3U1UMs PaBHA OJHOW AECATON mpeabiayLIeil.

1
Apyrumu caoBamu, 1000 x 0 - 100;

1 1
1OOXE=1O;1OX‘1—O=1.

Bce mpekpacHo, HO mo4yeMy HYXKHO OCTa-
HaBiuBaTbca Ha eauHuue? Ilouemy 6b1 He mpo-
JAOJKMTb 3TOT PpsJ HAajbliie HampaBo, B 00-
J1IacTb, MEHbUIYIO €JUHUIIbI?

1 1
OH 6yzer BHIIAAETh BOT Tak: 1 x 0= 10

1 L SR RS SR B
10 10 ~ 100’ 100 * 10 ~ 1000 Y TaK Aa-

|
X
|
|
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Atizex Asumos. YUCJIA

jgee. Takum o6pa3oM, ecJd HPOAJHM IO3H-
LIMOHHBbIH psii B 06JIaCTh YWCEJ, MEHBIIUX eIu-
HHUI[bI, Mbl TOJIyYHUM JECATbIE, COTbl€, ThICSY-
Hble U Tak jAaJjiee.

1
Tenepb paccMmoTpum Apo6b 5 Ecau mb

YMHOXXUM YHUCJIUTEIb U 3HAMEHATEJb Ha OAHO
U TO K€ YUCJO, B JAHHOM cJy4yae Ha 5, Be-
Ju4YrHA ApoOU MpU 3TOM He U3MeHHUTCsA. B

1 S
p€3yJjbTaTe MOJYyYUM 'é‘ = E IJTo O3Haua-

1
eT, 4TO 4YuCcJa0, noaobHoe 552—, MOXHO Mpej-

S
CTaBUTb B BUIE 555, HIN 55,5, UJH IATb-

JleCST HATh LEJbIX U NATh AecATbiX. Mbl onsTh
HOJIYYUJIA MO3ULMOHHOE YHCJO, HO Telepb y
Hac ecTb ApoOHasl 4yacTb, OTHeJIEHHasl OT Le-
JOM YacTH 3angatoi. Uuciao 55,5 MO3UIMOH-
HOe, U ero MOXHO NpOYeCTb KaK MNATb Je-
CSITKOB ILJIIOC MATH €ANUHHUIL IJIIOC MNATh AECSThHIX.

3 .
PaccMoTpum elie ogHy ApoOb, 1 Ecnu mbr

YMHOXHM 4YUCJIUTEJb U 3HaAME€HaATeJlb Ha OAHO
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PA3BUBAEM HA JECATKH

" TO X€ 4YUCJIO, B JaHHOM CJIy4Yae YK€ Ha 25, u
IIpu 3TOM BEJIMYHUHA I[p061/1 He u3MeHUTcsa. B

3 75 70 5

pe3ysbTate MnoJy4nuM Z = 100, HJIN E(‘)' + m,

7 S
umd 15+ 100 ITO O3Hay4aeT, YTO YHUCJIO, IIO-

75
100’
WK 55,75, WM NATHAECAT NATb LIEJbIX U CEMb-
JeCAT TMATb COTbIX. Mbl ONSATH MOJYYHUJIH [IO-
3ULIMOHHOE 4YMCJIO, U Telepb y Hac ecTb APOG6-
Hasl 4acTb, OTJAEJIEHHas OT 1[eJION 4acTH 3alsATOM.
Yucao 55,75 MO3UIIMOHHOE, U €r0 MOXKHO MPO-
YeCTh KaK NSTh JAECATKOB ILJIIOC MSATh €JHHHIL
IJIIOC CEMb AECATHIX IJIIOC MSATh COTHIX.

[ pobu, mpeacraB/ieHHble B BHje€ ONpeje-
JIEHHOTO KOJIMYECTBA AECSATHIX, UJIU COThIX, WJIU
TBICAYHBIX W TaK jJajee, TO €CTb B BHE IO-
3UILIMOHHOTO YHMCJIA, HAa3bIBAIOTCH J€CATHYHBIMHU.
3ansdTasi, oTAe sAIas LEJyI0 YacTb OT Apo0-
HOM, Ha3bIBaeTCsa AECATHUYHOH 3amATOMH.

JlecaTuuHyI0 Ap0o6b, MEHBINYIO € IUHUILH,
MOXHO O6bl10 6bl 3amucath kak 7. Ho cyme-
CTBYyeT peajibHasi BO3MOXHOCTb TOTrO, YTO B
mpoilecce BBIYHUCJAEHHWN 3HAK 3amsiToil moTe-

3
n06Hoe 55— MO>HO IPEJACTaBUTh B BHUE 99—
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psieTcst U Apo6b NMpeBPAaTUTCS B IieJIOE YHC-
jg0. IloaTomy BbI6panu Takyio ¢opmy 3amnu-
CH, KOrja OTCyTCTBylomas Liejasi 4acTb 3a-
MeHsIeTCs HyJieM, M Hala ApoOb npuobperaeT
Bua 0,7 (To ecTh HOJb eAHHHIL] NJIOC CEMb
JecSTbIX, HO MOXHO CKa3aTh IIPOCTO CeMb Jecs-

7
ThIX). Kpome ToTO, 10 MOXHO 3anucarh Kak 0,70,

niau 0,700, nau 0,7000, wau 0,700000000000.
Jlo6aBieHne COTOro, ThHICAYHOTO, AECATUTHI-
CAYHOTO U TaK JaJjiee 3HAKOB IIOCJIE MOCJIe-
JHEro 3HAYallero Yyucaa B AeCATHYHOM ApoOU
HEe U3MeHSeT €€ BeJHYHUHBI.

OcCHOBHOE MpPEUMYIECTBO JeCATHYHBIX
Apobeil 3aK04YaeTcss B TOM, YTO CJIOXKEHHUE
M BbIYMTAHHUE MOXXHO NPOU3BOAUTH, He AYy-
Mass o apo6HO#l YacTH, U OMEPUPOBATH C
APOGHBIM YHCJIOM KakK C 1eJbiM. MOXHO BOC-
MoJb30BaThCcsl M cueTaMu. [las 3Toro psn
eMHUI] HAJ0 PACIOJIOXHUTb MOCEpEeIUHE cye-
TOB, BBEPX HAYT pPAAB [AECITKOB, COTEH,
ThICAY W TaK Jajiee, a BHHU3 JeCAThie, CO-
Thie, ThICAYHbIE M Tak Aajee. Ha takux cue-
TaX MOXHO CKJaJAbIBaTh M BBHIYMTATh U COTHH,
A COThble, U THICAYH, U THICAYHBIE M TakK
naee.
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aecarkun toicsd |
toicik | H—

corin |HHHII—

necatn |HHHHN—
ennanunt |HIHHHHN—

AECATbIE

COTbI€E
ThbICAYHbBIE
JAEeCATHUTbICAYHbIE

Cuerbl 1151 A€CATUYHBIX APOOei

Te >xe mpaBuJa CrpaBelJIMBbI NP NOACYE-
Tax Ha Gymare. IIpeanosioXuM, HaO CIOXKHUTD

1 3
15 + 12, COXpaHsis BbIpaXkeHHe B OOBIYHBIX

npobsx. CHavyana HaJo MPUBECTH APOOU K BUAY

3 7
5 t 3 3aTeM NPUBOANM HMX K O6uieMy 3Ha-

6,7 B3t
MeHaTeslo 4 UTO PaBHO &, MM .

A Temepb MpoOBeJEM CJIOXKEHHE B AECATHY-
HBIX APOOsX.

1

13
5 = 1,5, a i 1,75.
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[IpoBeneM clioXeHHe B CTOJOUK:
1,50
+ 1,75
325

OO6paTuTe BHUMaHHe, Mbl 3aMIMUCAJIHA YHCIO
1,5 B Buge 1,50 notomy, 4to y BTOpOro 4yucja
ecTb 3Hayvamas uudpa B paspsae coTbix. Ecan
MBI 3TOTO He clejlaeM, TO BO3HUKaeT ONacHOCTb
omnOKKU U3 32 HEMPaBUJIbHOM 3aMHCH:
1,5
+ 1,75

B necAaTuuHbIX leO6$IX MbI HOJYYHUJIK OTBET

2 B)
3,25, nmm 3 IJIOC 15 TIOC Joo. Ecnu tenepsn

1
IMPOBECTHU CJIOXKEHHE, MBI IMOJTyUYUM 3-, TO eCTb

TOT OTBET, KOTOPbIi MbI IPU3HAIN MIPABUJIbHBIM.

Ha npakTuke HeT HMKakod Heo6XOAMMO-
CTU MEPECKAKUBATH OT NECATHYHBIX Apobel K
06b1uHbIM Ap06siM. OCBOMB OfHAXK/IbI AEHCTBHS
C AeCATUYHBIMU APOOSAMHU, Bbl CMOXETE C UX
IOMOIIBIO HPOBOAUTH BCE PacyeThl OBICTPO M
OTHOCHUTEJIBHO JIETKO.
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AMepuxaHCKHii 3aApaBblii CMbICJ
H aMepHMKaHCKas 6ecCMbICIHIa

[IpumepoM TOro, HaCKOJIbKO yAOOHA u 3¢-
(exTHBHA JecsiTepUYHAsI CUCTEMA, SIBJISIETCSL aMe-
pUKaHCKas JeHexxHas cuctema. OHa sBageTCS
JecaTepuyHoOi no cBoeit mpupone. Paccmorpum
ee, HAYMHAs C CaMbIX MEJIKMX MOHET, JaBHO BbI-
weamnx u3 obpaumenuns. 10 muneid paBubl 1
ueHty, 10 uesroB paBusl 1 maiimy, 10 maiimoB
paBHbl 1 posnapy, 10 monynapoB paBHBI OJHO-
My uray. (Ha camoMm nese HU MWW, HA UIJIBI
IpaKTUYeCKU He UCHOJb3YIOTCS, HO HaM cei-
yac BaxkeH npuHuun.) Wraom (uam opjaom)
paHbllle Ha3blBaJU 30JI0TYI0 MOHETY HOMHUHA-
jgom B 10 monnapos, koTopyio yekanuiau B Co-
enuHenHbix Illtatax. Ha3Banue MoHeTa moJsy-
yuaa OGaarogapsi opJy, CHUMBOJIY CTpaHbl,
nzobpaxxeHHoMy Ha peBepce. B Benukobpura-
HUU 30JI0Tasg MOHeTa Ha3bIBaJaCb COBEPEHOM,
TMIOCKOJIbKY Ha Hel 6blI0 M300paXkeHne MOHapXa,
cyBepeHa. Ceituac 30J10Tble MOHETbI BBILIJIU U3
obpallleHus, U Ha3BaHUS <«HUTJ» U <«COBEPEH»
TaK)Xe IOCTENleHHO 3a0bIBalOTCSI. A paHblle
VMeJld XOX/eHHUe He TOJIbKO WMIJIBI, HO U JBOM-
Hble uribl (20 707apOB 30JI0TOM), MOJIOBHH-
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KU UTJIOB (5 J0JIJIapOB 30JI0TOM) U YE€TBEPTHHKH
uryios (2,5 posnapa 30J10TOM).

[lecaTepuyHas cucTeMa pacnpocTpaHs-
ercsi Ha Oosbmue cymmbl. Tak, eamHuuna
C-HoyT — 310 100 gonnapos, a rpana — 1000
J0J171apoB.

Bnaronapsi Tako#t cucreme Bce AeHeXHbIe
CYMMbI MOXXHO BCera pacnucaTh B BUIe Je-
caTUYHBIX Apobeit. Ecaim y Bac B kapmane 13,26
noJiiapa, 3HAYMUT, Bbl uMeeTe 1 mecaTuIOJ-
snapoBbiii 6aHkHOT, 3 6aHKHOTA no 1 gosna-
Py, 2 AecATHIX JoJijapa, TO ecTb 2 naiima,
6 coThlX AoJsijapa, TO eCTh 6 LIEHTOB.

Ho, B0o3MOXHO, y Bac gpyrue KyHiopbl
u MoHeTsl. Hanpumep, 1 natuzonnapoBas
Kynopa, 1 kymniopa B 2 goJjJjapa, ogHa OJ-
HOJOJIIapOBasi KyMmiopa, 5 MoJyaoJiapos, 9
MOHET 1O 4YeTBePTH AoJjIapa, 4 Aaiima, 2 HU-
kensa U 1 meHHn. OQHAKO HOMHUHAJbl BCEX
3THUX CTPaHHBIX MOHET BCErja 3aMUChiBAlOT-
ca B Bule pecaATuuHbXx aApobeii. IMongonna-
pa HHKOTJa He 3amucbiBaeTcsa kak $1/2, a
tonbko kak $0,5. YerBepTr moasapa Bce-
raa samuceiBaetca kak $0,25; maiim kak
$0,10, Hukeap xak $0,05 u, HakoHel, MIeHHHU
kak $0,01.
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(MoxHO 3anuchIiBaTh HOMHHAJIBI HE B J0JI-
japax, a B LleHTaxX, HO U B 3TOM cJyyae je-
CSTEPUYHAs] CUCTEMAa COXPAaHSETCH.)

Mbl Bce Tak MPUBBIKIN K yAOOCTBY je-
CATEePUYHOU CHCTEMBI NPU JEHEXHBbIX Olepa-
LUSX, YTO YK€ He 3aJAyMbiBaeMcs 006 aToM.
Onnako Takas CHCTeMa CYIIeCcTBOBaJa He Bce-
rna. Crapas 6puTaHcKass JAeHeXHas CHCTe-
mMa OblJIa OCHOBaHA Ha JAPYrdUX NPUHI[UIMAX.
Camoit Menkoit MoHeTOU Obin ¢apTulr, 4
¢apTuHra coctaBasau 1 meHHH, 12 meHCOB
coctaBagaau 1 wuanauur, a 20 MWHIJIUHTOB
— 1 byHT. AHrIMYaHaM MPUXOJUJIOCH HeJIer-
KO, KOrJa HaJgo ObLJIO 3aHUMAThCs AEHEXKHBIMU
noacuetaMu. Kak cinoxuts 4 ¢pynra, 8 mui-
JIUHTOB, 2 neHca U 15 GyHTOB, 19 WIUATHHTOB
u 11 nmencoB? (OTBeT coctaBuT 20 GyHTOB,
8 wuaauHros, 1 mMeHHW, HO a8 He cobupa-
I0Ch 00DBSACHSATDH, KaK 5 MOACYMTAN ITY CYM-
my). B cBoe Bpemsi GPUTAHCKUM IIKOJbHHU-
KaM MPUXOANJIOCH TPATUTh YUMY BpeMeHHU AJis
TOrOo, 4TOOBl HAYYUTHCH OMEPHUPOBATDH C Je-
HEeXXHbIMU eAUHHIIaMHU. B To ke BpeMs ame-
PUKAHCKUE IIKOJbHUKW HAYMHAJHU JIETKO OC-
BaMBaTh apU(PMETUKY, KAK TOJAbKO K HUM B
PYKH monajaiau mnepBble MOHETKH.
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OnHako U B AMepHKe I0CTaTOYHO GeccMbic-
JULB B TOM, YTO KacaeTcs eJUHUI U3Mepe-
HUS, IpaB/ia, He J€HEeXHbIX, a eMHUL U3Me-
peHus AJWHBI, Beca U o6beMa. BosbIMHCTBO
CTpaH MHUpa, 3a uckiawodyeHueM CoeAMHEHHBIX
IlITaToB U elle HECKOJBKHUX TOCYAapPCTB, YXKe
JlaBHO Mepelo Ha METPHUYECKYIO CUCTEMY MEP
U BecoB, npuHATywo emie B 1791 roay Bo Opau-
1117078

MeTpuueckas cuctema siBaseTcs JAecs-
TepudyHou. PaccMoTpuM ansa nmpumepa eAu-
HULB AMuHbl. OCHOBHAsA eIMHUIA JJIUHBI B
MeTPUYECKOH cucteme — 3To MeTp (KOTO-
pbiii paBed 39,37 awoiima). OT 3TOH eJUHUIBI
U nmoJsyuusa Ha3zBaHue Bcs cuctema. (Ciao-
BO «MeTp» MpPHUULJIO K HaM H©U3 JATBIHHU
(metrum), rae OHO O3HAyaeT <«U3MEPSATb».
[IpucTaBK¥M A/ pa3IUYHBIX €AUHUL] JJTUHBI,
O KOTOPBIX 5 PacCKaxy HHUXe, TakxXe IpU-
W U3 JaThIHU W rpeyeckoro. ['peyeckue
IPUCTABKM UCHOJb3YIOT AJis 0003HAYEHUS
eAMHHL, 6onbmux MeTpa (AeKa — AecsTh,
TeKTO — CTO M KHMJIO — ThicAYa), a JaTUHC-
KHe — JJis eAWHHUI], MeHbllle MeTpa (JAeuw,
CaHTHU M MHUJJIHM — 3TO COOTBETCTBEHHO Je-
CSTb, CTO M ThiCSYA).
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JleciTb METPOB COCTaBJSAIOT AeKaMeTp, Je-
CATb JleKaMeTpOB — OAUH TeKTOMEeTp, a Je-
CATb TEKTOMETPOB — OJUH KUJIOMETP. MOXHO
NOUTU B CTOPOHY yMeHbuieHusi. OxHa necs-
Tasi yacTb MeTpa — 3TO OAUH AellMMEeTp, OJHA
aecsATas 4acTb JeUMMeTpa — 3TO OAUH CaH-
TUMETP, a OJHA JecsATas 4acTh CAHTUMET-
pa — 3TO OAWMH MHUJIJIHUMETP.

ITO O3HayaeT, YTO €CJU KaKoe-TO paccTo-
sSlHWe PaBHO 2 KHUJIOMETpPaM, 5 TeKTOMEeTpaM,
1 nexametpy, 7 MeTpaM, 8 neuumerpam, 2 caH-
TUMEeTpaM U 9 MIWLIMMeTpaM, 3HAYUT, 3TO pac-
ctossHue paBHo 2517,829 merpa. C Takumwu
MepaMH MPOCTO MPOBOAUTH JIOOBIE BHIYMCTIE-
Hus. CkaxeM, ecjii y Bac eCTh AiBa 0ObEKTa,
OIMH NJUHOU 2 MeTpa, 8 neuuMeTpoB U 9 caH-
THUMETPOB, a APYroi AJUHOU 5 MeTpOB, 5 ne-
LIMMETPOB U 5 CAHTHUMETPOB, TO obuas AJu-
Ha ABYX 00beKTOB cocTaBUT 2,89 + 5,55 uau
8,44 MeTpa, uau, YTO TO Xe camoe, 8 MeT-
poB, 4 nenumeTpa U 4 cCaHTUMeTpa.

A Temepb naBaiiTe CPaBHUM 3Ty CHCTe-
My C aHTJIMACKONW M aMepUKaHCKOH cucre-
Moif namepenus AauHbl. OCHOBHas €JWHU-
la B 3TOH cucTeMe — JI0OHM. 12 nH0HMOB
coctaBasgiot 1 ¢yr. 3 dyTra cocTraBasOT
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1
1 spa. 55 sipAia cocTaBJseT oauH pox, 40 pozxos

paBHbl 1 ¢epionry, a 8 depsonroB — ato 1
MuJsA. ITO, pa3yMeeTcs, CAHULUIKOM CJIOX-
HO, M poabl M (epJIOHTU B HallX AHU MpaK-
THYECKHU He UCHOoJb3yloTcad. bpljo npuns-

1
To, uTto 1760 sApaoB (55 x 40 x 8)

coctasasioT 1 mumw. IlonpobyiiTe ka Temneps
MOACYUTATh, YeMy OyaeT paBHSTHCSH CyMMa
1 munu u 1632 apaos niaioc 2 Muau u 854
apaa. OrBetr: 4 Mmuau u 762 spaa. UuTe-
pecHo, aorajaeTtechb JU Bbl, KaK S MOJYYUJI
3Ty CyMMY U CMOXeTe JU MOBTOPUTb MOH
pacueTsl.

Tenepn nepeiizeM kK 60ojiee MEJKUM €dU-
Hunam. [Tonpobyem caoxuth 3 apaa 2 ¢pyTta
8 moiiMoB u 5 sApaoB 2 ¢yTa u 7 AIOHMOB.
OTtBet: 9 apunoB 2 ¢dyra u 3 awoiima. Kak s
3TO COCYMTAN?

AMepUKaHCKUM UIKOJbHUKAM MPHXOAUTCS
TPaTUTb yiIMYy BPEMEHH Ha TO, YTOObI HAYYHUTHCS
o6palaTbCsi C 3TUM Pa3sHOOOpa3ueM eJUHMII U3-
MepeHHs. A Bellb, IOMHUMO e[HHULl AJIUHBI, €CTb
ellle eTUHUIIBI 06BEMa, Beca, IJIOWAAN, U Kax/aas
U3 3THX CUCTEM HM3MepeHUS BKJIOYAET MacCy
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CJIOKHBIX U GECCMBICTIEHHBIX 3JIEMEHTOB. Pa3y-
MeeTCsl, LIKOJIbHUKM HUKOTJa TOJIKOM U He 3Ha-
I0T BC€X 3THX eJUHHUIl U COOTHOLIEHUIN MeXIy
HUMM.

Hdetsim B Poccum ropasao jerye. ¥ Hac
IPUHSATA MEeTPUYECKasi CUCTeMA, C KOTOPOH HeT
HUKAKHX XJIOMOT.

[Touemy xe B Coennnennbix lllTatax u Be-
JIMKOOPUTAHUM He TepexolaT Ha YAOOHYIO MeT-
puueckyo cucteMy Mep? Bo-mepBbiX, B Hallu
JIHU 3TO NMOTpebyeT 3HAYUTENbHBIX KAKTAJIO-
BJIOKEHUH, MOCKOJbKY BCE€ CTAHKH, UHCTPY-
MEHTBl U CUCTEMbI KOHCTPYUPOBAHUS MPUAETCS
epeBOJUTb HAa HOBYIO CUCTEMY HU3MepeHUH.
Ho ocHOBHOe npensiTcTBUE — 3TO NPUBEPXKEH-
HOCTb TpaauuusM. JIioau HEOXOTHO OTKa3bI-
BAaIOTCSA OT NMPUBBIYHBIX CTEPEOTHIIOB, U IJIA
TOTO, YTOOBI CKJIOHUTbh MX HA CTOPOHY HOBOIA
CUCTEMbI, NOTpe6GOBaMCh OBl MPUHYAUTEIb-
Hble MEPbI CO CTOPOHbI MMPABUTEJIbCTBA. A 6pH-
TAHIIBl U aMEPUKAHIIBl HEe MPUBBIKJU K MpU-
HYXXJAEHUIO. ITO TOXe TpaAULUA.

B To xe BpeMs u OpuUTaHCKHe, U aMe-
PUKAHCKHE y4YeHble yXe JaBHO Iepeljyd Ha
MeTpuyeckylo cuctemy. Ilpuyem B Amepu-
Ke ee UHOTAa NMPUMEHSIOT CaMbIM HEOXHAaH-
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HbIM oOpasoM. Hampumep, korga akoHomu-
cTaM ¥ GAaHKOBCKHUM PabOOTHHKAM MPUXOAUTCS
MPOBOAUTH ONEpalldu ¢ GOJbIIMMH CyMMa-
MU JleHer, OHM MIYTJIUBO Ha3bIBAIOT UX <«KHU-
nobakcamMu» (ca0Bo «bakc», obo3Hayalliee
N0JJ1ap, TMPUIULJIO B Pa3rOBOPHYI0 pedb M3
CJieHTa UTPOKOB B MOKep). MusinoHbsl 6akcoB
aHAJIOTHYHO Ha3biBalOT «Merabakcamu». (Ipe-
YeCcKoe CJIOBO «Mera» 0O3HayaeT «0OoJIbuIoi».
B MeTpuueckoii cucteMe 3TO CJI0BO 0003Ha-
yaeT MUJIJIUOH.)

Onpene.naeM MOJIOKE€HHE
AECATHYHOro 3HaKa

SI mymaro, BBl COTJIaCUTECh CO MHOM B TOM,
4TO CHCTEMa AeCATUYHBHIX Apobeit momobHa pao
Ha 3eMJie, OCOOEHHO eCJIM ee CPaBHUTb C CHC-
TeMOl 06bIuHBbIX Apobeit. Ho kak y mo6oro pas
Ha 3emJie eCTb 00OpPOTHas CTOpPOHA, TaK U Y
CHCTEMbI JECATUYHBIX APOOeH ecTh CBOU HEMIO0-
ctaTku. Hanpumep, Heo6X0auMO OYeHb TINA-
TeJbHO CJEAUThH 3a IMOJIOKEHHEM eCATUYHOI
3anAaToMu.

HampuMep, pacCMOTPUM IIPUMEP YMHOXe-
uusa: 0,2 x 0,2.
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Bbi MoxeTe monpo6oBaTh PEMIUTh 3TOT HPH-
Mep MO aHAJIOTUHM CO CJOXeHueM: 2 + 2 = 4
Takxke 2 x 2 = 4, TOrAa, TMOCKOJbKY
0,2 + 0,2 = 0,4. Bosamoxso, u 0,2 x 0,2 = 0,4?

HeTt, sTOro He MoxeT 6bITh, U 9 ceifyac
JAOKaxy BaM 3TO.

[lepeitneM 06paTHO K OOBIKHOBEHHBIM JPO-
65iM, C KOTOPbBIMM MBI Hay4YUJHUCh TaK XOPO-

2
mo obpamarbes. 0,2 = 10 - Temepp nepeMHo-

2 2 4

KM I[p06l/l o CTapOn METOAUKE: E ﬁ = H)B

(YUCTUTeNb YMHOXAa€eM Ha YHUCIUTENb, 3HA

4
MeHaTeJlb Ha 3HaMeHaTesb). A 100 B Aecsd-

THYHBIX Apo6sax — 310 0,04. CienosaTenbHO,
0,2 x 0,2 orHoap He paBho 0,4. 0,2 x 0,2 =
= 0,04. MbI MOXXEM PeLINTD ellle HECKOJIbKO TpHU-
MepOB Ha YMHOXXEHUE JeCATHYHBIX Apobeii, 3ame-
HAA MX Ha 9KBUBAJIEHTbI B OObIMHBIX poGsix. Hampu-
mep: 0,82 x 0,21 = 0,1772, a2 0,82 x 2,1 = 1,772.
(3TO MOXXHO MPOBEPUTH CJAEAYIOMUM 0OPa3oM:

82 21 1722 82 21 1722

—_— x — =

100 * 100 ~ 10000’ 2100 * 10 ~ 1000
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Tenepb Mbl MOXeM cHopMyaUpPOBATH 00-
uiee MPaBUJIO: IPU MEPEMHOXEHUU AeCcsATUY-
HBIX Apobeit KoauyecTBO NUPP crpaBa OT Ae-
CATUYHOM 3amATON B OTBETe PAaBHO OOIEMY
KOJIMYeCTBY IUPP cnpaBa OT AeCATUYHOH 3a-
NSATOW B MEePEeMHOXKaeMbIX YMCJaX.

Tax, npu ymuHoxenuu 0,2 x 0,2 obugee
KOJINYecTBO UUPp crnpaBa OT AeCATUYHOMN 3a-
NSTOH B NMEpPeMHOXaeMbIX YUCJIAX PaBHO 2,
U 3TO o3HayaeT, uTo 0,2 x 0,2 = 0,04 (HOADB
crnpaBa OT JeCSATUYHOU 3ansATON TakxXke SABJIA-
eTcs 3Havyauleit uugpoin).

EcTecTBeHHO, YTO €CJid OAWUH U3 COMHO-
XKUTeJel sABAsSeTCS 1eJIbIM YUCJIOM, TO OH He
BJIUSIET HA MOJIOXKEeHWe AeCATUYHOU 3ansiTOH.
[TonoxeHne necATUYHON 3amnaTOd B NPOU3-
BefleHUH OyJeT TaKUM Xe, KAK U B TOM CO-
MHOXMUTeJe, KOTOPbIA SIBJAsSeTCS AeCATUYHOHN
Ipobbio.

To ectp 0,2 x 2 = 0,4; 1,5 x 5 = 7,5;
a 1,1 x 154 = 169,4.

ITHU pe3yJIbTaThl COOTBETCTBYIOT IIPABUIY YM-
HOXEHHs, ¥ B JIIOOOM Ciyyae KOJUYeCTBO 1udp
crpaBa OT AeCATUYHOW 3alSITOH B OTBeTe paB-
HO 001IeMy KoJinuecTBY Iudp cmpaBa OT Je-
CSITUYHOM 3amsATON B MEpPEMHOXXAaeMbIX YHUCTaX.
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OnpenesnTts moJjioxkeHue AeCATUYHOU 3a-
HSATOH B cjyyae JeJleHUS MOXHO IO aHaJo-
TUMYHON MeTOAuKe, AeHCTBYS B OOpPAaTHOM IO-
psaake. Ho o6bIYHO npu AeIeHWH MPOLELYPY
CTapalTCs YIPOCTUTb U NPUBOAAT JNEJUTEJD
WM 3HaMeHaTesb (eciau JejieHue MPOBOAST
C MOMOIUIbIO OGBIYHBIX APOG6Eit) K BUAY Iie-
JIOTO YHCJIa, He COoJeprKallero 3Havdallux 4u-
ceJl cIpaBa mocJie 3ansiTOM.

[Ipeanonoxum, Ham Hazxo 1,82 pasgenuThb
Ha 0,2. ITo BhIpakeHUWEe MOXKHO 3alHUCATh KakK
1,82
0,2
’)KaeM uucauTeab U 3Hamenatesb Ha 10. Toraa
1,82 x 10 (B COOTBeTCTBUU C NMPaBUJOM OI-
pe/lesieHUs TOJOXEeHUs AeCATUYHOrO 3HaKa)
paBsHo 18,20, uan 18,2, MoCKONBKY HOJB, CTO-
SIMA cnpaBa IOCJe TNocjenHed 3Hayalleu
uudpbl, He U3MeHseT BeJIMYMHBI YHCJIA U, CJe-
J0BaTeJIbHO, €T0 MOKHO OMYCTUTh. TOYHO TakK Xe
0,2 x 10 = 2,0, nau npocto 2 (IOCKOJbKY 2
NJIIOC HOJIb AeCSATBHIX pPaBHO 2).

CnenoBatesibHO, ApoOb MOXKHO 3amucaTh

18,2
KakK - 0 " Tenepb 3HaAMeHaTeJb SABJSETCH

. He uamenss BequuuHbl Apo6u, yMHO-

1[eJIbIM YHUCJIOM, CJyie10OBaTEJIbHO, I[P JAeJI€eHUH
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Atizex Azumos. YUCIIA

NOJIOXKEHUE NeCATHUYHOrO 3HAKa IOcJie 3arsi-
TOWl He MeHsieTCs, TaK Xe Kak M B cJjyuyae
nenenusi. Paz B uucauTesne OAHA 3Hayaumas
nudpa cupaBa nocJse 3ansATol, TO U pe3y.Jib-
TaT JOJKeH UMeTb OJHY 3Hauaumyio Hudpy

. 18,2
CIpaBa MOCHe 3aMATOH, TO €CTh —— = 9,1.

OcBoUB JejieHHEe AeCATHYHBIX APOOeit, Mbl
CMOXeM MepeBOAUTb O0O6bIYHbIe APO6U B ne-
catuyHble. [Ipeanonoxxum, HaM HYXHO Hail-

. 1
TH AE€CATUYHBIN 3KBUBAJICHT AJA 4—0 . MBI Mo-

1,000
_—, a
40
3aTeM Npou3BecTH AeseHue. I1ocKkoabKy MBI
JAeJUM Ha LeJoe YUCJO, TO MOJIOXKeHUe Je-
CATUYHOM 3amAToil He MeHseTcs. [IpoBenem
JeJieHHe:

’XKeM MpeACTaBUTb 3Ty ApoOb B BUIeE

025
40'1,000

80
200
200

0
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PASBMBAEM HA JECATKH

Takum o6pa3oM, Mbl MOKa3ajau, 4YTO J€-

" 1
CATHYHBII SKBUBANEHT - paBeH 0,025. 310

MO>XHO npoBepuTb, nepeBeas 0,025 B o6bru-
HYI0 ApoOb.
2 S 20 S

0,025 - 2 + > .
100 1000’ "™ J000 © 1000’

25
WM _oon s WAH €CJIM MPOU3BECTHU JlejieHne, TO

1
noJy4yum E, KakK Mbl U mpeArnoJarajiau.

Ilepeasuraem
NECATHYHYIO 3anATYIO

BepHemcs k mpuMepam ymHOXeHust Ha 10.
B npeabiaymux naparpagax Mbl YMHOXaJjau
1,82 Ha 10 u nonyuunu 18,2. O6pature BHU-
MaHHe, yTOo YMHOXeHue Ha 10 dakTuyecku
IPOCTO CBOAMUTCA K TOMY, YTO MbI IepeMe-
1maeM 3HaK JeCATUYHON 3amsTON Ha e€AUHHU-
1y BrnpaBo. TouHo Tak xe ymMHoxeHHe Ha 100
CBOJAUTCS K MepeMelleHUI0 3HaKa AeCITUYHOM
3amlsSTOi Ha ABe eJUHUIBI BIPAaBO, a YMHO-
>)keHue Ha 1000 — COOTBETCTBEHHO Ha TPH eIU-
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Atisex Asumos. YUCJIA

HULB. B 3TOM BB JIETKO cMOXeTe y6eauTh-
Csl CAaMOCTOSITEJIBHO.

Henenne Ha 10 cBoauTcs K AeicTBUIO, 06-
pPaTHOMY YMHOXKEHHUIO, B IaHHOM CJIy4ae K me-
peMelleHUI0 3HAKa JeCATUYHOUN 3ansaTod Ha
ONHY eAUHHLy BJeBO, AeseHue Ha 100 — Ha
IBe eIWHUIBI BJeBO, a AeieHue Ha 1000 —
COOTBETCTBEHHO HAa TPHU €JUHUIBI BJIEBO.

IMockoabky 1,82 : 10 corsacHo nmpaBuiy
obpaTHbIXx apobeit paBHO Takxe 1,82 x 0,1,
4YTO, B CBOIO ouepelb, paBHo 0,182. Takoit xe
OTBET Mbl OBl MOJYYHUJH, €CJIU ObI COTJIACHO
IpaBUJy IlepeMelleHUs AeCITUYHOU 3ansTou
nepeABUHYJIM 3aMATYI0 Ha OAWH 3HAK BJIEBO.

[Tockonbky yMHOXeHHE WJIM JeJieHHe Ha
10 mPUBOAUT MPOCTO K CABUTY MOJOXEHUS
NecATUYHO 3ansTol, y106HO mepeldTH K mpo-
LEeHTaM.

[aBHO CcTajsio MPUBBIYHBIM, YTO JIIOAU WU
OpraHU3alM¥, KOTOPbIE MPEeJOCTABASIOT J€HbIU
B JIOJIT, TI0Jy4aloT 06paTHO HOMUMO OIOJIKEH-
HOU CyMMBI OTpeJie/IEeHHYI0 J0OABOYHYIO CYMMY
B OIJIATy 3a MpeJOoCTaBJeHHE KpeauTa. ITa
CyMMa MOJIyYUJia Ha3BaHUE «IIPOIEHT».

JTa cyMMa NpeaoCTaBJseTCs B KauecTBe
KOMIIEHCalliM 3a TO, YTO KPeAUTOP OCTaeTCs
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PASBHMBAEM HA IECATKH

Ha Kakoe To BpeMms 6e3 CBOUX JeHEr, KpoMme
TOTO, OHA SIBJISIETCS] KOMIIEHCAal[Uel pHUcKa He
MOJIyYUTb CBOMX JeHer Ha3aj. Hampumep, ua-
CTHOE JINLIO UJIM OPTaHU3alusl MOTYT MOMNPO-
cuTh 6 [0J11apOB TOJOBBIX MPOLIEHTOB 32 KaX-
avle onoyxxeHHole 100 gonnapos.

[Tockonbky O4YeHb YAaCTO 3TU «IPOLEHTHI»
BBIYMCJISIOTCS U3 pacyeTa Ha Kaxkapie 100 gon-
7apoB (CJIOBO «IPOLEHT» MPHUILJIO K HaM U3
JIATUHCKOTO s3bIKa, Tle «per cent» O3HayaeT
«Ha COTHIO»).

OO6bIUHO TPH MOACYETE AOXOA0B, HALIEHOK
U KOMHUCCHOHHBIX, a TakXXe MHOTHUX JPYTUX
napaMeTpOB UCIOJb3YIOT MPOILEHTHI.

OpnuH npoueHTt — aro ¢aktuyecku 1 gosmap

1 o
Ha xaxasie 100, To ecTh 100" YT106bI HAUTH OAUH

TMPOLIEHT OT JIIOOOTO YMCJIA, HYKHO TEPEABUHYTH
MOJIOKEHUe JeCITUYHOI 3ansiToil Ha /iBe eUHM-
upl BaeBo. Tak, 1 mpoueHTt ot 1350 nosnapos
paBer 13,50 mosnapa. Cymma, cocTaBasoas
6 mpouenTtoB ot 1350, mo/xHA paBHATHCA 6 X

1
x (7g0) * 1350 = 6 x 13,50, nam 81,00.
JlecsaTb MPOLEHTOB KOMHCCHOHHBIX COCTAB-

10 1
JI T —— T UCXOAHOTO 4YyHucJja, TO eCTb —.
AT o0 © A 10

129



Atizex Azumos. YUCJIA

B aToMm ciyuae necsituuHas 3amsTasi nepeaBu-
raeTcd Ha oAMH 3HaK BiaeBo. A 10 mpoileH-
TOB KOMUCCHUOHHBIX cocTaBaT 135 moanapos.
WHoraa npu moacyeTax MpOILEHTOB BO3-
HUKAIOT HekoTopbie mpobiemsi. Hampumep,
1 MpoLEeHT KOMUCCUOHHBIX OT cyMMH 675,37
nonnapa coctaBut 6,7537 mosnapa. Insa npax-
TUYECKUX LeJieil He HY)XHO 6oJiblie ABYX 3Ha-
KOB IOCJe AeCATUYHOHU 3amsATON, M OCTalb-
Hble 1udpsl okpyrasoTcs. [locie okpyriaeHus
KOMHUCCUOHHbIE paBHbI 6,75. Bce 3T cooTHO-
IIEHNUS XOPOIIo paboTalT HPH AECATHYHOM Jie-
HeXHOMU cucreMme. [lyis crapoit 6putaHckoii ae-
HEXHOW CHCTEMbI IPOLIEHTHbIE UCUUCTIEHUS HE
oueHb ynobusl. He odenb mpocto Haiitu 10
npoueHToB oT 135 ¢yHTOB 10 MIHUATUHIOB.
ITo Mmoum noxcueram, 3to 13 ¢pyHToB 11 MIma-
JIUHTOB, NONPO6GYiiTEe COCYUTATD U BHI.

Hdecarnynbie a1poou 6e3 KOHIa

B necstuuHoi cucTeMe BO3HMKAeT MHOTIO Ce-
PbE3HbIX MPOOJIEM U IOMUMO ONpe/eIeHUs T0-
JIOKEHUS NEeCATHYHOTO 3Haka. /[eJlo B TOM, 4TO
HEKOTOpble APOOU HEBO3MOXHO IPEACTABUTH B
BH/i€ OOBIYHBIX [ECATUYHBIX 9KBUBAJIEHTOB.
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PASBUBAEM HA JECATKH

1
PaccmoTpuM, HanpuMmep, 3 [Tonpobyem

IpeACTaBUTh €e B BUIe AECATUYHON APoOH.
st TOro 4TOOBI BBHIYUCIUTD COOTBETCTBYIO

1
YO JECATHUYHYIO Ilp06b, HaAO0 3allucaThb §

1,00000000

KaK T U IIPpOBECTHU A€JI€EHUE Caeny-

OIUM 0b6pa3om:

— | ©
S

Her cMbiC/1a TPOLOXKATb AejIeHUE [alb-
e, Bbl yXKe y6eaUIuCh, YTO €r0 MOXKHO NpO-
N0JIXKaTh OECKOHEYHO.

1
JlecATUYHBIA 3KBUBAJIEHT [AJI 3 — 3TO

0,3333333333... u Tak nanee.
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Atizex Asumos. YUCJIA

B kauecTBe cjeaymuero npuMepa BO3bMEM

1
0b —.
11p0b7

1,00000000
IIpencraBum ee B BuAe — - M Ipo-

BeeM JieJIeHUe. (3Ty onepaiuio s MOJHOC-
ThIO A0Bepsio uutateno.) [Moayyaem caeny-
IOIMUH AeCATUUYHBIA 3KBUBAJICHT:

1
7 = 0,142857142857142857142857... u Tak
nanee. Obpaiiaio Baule BHUMaHHE Ha TO, 4TO

1
AeCATUYHBIM IKBUBAJTIEHTOM > sIBJISETCS 6ec-
KOHeYHasl Mepuoandeckas aecsaTudHass Apo0b.
JlecATUYHBIH 3KBUBAJIEHT sABJsgeTCcd 6ECKOHEY-

1
HOH ApOGbIO Kak B ciyyae 3, TaK M B CJy-

1 1
4yae '.'7', HO B CJJy4ae § Mbl uMeeM 6eCKOHed-

1

Hoe moBTOpeHue UUGPH 3, a B cayyae 7 -

6ecKOHe4YHOe TMOBTOpPEHUE MOCJe/J0BATENbHO-
ctu uudp 142857.
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PASBMUBAEM HA JECATKH

ITO npuMepbl MEePUOJHUYECKUX AECATUY-
HBIX Apobeii.

[Io cymecTBy, BCe AeCATHYHBIE APOOH
MOXXHO paccMaTpMBaTh KakK 6eCKOHe4Hble Ie-
pUOAMYECKHE, MOCKOJbKY B KOHIle J060ii
KOHEYHOH JeCATHUYHOW APOOU MOXHO MOCTa-
BUTh 6€CKOHEYHOE KOJIMYECTBO HYJiel U ee
3HayeHUe NpPHU 3TOM He u3MeHutcsaA. Hanpu-

1
Mep, AeCSTUYHBIH KBUBAJEHT 5 PaBeH 0,5.

Ho 3TO yucio MOXHO mMpeacTaBUTh B BUJE
0,5000000000000 ¢ 6eckoHEYHO MTOBTOPSIIOLMM-
Cs HYyJIEeM.

MHor/ia 6eCKOHEYHO HOBTOPSIOLIYIOCS LIUPPY
B MepUOAUYECKON AecaTUYHON Apob6u 0603Ha-

1
4aloT TOYKOH, MOCTaBiIeHHON cBepxy. Tak, 3

L] 1 L]
MOKHO 0003HayuTh Kak 0,3, a 5 Kak 0,50. Ecan

NIepHOMYECKY MOBTOPSIETCS TPYIIIA YKCEJ, ee 3aK-
JIIOYAIOT B CKOOKM M TOYKY CTaBAT Haj OLHOM
u3 uudp 3TOU ) A101858 Tak,

1
— = 0,(142857).
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Atizex Azumos. YUCJIA

JlleiicTBuTenbHo, a6y Apo6b MOXHO
NpeACTaBUTb B BUJ€e 6ECKOHEYHOTrO JeCATHUY-
HOTO 3KBHMBajieHTa (ma)e eciu 3Toi Gecko-
HEeYHO MoBTopswueics uudpoi 6yaer 0), u,
Hao6opoT, aob6ass 6eCKOHeYHasl epuoguyec-
Kas ApoOb MOXeT ObITh MpeJcTaBjieHa B BUAE
KOHEYHOM HeJeCATHYHON ApobH, TO eCTh B BUJIE
COOTHOUIEHUS I[€JIBIX YUCEJI.

Y Bac, KOHEe4YHO, BO3HUK BOIIPOC: a Kak ofle-
pPHPOBAaTh C GECKOHEYHBIMU MMEPUOAMUYECKUMHU
NEeCATUYHBIMHA JPOOSIMH TpHU apupMeTHIECKUX
neiictBusXx. MoXHO, HapuMep, UCIOJIb30BaTh
HelleCATUYHBIA 9KBUBAJEHT, CKaXkKeM, BMECTO

1
0,333333... ucnoanzoBars 3. Ho npu pemwe-

HUM CJIOXXKHBIX HaYYHbIX M MHXKEHEPHBIX 3a/ady,
KaKk HU CTPaHHO, 6eCKOHeYHble MepHoaAnYec-
KHe JecsiTHYHble JpoOU He CO3AAI0T HUKAKUX 3aT-
pyaHeHuit. OfHAKO CyLECTBYIOT APYTUe CJIOXK-
Hble B oOpalleHWH, HO HeoOXOAUMble IpH
pelleHNH Cepbe3HBIX MPOOJIEeM YKCJa, H O HUX
s BaM pacCKaxy B CJeAyIOIUX TJaBax.



I'nasa 6
GOOPMA YUCEJ

Eme HeMHOro rpe4yecKux pa3BJiedeHMil

I'peyeckue MaTeMaTHKU 3aHUMAJHUCh B OC-
HOBHOM TeoOMeTpHUeil 1 MHOrO BPEeMEHHU Hpo-
BOAMJIN MOJCYMTHIBAS KOJUYECTBO TOUYEK, pac-
MOJIOXKEHHBIX HA MJIOCKOCTU B opMe pasiiny-
HBbIX reoMerpuyeckux ¢uryp. KosnuectBo to-
YyeK, KOTOpble COCTaBJSIOT TPEeYroJbHUK, Ha-
3bIBAIOT TPEYTOJIbHBIMU YHCJAMMU.

TpeyI‘OJIbeIe H KBaJApaTHbI€ YUCJIA
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Atizex Asumos. YUCJIA

Mo HO npeacTaBuTh cebe CBEPXMUKPOCKO-
MUYECKUN TPeyrojbHUK, COCTOSIIUN U3 OJHOU
Touku. Tpu TOYKM Takke 0Opa3yiOT TPeyroJib-
HHUK, Y KOTOPOTO IO JBe TOYKH HA KAXKAOU CTO-
pose. Illectb Touek 06pasyIoT yxke GOJbIIHIA Tpe-
YTOJIbHUK, Y KOTOPOTO 10 TPUA TOYKHU HA KaXAOH
CTOpOHE, a JeCATb TOUEK — TPEYrOJbHHUK, Y KO-
TOPOTO IO YEThIPe TOYKU Ha KaXKJOH CTOPOHE.

Mo:kHO 3anucaTh TPEYrOJIbHbIE YHCJIA B DAL
1, 3, 6, 10, 15, 21, 28, 36, 45, 55 u Tak nanee.
Kaxx10e cieayioiiee TpeyrojbHOE YUCI0 06pa3yer
TPeyroJIbHUK, Y KOTOPOTO Ha KaXXA0W CTOpOHE
Ha OHY TOYKY 6GoJibiiie. Psii TpeyrosbHbIX YHCe
MOXHO NPOOJKATh OECKOHEYHO.

OO6paTuTe BHUMaHKE, P TPEYTOJbHbIX YH-
ces1 o6pasyeT onpeeIeHHYI0 3aBUCUMOCTb. Ilep-
BOe YUCJO paBHO 1, ciexayollee paBHO 3, TO
ectb 1 + 2, 3atem uzger 6, Toectp 1 + 2 + 3,
3atem 10, Toectb 1 + 2 + 3 + 4, 3atrem 15,
Toectb 1 + 2 + 3 + 4 + 5, u tak npanee.
3anoMHUB 3Ty 3aBHCHUMOCTb, BbI CMOXKETE IPO-
JOJIKaTh PSi TPEYTOJbHBIX YUCEJ CKOJIb YrOA-
HO J0JITO, HE COCTaBJISASI TPEYTOJbHUKOB U He
nepecuuTsiBass TOYKU. OnpenesunTb, ABIAET-
Cs I NAHHOE YHUCJIO TPEYroJibHbIM WU HET,
MOXKHO, TIPEACTABUB €r0 B BHAE PAa, NOA00-
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OOPMA YHCEJI

HOTO TpUBeAeHHOMY Bblile. Ecian 4nuciao Mox-
HO MpPEeACTaBUTb B BUJE CYMMBbI YHUCEJ, TAe
KaXKa0e cJaeaylolllee YUCI0 Ha efUHUILY GoJbine
NpeabIAYLIero, a IepBOe YNCJO SABJSETCS equ-
HULlEHd, TO 3TO YUCJO — TPEYTrOJbHOE.

Jliobas rpymnma 4ymces, KOTOpas MOXET
ObITh IpeACTaBJeHA B BUJE MOCJEJ0BATENb-
HOCTHU, MOJYUHSIOUIENCS KaKOMY-TO MpPaBuUJy,
obpasyet psia.

Yucaa, gpiasiomuecs KOJU4eCTBOM TOYEK,
M3 KOTOPBIX MOXXHO COCTaBUTb KBaApaT, TOXe
MOJXKHO TpeACTaBUTb B Buje psazaa. Kak u B
NpouJibid pa3, OAHY TOYKY MOXKHO paccMmat-
pUBaTh KaK CBEPXMUKPOCKOMHUYECKHNA YeThbl-
pexyrosbHuUK. YeTsipe TOUYKH Takxke oOpasy-
IOT YEeTHIPEXYTOJbHHUK, Y KOTOPOro MO JBe
TOYKM Ha KaxXJ0i cTopoHe. [leBATh TOYek 06-
pa3yoT yxe OOJNbIIMHA YeTHIPEXYroJbHHUK, Y
KOTOPOro 1O TPH TOYKU HAa KaXJAOW CTOPO-
He, a MIECTHAAL[ATh TOYEK — YeThIPeXyroJjb-
HHUK, Y KOTOPOTO MO 4YeThbipe TOYKH Ha KaxX-
0 CTOPOHE.

MoxHO 3anmucaTb YeTblpexXyroJjibHble Yuca
B pan: 1, 9, 16, 25, 36, 49 u Tak ganee. Kax-
J0e CJIefyI0lIee YeThIPEXYrobHOE YUCI0 06pa-
3yeT 4eThIpeXYroJbHHUK, Yy KOTODOrO Ha KaX-

137



Atizex A3umos. YUCJIA

I0#l CTOpOHE Ha OAHY TOYKYy Gojbuie. Psa ude-
THIPEXYTOJIbHBIX YHCEJ MOXKHO MPOAOJIXKATh Oec-
KOHEYHO.

[TpoananusupoBaB 4KcCJIa, COCTABJSIONINE P
YeThIPEXYTOJIbHbIX YUCEJ, Mbl YBUJUM, YTO OHHU
TOXe MOAYMHSIOTCS ONpeesleHHONW 3aBUCUMOC-
ta. HauHem ¢ 1. 31ech HeT BapHMaHTOB, €JUHU-
ua — aTo mpocrto exuHuna. Ho yxe 4 = 1 + 3,
pnanee 9=1+3+5 16=1+3+5+7mu
TaK Jajee.

Takum 06pa3oM, KaxkJ0e YHMCJIO SBJSET-
Ccs CYMMOMU IocJie[oBaTeJbHbIX HEYETHBIX UH-
ceJl, mepBo€e U3 KOTOPHIX €JUHUIIA.

CooTHoOuIeHWe MeXAY YUCJIaMU TPeyroJib-
HOrO M KBaJIPaTHOTO PSIJOB MMOKa3aHO Ha JHU-
arpamMe.

o 1 1 +3 +5 +7 +9 +11

00 +3
000 +4
0000 -
0000 0

CooTHollleHHS B pAAax TpEyroJibHbIX
M KBaJIpaTHbIX YUCEJI

138



OOPMA YUCEJ

Y rpexoB OblJ Takxe psii MeHTAaroHalb-
HbIX 4YHCeJ, KOTOpble NMpeJCTaBJeHbl HA PH-
CyHKe. ITOT P MOXHO pacCMaTpPHUBaTh Kak
HEKHUIl CUHTe3 TPeYTroJIbHBIX U YETHIPEXYTOJb-
HBIX psAAOB. Ecam Mbl MOCTPOMM HECKOJIb-
KO MATUYTOJbHUKOB TaKHUM Xe 00pa3oM, Kak
CTPOUJIM TPEYTOJIbHUKHU U YETHIPEXYTOJbHU-
KM, TO MOJYYUM 4YHCIOBOH psan Buzaa 1, 5,
12, 22, 35, 51, 70 u Tak ganee. ITO paAn
YyyceJ, KOTOpbIe MOJYYalOT CJAOXKEHHEM YH-
ceJ, OTAMYAKIIUXCA APYT OT Apyra Ha TPH.
[TepBbnlii useH psaga — aTo eanHula. Bropoii —
5, Toectb 1 + (1 +3) =1 + 4. Tpernii — 12,
Toectb 1 + 4+ (4+3)=1+ 4+ 7, ueTBep-
Toili — 22, Toectb 1 + 4 + 7 + 10, u Tak nga-
Jee.

ITeHTaroHasbHbIE YKCHA
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Atizex A3umos. YUCJIA

I'pexu u306penu u Apyrue reoMmeTpHuyec-
kue ¢uryps, MoJeJupylolihe YHCIOBbIE
psaasl. Yucaa, coctaBasiiouiue Takue Mnocle-
NOBAaTEeJbHOCTH, HA3bIBAIOTCS (QUIYPHBIMU.
HexoTtopbie ¢urypHbie yncia MOAEIUPYIOTCA
yXe He MJIOCKUMU (PUrypamu, Kak TpeyroJb-
HUK U KBaJpaT, a 0ObeMHbIMH, HaNpPUMEP
Kybamu. Takue KyObl TPyAHO M300pa3uTh Ha
PUCYHKe, HO €CJI4 Bbl BHUMATEJbHO MOCMOT-
pUTe Ha YUCJIOBOH PsAM, BBl CMOXeTe COCTa-
BUTb cebe Kakoe-TO MpeACTaBJieHHE O KY-
6uueckoir ¢urype wu3 Touek. Cepus
KyOuuyeckux yucen — ato paxa 1, 8, 27, 64,
125 u Tak pmanee.

Psap ky6uuyeckux 4mMces TakXKe MpeaCcTaB-
JsieT coO0U PSiZi CyMM HEYETHBIX YMCEJI, MPaB-
la, 3TH CYMMbl He HAUYMHAIOTCSA C €JUHUILHI.
[TepBoiit uneH psaa — 3To 1, BTOpoit — 8 uau
3 + 5; Tperuit — 3t0 27 wau 7 + 9 + 11,
yeTBepPTHH — 310 64 uau 13 + 15 + 17 +
+ 19. Kaxnaas rpynma yuces, KOTOpble Hajo
CYMMHDPOBaTb, HAYMHAETCSA C HEYETHOTO YHC-
Ja, clefyollero 3a TeM, KOTOpoe 3aBeplua-
JIO IpeABbIAYIIYI0 CYMMY, @ KOJIHUYECTBO CJa-
raeMbIX B KaXJOH cjeAyMOllel cyMMe Ha OJHO
6osibllie, 4€M B MpebIAYINEH.
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OOPMA YHUCEJ

Ky6w1

Bockauuare bHblii 3Hak |

Bce psiiibl, KOTOpPBIE MBI 10 CHX IO pac-
CMaTPHBaJii, COCTABJASIOTCS NMPU MOMOIIH IO-
BTODHBIX omnepauuii cioxenus. Ho cymecTtByioT
¥ JpyTHe BUJAB PANAOB, HAPUMEP PsAl, KO-
TOPbIA COCTaBJIIETCS NPH MOMOINHM IOBTOP-
HOTO YMHOXEHHUS.

[IpeanosioxxuM, y Bac eCTh YeThIpe pa3-
HOLIBETHbIe OYCHHBI, KOTOPblE Haf0 HaHU3aTh.
CKONbKO Pa3jiM4HbIX LBETOBBIX COYETAHMI
MOHO COCTaBUTb U3 ITUX OYCUH?

[IpeamosioxuM, y Hac KpacHas, xeTas, ro-
nybasi u 3eseHas 6ycunbl (Ha caMoM fee A
3TOro mpuMepa moaouuty Osi Mobwie usera). Ha-
4aTh PAJ MOXHO C JII0OOTO 1[BE€Ta, 3HAYMT, Y HaC
eCTh 4eThipe BO3MOXHBIX BapuaHTa. BoibupaeM
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Atizex Asumos. YUCJIA

OAHY U3 HUX, TOTJAa HaM HaJ0 HAHU3AThb elle
TPH, CJ€eA0BaTENbHO, Y HaC ecTb 4 X 3, uau 12
BO3MOXHBIX BapuaHToB. OcTajnoch eme ase Gy-
CHHbBI, 1 Bbl MOXKeTe HAaHM3aThb WU OAHY U3 ABYX
octaBIIUXCS OyCHH, YTO AaeT Ham 4 X 3 X 2,
Ui 24 BO3MOXHBIX BapuaHTa. Temepb y Hac
0CTasach TOJNBKO OfHA OYCHHA, CJIEN0BATENbHO,
y Hac ecTb 4 X 3 X 2 X 1, unu 24 BO3MOXHBIX
BapuaHTa. Ha pucyHke npeacTtaBieHbl Bce BO3-
MO>KHbIE 24 BapuaHTa I[BETOBbIX KOMOWHAIHIA.

> X > ¢ > 3 > ka3 (1)

> 3 > c > wx3c (2)

K > ¢ > x> 3 > kox3 (3)
> 3 > kX > ke3x  (4)

> 3 > X > ¢ > x3xc (9)

> ¢ > X > k3cx (6)

> K > ¢ > 3 > xke3 (7)

> 3 > ¢ > xx3c¢ (8)

X > > K > 3 > xcxk3 (9)
> 3 > kK > xc3k (10)

> 3 > K > ¢ > x3kc (11)

> ¢ > K > x3kc (12)

> K > x> 3 > cox3 (13

> 3 > X > cox3 (14)

c > x > K > 3 > cxk3 (15)
> 3 > K > cx3k (16)

> 3 > K > x > c3xx (17)

> x> kK > c3xk (18)

> K > x> c > 3rxc (19)

> ¢ > x > 3kcx (20)

3 > x > K > c > a3xke (21)
> ¢ > K > 3xck (22)

> ¢ > K > x> 3ckx (23)

> x> K > 3ckK (24)
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OOPMA YMCEJI

Mbsl BUAMM, YTO YKCJIO 24 MOXKHO NpeacTa-
BUTb Kak mnpousBeseHue 4 x 3 x 2 x 1. Uc-
HOJIb3Ysl TaKOH K€ MOJAXOMA, MbI MOXXEM COCYH-
TaTh BO3MOXKHbIE BADUAHTHI KOMOMHAIMI M3 CEMU
OyCHH pa3JIMyYHBIX 11BeTOB. KosmuecTBO Takux Bapu-
aHTOB cocTaBiasteT 7 X 6 X 5 X 4 x 3 x 2 x 1,
unu 5040. Takoii ke pacyeT MOXHO MPOBECTH
U AJs 1000ro APyroro Kojau4ectsa OYyCHH.

[TocnenoBaTesbHOCTH, COCTaBJIEHHAS Mepe-
MHOXEHHEM IOCIeI0BaTENbHbIX YHCEJ, Ha3bi-
BaeTcs (pakTopuasoM. Hampumep, BoipaxkeHmne
«4 X 3 X 2 x 1» Ha3biBaeTcst «dakTopHuan 4»,
0 caMoMy OOJIbLIIOMY YHCJY B 3TOH MOCJ€eno-
BaTeJIbHOCTH COMHOXUTesNed. TOUHO Tak ke psif
7x6x5x4x3x 2x 1 HaspiBaerca «pak-
Topuan 7». O6bpr4HO A1 0603HaueHUs akKTo-
pHaJia MCHOJIb3YIOT BOCKIMLIATeNbHBIN 3HaK. Tak,
«(pakropuan 4» — ato 4!, a «baktopnan 7» —
310 7! Mcnonb3oBaHne BOCKIMIATETbHOIO 3HAKa
BIIOJIHE 0OOCHOBAHHO — BOCKJIMLATENbHBIN 3HAK
CBUJETEICTBYET O TOM, YTO YHCJa B TOCJe-
JI0BaTeJbHOCTH YBEJIMYUBAIOTCS OYEHb OBICTPO.
Pan 1!, 21, 3!, 4! u Tak manee — 3TO TO Xe
camoe, uto 1, 2, 6, 24, 120, 720, 5040, 40 320,
362 880 m Tak masee. /[BamiaThiii 4J€eH 3TOrO
psina, win 20!, paBen 2 432 932 008 176 640 000.
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KBaapatsl, KyObl M Tak Aajee

Temneps, ecqiu Mbl ONSATH BEPHEMCS K Tpe-
YroJAbHBIM M KBaJpaTHbIM YHCJIaM, MbI Jier-
Ko ybexmMmcss B TOM, YTO HapsAy C 3aKOHO-
MepPHBIMHU COOTHOUIEHUSMH, BKJIIOYAOIMUMHI
OTEepalMU CJIOXEHHUS, CYLeCTBYIOT 3aKOHOMEp-
Hble COOTHOUIEHHWS HAa OCHOBE YMHOXEHHS.

BepHemcs B TpeThio riaBy, Ile s paccka-
3bIBaJl BaM O TOM, KaK OMNpeAeJuTh IJIOIAaAb
kBaapata. Haneioch, Bbl HOMHHTE, YTO IJIOIIAAb
KBaJpaTa cO CTOPOHO#, paBHOW 1 (Hampumep,
OAHOMY CaHTUMETPY, OAHOMY MeTpy WJH JIO-
6oii Ipyroil efUHUIILI U3MEPEHUS [IIUHBI), PaBHA
1 x 1, TO ecTb eqUHUIlE IIJIOIAU, OMHOMY KBaJ-
PaTHOMY CaHTHUMETPY, OLHOMY KBaJpaTHOMY MeT-
py WM KBaapaty Jil060# Apyroii eJuHMULbI H3-
MepeHus AuuHbL [lnomans kBagpaTa cO CTOPOHOH
2 paBHa 2 X 2 = 4. Temnepp, eci1u Mbl pac-
CMOTPUM CepHUIO KBaJIpaTOB CO CTOPOHaMH, paB-
ueiMu 1, 2, 3, 4, 5, 6, 7 u Tak manee, TO UX
njaomanu 6yaAyT paBHbI COOTBETCTBEHHO 1, 4,
9, 16, 25, 36, 49 u Tak ganee.

ComnocTaBuB 3TOT psif ¢ TeMH PALaMU, KO-
TOpble MBI PacCMaTpPUBAaJIU B NpeAbIAYIIAX Pa3-
nenax 3TOHW rjaBbl, BbI YBHUAUTE, YTO Iepes
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OOPMA YUCEN

HaMU psSA KBaJpaTHbIX YHCeJ, KOTOPbI 3a-
nMcaH He B npexHeM Buae 1, 1 + 3,
1+3+5 16,1 +3 + 5 + 7 u tak nanee,
a B Buje npousBesenus 1 x 1, 2 x 2, 3 x 3,
4 x 4,5 x%x 5,7 x 7 u tak painee.

Temepb paccMoTpuM Ky6, TO ecTh Tpex-
MepHYI0 UTYPY, Y KOTOPOH eCTh AJHMHA, IIH-
pPHHA U BBICOTA, IPUYEM BCE OHU PABHBI MEXIY
coboii. [IpumepoM KyOOB i1 Bac MOTYT ObITh
KYOUKH /I KaKOW-HUOYAb HACTOJBHOM UTPHI
WU urpajibHbie KocTu. O6beM Kyba BBIYHUC-
JsieTcsl MEepeMHOXKEHWEeM IJHWHbBI, IIHPUHbI U
BBICOTHI. J[0Ka3aTb 3TO MOXHO C MOMOUIbIO
TOM K€ METOJUKH, KOTOPOU MBI MOJIb30BAJIHCh
B TpPeThbeil rjaBe, BBIYUCJASA IJOIAAb KBai-
paTa MU NPSAMOYTOJIbHHUKA, KOTAA MEePEeMHO-
XKaJu AJMHY U WHPHUHY.

O6bem Kyba cO CTOPOHOU, paBHOU eAM-
HHIle, PABEH COOTBETCTBEHHO OJHOM KyOHUeCKOit
enurune (1 x 1 x 1 = 1). O6beM kyba co
CTOPOHOM, paBHOH 2, paBeH COOTBETCTBEHHO
2 x 2 x 2 =8, uIu BOCbMU KyOM4YeCKUM eau-
HullaM. MOXHO IPOJOJI)KUTH TaKHUe BBIUMC-
JIEHUsI, U TOT/Ia MbI TIOJIY4UM, YTO 06beM Ky6OB
co croponamu 1, 2, 3, 4, 5, 6, 7 u Tak nanee
paBeH cooTBeTcTBeHHO 1, 8, 27, 64, 125, 216
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M Tak jgajee. ITH YKMCJIA MOXHO IpPeACTAaBUTh
BBuae 1 x 1 x1;2x2x 2;3x 3 x 3;
4 X 4 X 4,5 x5x05 6x6x6u rtak
pajee.

W kBagpaTsl, U KyObl JIETKO NPEICTABUTD,
TaK KaK MbI YaCTO BCTpedyaeM Takue QpUIypHI
B 00bIieHHON xu3Hu. Ho MOXHO oTOHTH OT
reoOMETPUYECKUX MpeJCTaBJIEeHUN U COCTAaBUTH
YHCJIOBOW PpsAA, TIe KaxJoe YUCJIO sSBJseTCH
Ipou3BeJeHUEM YeThIpeX, NATH, UJIH IIeCTH,
uian J1060r0 Apyroro KoJHYeCTBa OAMHAKO-
BbIX COMHOXMTeJIEH.

[TocsienoBatebHOE TTEPEMHOXKEHUE OTHOTO
M TOTO e 4yucJa Ha cebs caMoe siBAsSEeTCA OIle-
palnuei, KOTopasi OYeHb 4aCTO MCIOJb3yeTCs B
MatemaTuke. B cBoe BpeMs, Koraa Mbl paccMar-
PUBAJIM MMOBTOPHbIE MHOTOKPATHbi€ OMEpaIUU
CJIOXKEHUS, Mbl BBEJIN HOBO€E MOHSATHE U HOBYIO
MAaTEMATHYECKYIO OMEpPALUuI0 — YMHOXEHHE.
Hanpumep, mbr 3amenusaun 6 + 6 + 6 + 6
Ha 6 X 4. TouHo Tak Xe 4acTO HCHOJIb3Yye-
MYIO omepanuio yMHOXeHuss 6 x 6 x 6 x 6
MOXXHO KpPaTKO 3amucaTh NPH MOMOIIU HO-
BOTO CMMBOJIa, CTEIIEHHOr0 BhIpaxeHus: 64

YTo o3HauaeT 6*? ToJabKO TO, YTO MBI IIe-
peMHOXaeM 4ucjo 6 Ha camo cebsi yeThipe
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®OPMA YHCEJ

pasa, uau 6 x 6 x 6 x 6. Yucno 105 — 3to
10 x 10 x 10 x 10 x 10, a 32 — 3t0 3 x 3.

MoxHo 3amucaTh psJ KBaJApaTOB YHCEJ
(12, 22, 32, 42, 52, 6%, 7% u TaKk jajnee) U pAn
Ky6oB umcen (13, 23, 33, 43, 53, 63, 7% u Tak
najnee).

Yucso, koTopoe HabpaHO MeNKUM pUd-
TOM CIIpaBa BBEPXY OT OCHOBHOTIO YHCJIA, Ha-
3bIBaeTCs MOKa3aTeJieM CTEeNeHH, WU 3KCIO-
HeHTOM. Ywucyo, comepxkaiiee 3KCIOHEHTY,
Ha3bIBAeTC SKCIOHEHIIMAAbHBIM YyncJoM. Yuc-
JIO, KOTOpOe BO3BOAST B CTeNeHb, TO €CTh
YMHOXalOT caM0 Ha cebs, Ha3bIBAalOT OCHO-
BaHMEM SKCIIOHEHI[MaJIbHOrO yucyaa. B Boipa-
)KeHUHu 6% yucao 6 — 3TO ocHOBaHHe, 4 — IK-
CIIOHEHTA.

[ToBTOpHOE MEpeMHOXEHUe YUCJIa Ha ca-
Moe ceOs1 Ha3bIBaeTCSd BO3BEAEHUEM B CTEIEHb.
Tak, 6% — 3To 1WIeCTh B YeTBEPTOU CTEMEHH,
a"asoruuio 10° — 3TO gecaTh B MATOH CTe-
neHu. MoXHO TakXke CKa3aTh MPOCTO: IIECTb
B YeTBEPTOM WM AecATh B msAToi. 32 u 33
MOXHO Ha3BaTb KaK TPY BO BTOPOHM WUJIU TPH
B TpeTheil, HO Yalle, CaeAys rpe4yecKod Tpa-
ALY, UX Ha3bIBAIOT TPHU B KBaJApaTe WU TPH
B KyO0e.
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Kak 06ojiTuch 6€3 yMHOXKeHUA?

JKCIOHEHI[MaJbHble 4YHCJA OTKPHIBAIOT
6osbIIME BO3MOXKHOCTH, OHU MO3BOJIAIOT HaM
npeo6pa3oBaTh YMHOXEHHE B CJOXEHHE, a
CKJIAZBIBATh TOPA3/0 Jierdye, 4eM YMHOXATh.

Hanpumep, Ham Hano ymMHOXUTb 16 Ha 64.
[IpousBeseHre OT YMHOXEHUS 3THX ABYX 4YU-
cen paBuo 1024. Ho 16 - 310 4 X A4,
a 64 — 910 4 X 4 X 4. To ectp 16 Ha
64 = 4 x 4 X 4 X 4 x 4, uto Takxke paBHO 1024.

Yucno 16 MOXKHO TIPeICTaBUTh TaKKe B BUZE
2x2x%x2x 2, a64dkak 2x2x2x2x
X 2 X 2, ¥ ecIi IPOU3BECTH YMHOXEHUE, MbI
onsaTth noayuyum 1024.

A Temepb MCHOJIb3yEM 3KCIOHEHIUATbHBIE
BbipaxkeHus. 16 = 42, uau 24, 64 = 43, unau
25, B To xe BpeMs 1024 = 6% = 45 uam 2'°.

CnenoBaTesibHO, Hally 33a4y MOXHO 3a-
nucaTh mo-apyromy: 42 x 43 = 45 unam 24 x
x 26 = 210y kaxabiii pa3 mMbl momydaem 1024.

Mbi MOXXeM pelIuTh PSii aHAJIOTHYHBIX TTPU-
MEpOB M YBHAMM, YTO KaXXAblii pa3 MPaBUJIO
CJIOXKEHUS TMOKa3aTesJell CTeNeHU, UIU IKCIO-
HEHT, MPU YMHOXEHWH CIpaBelJINBO, pa3yMe-
eTCcs, MPU TOM YCJIOBHUH, UTO OCHOBAHHUS KOM-
MJIEKCHBIX COMHOXXUTEJIE PaBHBI.
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Takum 06pa3oM, Mbl MOXE€M, He MPOM3BO-
ISl YMHOXEHHS, Cpa3y cKasaTh, 4To 2% x 22 X
x 21 =220 3 84 x 87 = 7308.

ITO NMpaBUJIO CIIPAaBEAJIMBO TaKXe U MPHU
JleJIeHUY, HO B 3TOM cJiyyae 3KCIOHEHTa Jie-
JINTEJIS BBIUMTAETCS M3 3KCIOHEHTHI JAeJMMOro.
TaxuMm obpasom, 2° : 23 = 22 yTO0 B 0OOBIU-
HBIX yKcaax paBHo 32 : 8 = 4, To ecTp 22.

C nepBOro B3rysila MOXeT [MOKa3aTbCs, YTO
TAKOH MeTOJA He oueHb yaobOeH, BeAb CHauyajia
HaZ0 NpeACTaBUTb YMUCJO B 3KCIOHEHIUAJb-
Hoi ¢dopme. HeTpyaHo nmpeacTaBUTb B TaKOM
dopme uyucsaa 8 u 16, To ectp 23 u 24, HO Kak
3TO caesaTh ¢ yucaaMu 7 u 17? Uau kak mo-
CTymaTh B Te€X CJAyYasiX, KOTAa YHUCJIO0 MOXKHO
MpeACTaBUTh B 9KCIOHEHLMAJAbHON opme, HO
OCHOBAaHMSA 3KCIOHEHI[UAJIbHBIX BbIPAXKEHUH YH-
ceJl CWIBHO pasauyaiTtcsa. Hampumep, 8 x 9 —
310 23 X 32, U B 3TOM CJydyae MbI HE MOXeM
CyMMHpPOBaTh 3KcroHeHThl. Hu 2° u uu 3° He
SABJISIIOTCS OTBETOM, OTBET TaKXe He JIEXKUT B
UHTEepBaje MeXAY 3TUMH JBYMS YHCJIAMHU.

Torzma cTouT M BOOOIIE BO3UTHCA C 3TUM
MeTonoM? BesycioBHO ctout. OH AaeT orpom-
Hble MPEUMYIIECTBA, OCOOEHHO MPHU CJOXKHBIX
¥ TPYNOEMKHUX BBIYMCJIEHHUSX.
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Ilnsa toro 4ytoObl Jerye ObLIO ABUraThCs
nanblie, AaBaiiTe MogpoOHEee PaCCMOTPUM IIO-
HSITHE SKCIIOHEHTHI U TonpobyeM aaTh eii Goee
060011eHHOEe TOJKOBaHHUeE.

Jlo cux mop MbI CYHUTAJHU, YTO IKCIOHEH-
Ta — 3TO KOJHMYECTBO OJUHAKOBBIX COMHO-
XuTejeii. B 3ToM cayyae MUHMMaJbHas Be-
JIMYHMHA 3KCHOHEHTH — 3T0 2. OQHAKO ec/u
MBI TIPOM3BOJAUM OINEPALHUIO JeJeHUs YHCE,
WJIU BBIYMTAHUS 3KCIOHEHT, TO MOXEM IO-
JYYUTh TaKXe YHCJIO MeHblle 2, 3HAaYuT, CTa-
poe ompenejeHure Hac GoJibiie HE MOXET yc-
TPOUT.

BosBpamaeMcs K HyJIIO
H ONMyCKaeMcsl HUXKe

Hanpumep, 16 : 8 = 2. Ilockoabky
16 = 24, a 8 = 23, caenoBaTeJbHO, AEJIEHUE MOXK-
HO B JKCIIOHEHIL(MAJbHOM BHJE 3alKcaTh Kak
24 : 23 = 2, HO ecqiu Mbl OyneM BBHIYMTATh K-
croHeHThl, To 24 : 23 = 2! Takum obpa3som,
HaM MPUXOJAUTCS MPU3HATh, 4TO 2 U 2! — 3TO
OLHO U TO e, cJedoBaTeJbHO, 2! = 2.

To xe mMpaBWJO NPUMEHHUMO U K JI000-
MY IPYTOMY 3KCIOHEHIIMAJIbHOMY YHUCJIY, TAKUM
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o6pa3oM, MOxHO cHOPMYJIUPOBATH MPABUIO
B obmeM Buze: a10060e 4UCJI0, BO3BEAEHHOE
B IIEPBYIO CTEMEHb, OCTaeTCs 6e3 M3MeHeHUs.
To ectp 5! = 5, 27' = 27 u Tax paiee.

Ho panbuie Bce cTaHOBUTCA clIoXHee. Yemy
paBHo 8 : 8? KoneuHno, equnuue. Ho 8 = 23,
caegoBatenbHo 23 : 23 = 1. Ho ecau MbI BHIY-
TeM 3KCIOHEHTHI, MOJY4YUM HOJb 23 : 23 = 20,
3HauuT a4 3to, yto 2° = 1? Kaxercsa, Tak
OHO H €CTbh.

ITOT BBIBOJ, BO3MOXHO, MpPHUBEJ Bac B
usymiyeHue. Elle MOXHO Kak-TO IOHSTH
CMBICJI BbipaxkeHHus 2! = 2, Xo0Ts BbIpakeHue
«OJIHO YMCJIO IBa, YMHOXEHHOEe caMo Ha ceOsi»
3BYYHMT NOCTAaTOYHO cTpaHHO. Ho BnipaxeHmue
2° o3HayaeT «HU OJAHOrO YHWCJA ABAa, YMHO-
XEHHOTO caMo Ha cebsi», TO eCThb KaXeTcs Jio-
TMYHBIM, YTOOH 2° paBHSJIOCH Hy0. Bo3MoOX-
HO, 3TO U JIOTMYHO, HO MaTeMaTUKH OTHIOAb
He CJeJYyIOT mpaBuaM OOBIYHON MOBCEAHEB-
Hoil siormku. Bac ato mokupyer? Martema-
TUKH PYKOBOJACTBYIOTCS OOIUMH 3aKOHOMEP-
HOCTAMH H HeOOXOAUMMOCTHIO B3aUMHOMH
COBMECTHUMOCTHU MOCTYyJAaTOB. HBIMH cJIOBa-
MM, MaTEMaTUKHA MOTYT NPHUHSTH caMble He-
BEPOSITHbIE MPaBHUJa, KOTOPbie C 0OBIBATEb-
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CKO#M TOYKH 3pEeHHsI MOTYT MOKa3aTbCs HPO-
cto 6e3ymHbiIMH. Ho 3T mpaBuJsa He JOJIXK-
Hbl IPOTUBOPEYUTH OJHO APYrOMY, KaKue Obl
pe3yJbTaTbl HM moayuauuch. I[IpaBuso cio-
KE€HWs U BbIYMTAHUS KCIIOHEHT paboTaeT Ha-
CTOJILKO XOpPOUIO, YTO €CJIU AJisi TOTO, YTOObI
ero NpUMEHATb, Heobxoaumo, 4Tob6n 2° = 1,
3HAYMT, TaK U JOKHO GbITb. MBI IPOCTO MPH-
HHUMaeM, 4To yTBepxaeHue 2° = 1 BepHO.

Ecau mbl 6ynem He 23 genutph Ha 23 a 63
O6ynem neauTh Ha 63, TO ONMATH MOJYYUM, YTO
6° = 1. Mbl MOXeM MpPOBEPUTb OAHO YHCJIO
3a APYTMM, M KaXAblii pa3 OyaeM MoJaydyaTtb
OJMH M TOT K€ pe3yJIbTaT: Jilo60e YUCJIO B CTe-
nedu 0 paBHO 1.

[Moiinem manpme. [Ipu nenenuu 64 Ha 128

64

MbI IIOJY4Ya€M OTBET TZE’ HJIn 2— . B akcno-

HeHI[MaJbHOU (opMe Hama 3agaya npuobpe-

" 1
taeT Takoil Buxa: 2%: 27. OtBet 27, unan 7

. 1
WUJIW, B 9KCIIOHEHLUaNAbHOU ¢dopMe, (5)'.

Ananoruuyso 32 : 128 = (%). B skcmo-

HeHIMaJbHO# dopMe Hama 3agava npuobpe-
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POPMA YUCEN

. - 1
taeT Takod Bua: 2°: 27. OtBer 272, uian T

o 1
UJHA, B DKCIOHEHUHAJbHOU ¢opMme, (2—)2.

MoxHO NpUBECTH ellle MHOXECTBO IMPHMEPOB,
M KaX/Jblii pa3 Mbl OOHApPY’>XUM, 4TO OTpHUIIA-
TeJIbHAsl 3KCIIOHEHTA CTAHOBHUTCS MOJIOXKUTEIb-
HOW Npu nepexoje k obpatHoMy uucay. Ipy-

1 1
MMM cjoBaMu, 47 = (4— )7, a 103 = (TF 3
JTO MPaBUJIO CIPAaBEIJUBO AJS JIOGBIX YH-
1
cem. 6= (& )™

Sl Mory nmpuBecTH BaM HECKOJIbKO MpH-
MepOB, KOTOpble MPOAEMOHCTPUPYIOT, YTO TaKOe
TOJIKOBaHHWE MOHATUSA «3KCIOHEHTa» HeNmpo-
THUBOpeuuBoO. /[aBaiiTe mpoBepUM, paBHB JIH

1 1
BbipaxkeHus 6% u ( ' )4? Boipaxkenmue ( ra )4

MOXHO npeacTaBuTh B Buje 1 : 6% Ho 1 paBHa
6, TakuMm o6pa3oM, Hallle BbIpa’KeHHE MPHU-
obperaet Bua 6°— 6. BboiuuTaeM 3KCIIOHEH-
THl M MojydaeM 64, Kak M cJeJOBaJio OXH-
AaTh.
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Atizex Azumos. YUICJIA

A xak pokasaTb, yTo 6° #EHCTBUTEJIBHO
paBio 1? Kakx mo Bamemy, 4YeMy paBHO

1 1
_—9 . — =
36 x 36 3JTo oueHb mpocTo: 36 x 36 1, ato

He BbI3biBaeT HUKakux coMHenuii. Ho 36 = 6% Toraa

5% = (5%)2, wm 62 Ternepb BoipkeHue 36 x 31_6
npuobperaet Bux 6% x 62, ¥ eC/i MBI CJIOKUM K-
CIOHEHTHI, TO mosyunm 6°, To ecTp 1.

PasymMmeercs, Hamu MpuMephbl, CTPOTO TOBO-
ps, He SIBJSIIOTCS AOKa3aTejbcTBaMu. Martema-
THKA Ha3BaJiu Obl HMX TMPOCTO KPYTrOBHIMU
paccyxzaeHusmu. (BoT mpumep Takoro KpyroBoro
JI0Ka3aTesibcTBa. Bol yTBepkaaere: «Kotukoii Ha-
3bIBaeTCs JI000€ KUBOTHOE, KOTOPOE MSIYKaeT»,
M OTCI0Ja JieslaeTe BBIBOA: «/KHBOTHOE, KOTOpOe
MsiyKaeT, Ha3bIBaeTcs KOULIKOi».) Tem He MeHee
3TU NPUMepHl IEMOHCTPUPYIOT, YTO CUCTEMA Olle-
pauuil ¢ 3KCIIOHEHTAMU SIBASETCS JIOTHYHOM.

Mb1 MoOXeM NMpPOAEeMOHCTPUPOBATh 3TO H
IpYTUM IIyTeM, HallpUMep COCTAaBUB IepevyeHb
HEKOTOPbIX 3KCIIOHEHI[HAJbHbIX umce. Hau-
HEM C WIJIOCTPAIMU XOPOIIO M3BECTHOTrO OI-
pelesieHUsl 4YUCeJ, KOTOpble MepPEMHOXAIOTCS
caMH Ha cebs.
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OOPMA YHCE

20=2x2x2x2x2x2=64
2 =2x2x 2x2x2-= 32
24=2x2x2x2-= 16
2 =2x2x2-= 8
22=2x 2= 4

Tenepp mepeMHOXHUM JIeBbId W TpaBbId
CTONOUKYU 3TUX BbBIPAXKEHWid, ONYCTUB CpeJ-
HMI1 CTOJIOUK, TO €CTh ABOMKH, IEPEMHOXEHHbIE
camu Ha ce6s1. Mbpl BUAUM, YTO HPU YMEHb-
HIeHUU TIoKa3aTeJisl CTElEHW Ha eIMHULy pe-
3yJabTaT yMeHbllIaeTCcd BJBOe.

[laBaiiTe MPOAOJIXKUM 3TOT CTOJOUK BHU3,
B HallpaBJI€eHUU YMeHbUIeHUS 3KCIIOHEHTHI, U
MOJIYUUM:

2= 2
20- 1
2% -

Bbl BUAUTE, YTO, KOTa 9KCIIOHEHTAa MEHbIIe
2, cpabaThiBaeT Ta Xe camasi 3aBUCHMOCTD,
NpUYeM aHaJOTMYHOE MPABUJIO CIPABENTHUBO
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Atizex A3umos. YUCJIA

NpH J1I060M OCHOBAHHHU 3KCIIOHEHIHATbHOTO
BbIpa)XXKeHHsl. Bbl MoXeTe Jierko mokasatb, 4TO
B CJyyae 3KCIIOHEHLUHAJbHOTO YHCJA C OCHO-
BaHHeM 3 yMeHblIEHHEe 3KCIOHEHTbI Ha 1 mpu-
BOJAWT K YMEHbIIEHHUIO Pe3yjbTaTa B TPHU pasa,
a B cJyyae 3KCIOHEHIIMAJbHOTO YMCJA C OC-
HOBaHUeM 6 yMeHblleHHe 3KCIIOHEHTH Ha 1
NPUBOAMUT K YMEHbUIEHHIO Pe3yJIbTaTa B LIECTh
pa3. Ho npu nwo6om ocHoBaHuH obiiee mpa-
BUJIO OyIeT crpaBenuBo.

Bce BbIlIecka3aHHOe O3HA4aeT, YTO Y HAC
pacuIMpsIOTCS. BO3MOXXHOCTU JJISI 3aMeHbI YM-
HOXeHHUs1 Ha cioxeHue. Temepp MBI MOXeM

1
NepeMHOXKUTb —= Ha 1024 npu nmomoiu 3K-

CIIOHEeHT, OJIHAKO Mbl [IOKa elle He BbISICHH-

JIM, KaK MOXHO MepeMHOXHUTb 7 u 17.
Temnepb Mbl 3HaeM, YTO 6BIBAIOT KaK IO-

JIOXKUTeJbHbIE, TAK U OTpHUIlaTeJbHblEe 3KCIO-

HeHTbI, 1 yMeeM ¢ HUMH obpamarbca. A Obl-

BalOT M ApoOHbIe sKcnoHeHThI? [pexae yem
BBISICHUTb, 4TO Takoe JpPoOHAs IKCIIOHEHTa,
naBaiite pasbepemcs ¢ meicTBUEM, OOPATHBIM
BO3BENIEHUIO B CTEIIEHb.



I'naBa 7

JOKAIIBIBAEMCHS
10 KOPHEM

CnyckaeMcs OT BBICOKHX
CTeneHed K HH3KHM

M5l ¢ BaMH yxke ysiCHUJIU cebe, 4TO Kax-
AOMY MaTeMaTU4eCKOMY AeHdCTBHUIO COOTBET-
CTBYET aHAJOTHYHOE, HO OOpaTHOE IO HANpaBs-
JIEHUIO JeficTBHeE.

Jlns cnoxeHust TakuM OOpaTHBIM JeHCTBHEM
SBJISIeTCS BbIUMTAaHUe, AJI1 YMHOXEHUS — Je-
neuue. Temepp monpobyeM BBISICHUTb, KaKOE
AeiicTBUe sIBIsieTCS OOpaTHBIM [Jisi BO3Bene-
Hus B cTeneHnb. [lockonbky BO3BeJeHUe B CTe-
IeHb — 3TO MHOTOKPaTHOE YMHOXeHHe, TO, OYe-
BUJHO, o6paTHBIM  JeHCTBUEM Oyner
MHOTOKpAaTHOe JeJIeHUE.

Hanpumep, 32 MoXxHO pa3nenuTh Ha 2
1 rionyuutsb 16, 3atem 16 pasmenuTs Ha 2 U MO-
Ny4uTh 8; 3aTeM 8 pasnenuTh Ha 2 M MOJY-
4UTh 4; 3aTeM 4 pa3fesuTh HA 2 U MOJYYHUTH
2; HaKOHell, 3aTeM 2 pa3feJuTb Ha 2 W TO-
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Atizex Azumos. YUCJIA

ayuutb 1. B kpaTkoit ¢popme 3TH AeilcTBUSA
MOJXHO 3anmucaTb Kak 32 :2:2:2:2:2=1.
(Kak u B cayuae aeJjieHHs!, KOTOPOE MBI U3Y-
4yaju B TpeTbel rjiaBe, Hallla 3ajjaya 3aKJIO-
yajach B ToM, 4yT06b1 no6patbes ao 1.) Ilo-
CKOJIbKY MbI HPOU3BEJNU JeJieHWe 5 pa3 |
nobpanucek 10 1, TO MOXHO CKa3aTh, YTO 2 —
3TO KOpeHb MNATO# cTeneHW u3 32.

Ecau mbl paccMoTrpum umuciao 81, 1o yBu-
auMm, uto 81 : 3 : 3 : 3 : 3 =1, Takum ob6pa-
30M, 3 sABJAgeTCA KOPDHEM YeTBEpPTOH cTeme-
i1 u3 81. (ITouemy, cob6CTBEHHO, KOpHEM?
OTkyna B35J0Ch 3TO CJA0BO? IJTO MOXHO
06bSICHUTb TakKuM ob6pa3oMm: yucjo 32 pac-
TeT U3 OCHOBaHuUA 2, a 81 — U3 OCHOBaHHUA
3 Tak e, KaK pacTeHHe MPOU3pacTaeT U3 Kop-
Hel.)

Takas mMaTemaTuueckasl onepauusi 0603Ha-
yaeTrcsa kak ./ . Ha pa3HoobGpasume kopHei

yKa3blBaeT YUCJO B BepXHel JieBOM 4acTU KOp-
Hs. Tak, KopeHb MATOU cTeneHU U3 32 MOXHO

3amucaTth Kak 332, KOpeHb YeTBEPTOH cTe-
nmeHn u3 81 MOXHO 3amucaTh Kak 4/81.

3Hayok ./ Ha3piBaeTCs 3HAKOM pajMKaJja, a
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JOKAIMNBIBAEMCS 1O KOPHEU

4yCcJIa, coJeprkalie KOPHU, HAa3bIBAIOTCA pa-
aukanaMu. CJI0BO «pafiuKaja» MPUILJIO K HaM
U3 JIAaTBIHU, Tle OHO O3HAa4aeT MPOCTO «KO-
pEeHb>.

M5 peako BcTpeyaeMcsi ¢ KOPHSIMH BBICO-
KHUX CTeNeHel, yalle BCero MPUXOJUTCSI UMETb
[eJI0 C omepaiusMu, 0OPaTHHIMU BO3BEJEHUIO
BO BTODYIO CTeNeHb, TO ecTh B KBaapaT. 13-
BJiedeHUe KODHS BTODOM CTelleHU Ha3bIBaeT-
Cs U3BJleyeHHWEM KBaJpaTHOTO KOpHH, a 3
Ha3bIBAeTCs1 KBAJpPaTHbHIM KOPHEM, MpUYEM
JIBOMKa CJieBa 4acTO omyckaetrcs. B panbHeii-
meM noa 3HaykoM ./ 6e3 uudpbl B Bepx-
HEM JIEBOM YyIJy Mbl Bceraa Gymem uMeTh B
BUAY KBaJpaTHbIA KOPEHb.

UYTo xe Takoe KBaJpaTHbIH KOPEHb U3 YHUC-
na? 25 — 370 KBaAgpar 5, TAKMM 00pPa3oM, MOX-
HO CKa3aTb, 4YTO 5 — 3TO KBaJAPaTHBIH KOPEHb
u3 25, nau 25 = 5. [loaTtoMy cienyert ro-
BOPUTb «ISITb — 3TO KOpeHb BTOPOW CTele-
HU U3 25», HO 06HYHO ymoTpebasoT dop-
MYJUADPOBKY <«KBaApaTHbIM KopeHb». (TouHo
TaK ke KOPeHb TpeThbell CTelleH! Ha3bIBAIOT KY-
6uYeCKUM KOpPHEM.)
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Atizex Azumos. YUCJIA

Cauenylomas npobyema 3aKJII0YaETCS B TOM,
4yTOODbI BBISICHUTb, KaK HAWTU KOPEeHb TAKOW-
TO U3 HEKOero yucja. 31ecb MOXXHO UIATH IIy-
TeM OT NMpOTUBONOJOXHOro. IIpeamonoxum,
Mbl 3HaeM, 4To 25 = 25, 3TO 03HayaeTr, 4To
ecnn 32 nATh pa3 pas3denuTb Ha 2, TO pe-
syabtatoM Oyzaer 1. (Ecau mMbl Bo3Benn 4uciio
B KaKyIl0-TO CTelleHb, HETPYJAHO MOWTU B 06-
paTHOM IMOpsiKe.)

Ha npakrtuke apudmernyeckuii MeTo oII-
pelesieHUs KOPHe# 3akJjiovyaeTcs B cepUH 00-
paTHbiX ZeiicTBuil. [lonpo6yem u3Bieub KBaj-
paTHBI KopeHb U3 625. CxemMa BBHIYMCJIEHUM
OyaeT ciaexymolueii:

25
625

4

451225

225

0
[TepByio uudpy orBera, 2, Mbl MMOJyuyaeM
noabopom. Mb 3HaeM, 4To 2 x 2 = 4, 3TO
O6auxaiiniee BO3MOXKHOE 4YKMCJIO, MeHbIuee 6,
nockoabky 3 x 3 = 9, uto 6osabuie 6. 3aTem
NpPOBOAUM BBIYMTAHUE U BBIHOCUM JBe LUD-
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JOKATIBIBAEMCSI O KOPHEH

pbl BMECTO OJHOH, KaK 3TO INPUHATO MPH
06bI94HOM ZeseHuH B cTonOuK. (Ecau O6b1 Mb
M3BJeKaJu KyOMueCKUd KOpPeHb, Mbl BbIHO-
cunau 6bl TpU UUPPBI, B cayyae KOPHSA 4eT-
BEPTOi cTemeHu — 4YeTbipe UUGPHI U TaK Ja-
nee.) YTo6bl MONyYuTh caeayomyo uudpy,
Hago pasgeauth 225 Ha 45. Hudpy 45 BH
noJjyyaeTe, yiBauBas nepsymo Ludpy oTse-
Ta, 4To naeT BaM 4. Bropas uudpa gosxHa
ObITh paBHAa BTOpPOM 1Ludpe Bamero oTBeTa,
TakuM 06pa3oM, ee TOXe MOXHO HaWTHU MoJ-
60poM, Tak, YTOObI MOJYYUTDb YUCJO, OIMXKal-
mwee k 225. lHudpa 5 noaxoaut Haubosuee ToY-
HO, TaK Kak 5 x 45 = 225.

ITOT mpollecc MOXKeT M0Ka3aTbCsl BaM OYEHb
TPYAHBIM, U BBl Oy/lieTe COBEDUIEHHO IMPAaBBHI.
BbIunC/IATD KOPHH YKcesl apupMeTHYeCcKuM CIio-

co60M OYeHb TPYAHO, HO Pe3yJbTaThl OKa3bI-
BAIOTCS MOJIE3HBIMU NPH Pa3JIMYHbIX pacyeTax.

PaccmotpuMm caenyomuit npumep. Yemy

paBeH J2? Kakoe 4mcji0 Hamgo BO3BECTH B
KBaaparT, 4TOOBl MOAYy4YUuTh 27

Mb1 MOXeM cpa3y onpeJenuTb, YTO CpPeaun
LleJbIX 4YHCeJ TaKoro 4YucJa HeT, Belb
1 x1=1,a2 x 2 = 4. [lepBoe uucao
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Atizex Asumos. YUCIIA

CJMIIKOM Majio, a BTOPOE CJAULIKOM BeJH-
ko. CinenoBatenbHo, oTBeT OyneT APOGHBIM
YHCIIOM.

A MoXxeT Ju BooOGIIe CyleCcTBOBAaTb KBal-
pPaTHBIA KOpeHb B BUZe Apo6HOro uucaa? Ilo-
yeMy xe HeT? CorylacHo HaueMy omnpejeJe-

. 2
HUIO 3KCIIOHEHIIMAJbHbIX BbIpaxkeHuil (1 3 ) —

2 2 24
3TO 13 X 13, U OTBETOM SIBJIS€TCA 4uCIO0 155

, 24
A 9TO, B CBOIO odyepeAb, O3Ha4YaeT, YTO 1£

2
paBeH 13. Ternepp Mbl yb6eaunuch, YTO He

TOJIbKO KBaJpaTHbINi KOPEHb MOXET ObITh APOG6-
HbIM YHCJIOM, HO U KBaJpaT YUCJa TaKXe MO-
xeT 6bITh Apo6HBIM uucjaoM. I B oboux ciy-
Yyasgx CIpaBelJIUBHl Te XK€ MpPaBHUJA, YTO U B
ciy4yae IeJIbIX YUCeJl.

Kpome Toro, ciyyaitHO 0Ka3aoch, YTO YHUCIIO

2
15, Oyayu4n YMHOXEHHBIM Ha cebsi camoe, 1aeT

pe3yabTat, 6auskuit K 2. OTcooaa ciaenyeT, 4To
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JNOKATIBIBAEMCSI O KOPHEU

1
1— 6su3ko k 2. Tonbko oz 55 OTAe]seT HAcC OT
) 24
HMCKOMOTO OTBeTa, Tak Kak (11— ) —3ato 152 551 @

25
HaM HY’KHO MOJy4YUTb YUCJIO 125 TO ecTb 2.

Ho MoxxHO mosyuuTh U 60j€e TOYHBIH OT-

41
BeT. Eciv MOMHOXHUTH APOOHOE YHMCIO 1100

Ha cebs camoe, Mbl moayuum 1 4YTO TO-

88
10 000’
pas3no 6auxe K 2. MoxeT mokasaThCs, 4YTO,
ecau jJenath 6ojiee TOYHbIE BBIYMCJIEHUS, MbI
PaHO WJH MO3AHO HAWAEM TOYHOE 3HAYEHUE
ApOOHOTO YKCJa, KOTOPOE SABJSETCS KOPHEM
KBaJIPAaTHbIM M3 2, XOTS, BO3MOXHO, 3TO 6y-
JeT OYEHb CJIOKHOE UYHUCJO.

Ho Tak im 3To, BOT B YeM BOIIpOC.

CpaBHHUBaeM JMHUH

BriepBble MOMCKOM KOpPHS KBaJpaTHOTO W3
2 3aHsJUCH elle MaTeMaTuku /[peBHeii I'pe-
uuu. Kak s BaM yxe roBopuJi, OHU B mep-
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Arizex A3umos. YUCIIA

BYI0 ouepelnb ObLIM reoOMeTpaMH, UX UHTEPECO-
BaJ COOTHOUIEHUS NJIUH OTPE3KOB TreoMeT-
puueckux ¢uryp. Hanpumep, ecam nposectu
NUaroHajb B NPSMOYTOJIbHUKE, KaK IMOKa3a-
HO Ha PUCYHKE, TO B KAKOM COOTHOIIEHUH by-
NyT HAaXOAUTHCS AJMHA AMATOHAJN U AJTUHBI
CTOPOH NpsAMOYrojbHUKA? OYeBUHO, YTO AM-
aroHaJjp JJIMHHee, HO HAacCKoJbKO? [[peBHUE
TPEKHU XOTeJHU HAWTHU OTBET Ha 3TOT BOIMPOC.

[IpennosioxuM, Mbl CDaBHUBA€EM JIBa OTPE3Ka.
JlnviHa OAHOTO M3 HUX 2 CM, a AJIMHA JPYTO-
ro — 1 cm. CinenoBaTesibHO, MBI MOXEM CKa-
3aTh, YTO JJUHBI OTPE3KOB COOTHOCATCS Kak 2
Kk 1, uiu onWH OTPe30K B [iBa pa3a AJHUHHee
apyroro. /lnuHa ogHOTO U3 OTPe3KOB 4 cM, a
IJIMHA APYroro — 2 cM, TO MOXHO CKa3aTh, YTO
JJIMHBI OTPE3KOB COOTHOCATCA Kak 4 k 2.

B oboux ciayyasx AjMHa OAHOTO M3 OTPE3KOB
BABOoe OoJibluie AJWHBI Apyroro otpeska. C
TOYKHU 3pEeHUs] MaTeMaTHKa, COOTHOIIEHUE Be-
JUYHUH TpeACTaBjsieT ropas3fo 6oJbUMIMK HH-
Tepec, yeM UX abcosoTHbe 3HaueHus. He Tak
Ba’KHO, YTO B OJJHOM cJiy4yae JJINHbl PaBHBI 4
u 2 cMm, a B Apyrom 48 u 24 cm. MartemaTuk
B 000uX ciy4asx OOpaTUT BHHMaHHE Ha TO,
4TO JAJIMHA OJHOTO OTpPe3Ka BABOe GoJibiue 1JIHu-
HBI APYTroOTo, TO eCTh COOTHOCATCA Kak 2 Kk 1.
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JNOKAITBIBAEMCS 1O KOPHEU

HpHMoyI’OJleHK C IUaroHajablo

Camoe yno6Hoe — INpeACTaBUTb COOTHOILE-
HUe BeJM4YuH B Buje apobu. Ecau anauHa on-
HOTO OTpe3Ka paBHa 2 CM, a JJIMHA JPyroro —

2
1 CM, 3HAYUT, UX COOTHOUIEHHE PAaBHO T

Ecan nnuna omHoro otrpeska paBHa 48 cM,
a JUIMHa Apyroro 24 cMm, 3Ha4uT, UX COOTHO-

48 2
IIeHWe PaBHO o, WIU T, eCNIH Mbl pasfe-
nuM obe yacTu Ha 24.

IIpo6s, nipeacTaBsiomas cob60ii OTHOLIEHHE
ABYX OJHOTHUIIHBIX BeJIMYUH, HA3bIBAETCS CO-

OTHOUIEHHEM. (DTUMH BeJIMYUHAMHU MOTYT OBITDH

165



Atizex Asumos. YUCJIA

M JUIMHBI OTPE3KOB, U 00bEMBI COCY/I0B, U Beca
ABYX 4eJOBEK U Tak Jajee.)

PasymeeTcs, cCOOTHOIIEHHE MOXET He ObITH
TakuM npocTbiM, Kak 2 : 1. [Ipeanosoxum,
AJIMHA OAHOTO OTpe3Ka paBHa OAHOMY CaH-

9
TUMETPY, a NJINHA APYIOro — 1% CaHTHUMeTpa.

12

Toraa cooTHomeHUe paBHO +0 JTO BbIpa-

XKeHHe MOXXHO YIPOCTUTh, YMHOXXHUB BEPXHIOIO
u HUxHI010 YacTu Ha 10. Toraa momyuyum, uto

19
COOTHOIIEHHWE PaBHO 0

CooTHoueHne A106bIX ABYX YHCEJ, BbIPA-
XKEHHbIX JPOOHBIMHM YHCJIAaMH, MOXET ObIThb
NPEeACTaBJEHO KaK OTHOIIEHHWE JABYX LeJbIX
uyucen. Hampumep, y Hac ecThb ABa OTpe3Ka,

4
AJIMHA OJHOIroO M3 HUX — 2ﬁ CaHTUMETpa, a

13
AJIWHA JPYroro — 1§ cantumetrpa. CooTHO-

meHne 3THX ABYX OTPE3KOB MOXXHO IpeAcCTa-
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JOKAITBIBAEMCS 1O KOPHEN

4

17
BUTb B BuJe Apobu —y3 . Ecam MBI yMHOXHM
15

YUC/IUTEIb U 3HaMeHaTeJ b 3TOU Imyramie CJja0X-

v 1
HOW Apobu Ha 127 5 TO MOJyYHM TO Xe CO-

285
OTHOLIEHHE B BUAE LIE€JIbIX YHUCEJI, TO €CTb ﬁ

(Topasmo mpoiie 66110 6bI BOCIOJIb30BATHCS
NecATUYHbIMU aApo6simMu, HO B [IpeBHeii 'pe-
L[M¥ OHU He GbLIM U3BECTHBI. A €CJIM MbI MOC-
JiefiyeM 10 TOMY ke MyTH, 10 KOTOPOMY JApEeBHHE
MaTeMaTHKH T03HABaJM MUP, HAllle ITyTelleCTBHE
OyneT 3HAYMTEIBHO UHTEPECHEE.)

Tenepp MOXHO BEPHYTbCS K HaUIeMy Mps-
MoyroasHuKy. Hac uHTepecyeT cooTHOuEHHE
AJUH CTOPOH MPSMOYTOJIbHUKA W JAJUH JAua-
TOHAaJK, TO €CTh MBI PelIaeM Ty Xe 3afady, 4yTo
1 TPeYecKre MaTteMaTUKu B ApeBHOCTH. IT0CKO/Ib-
Ky NPSMOYTOJbHHUK Pa3AefisieTCs AUaroHaibio
Ha /Be abCOJIOTHO CUMMETPHUYHbBIE YAaCTH, MBI
MOJ€M YIPOCTUTDH 33layy ¥ OTOPOCUTb OAHY
NOJIOBUHY (UTYpbI, NPEANOI0XKUM, JEBYO. Y
HAC OCTaJICs TaK Ha3biBaeMbli MPSMOYTOJIbHBIN
TPEYrOJIbHUK.
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Atizex Asumos. YUCIIA

g
&
&
&

&

IIpsiMOYyTONBbHBINA TPEYTOJIBHUK C TUIIOTEHY30i1

Eme 3a MHOro crosiletuii 10 HalIMX JHEH erum-
TsHE Ha OCHOBe MPAaKTHYEeCKOIO OIMbITa YCTaHO-
BHWJIY, YTO €CJIM OfIHA CTOPOHA MPSMOYIOJbHOIO
TpeyrojibHUKa paBHa 3 eAWMHULAM, a Jpyras —
4 enHULIAM, TO AJIMHA TMIOTEHY3bl COCTaBUT
eauHul. B aToM ciiyyae cOOTHOLIIEHHE TMIIOTEHY3bl

L33 5
U OOHOHU U3 CTOPOH paBHO Z ansa 6oJsiee IIUH-

o 5 o
HO¥ CTOPOHBI M 3 AJIA 6osiee KOPOTKOIA.

I'pexku mogouin k 3anade ¢ 6osee oOmMUX
no3uuuii. VM Ba)kHo 6bLI0O HAWTH 3aKOHOMEP-
HOCTb, TO €CTb COOTHOLUEHHE [JINH CTOPOH Ipsi-
MOYTOJIbHUKA M AJIUH AWarOHAJU AJis J1060-
rO NMPSIMOYTOJIbHOTO TPEYTroJbHUKA.
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JOKATIBIBAEMCSI 1O KOPHEU

Kak rsacut uctopus, BeJTUKUIH IrpeyecKkui
MatemaTuk [Iudarop Takylo 3aKOHOMEPHOCTH
oTKpbLI. OH YCTAaHOBUJI, YTO AJIS JI060TrO MPSIMO-
YTOJIbHOTO TPEYTOJIbHUKA BEPHO CJIEAYIOIlee YT-
BepXKJeHue: CyMMa KBaJpaTOB CTOPOH paBHA
KBaZipaTy THIOTEHY3bl. ITO yTBEPXKAEHHUE IIO-
Jy4yusio HazBanue teopeMbl [Indaropa. Teopema
J10 CHUX TOp HOCUT UMS BEJIUKOTO TpeKa, XOTs
Tenepb Mbl 3HaeM, uto eie 3a 600 set xo [Iuda-
ropa ApeBHUM KUTai1llaM yxe ObUIO U3BECTHO 3TO
COOTHOIIEHUE.

[IpoBepuM TeopeMy AJisi TPeyrOJbHUKA CO
cropoHamu 3 u 4. KBagpar ogHo# u3 cro-
poH paBeH 3 x 3 = 9, kBagpaT ApPyrou cTo-
poHbl paBeH 4 x 4 = 16. Cymma kBaJapaToB
paBHa: 9 + 16 = 25, To ecTp KBaApar rumno-
TeHy3bl PaBeH 25, ceJ0BaTeJbHO, TUIIOTEHY3a
paBHa J.

PaccmoTpuMm apyroi TpeyrojibHUK €O CTO-
poHamu 5 u 12.

CyMMa KBaJgpaToB CTOPOH 3TOTO Tpey-
rOJIbHUKA paBHA 5 x 5 + 12 x 12 = 25 + 144 =
= 169. CnenoBatesibHo, 169 — 3TO0 KBaapar ru-

noTeHy3bl. Toraa runoteHysa paBHa /169, WM
13, mockoabky 13 x 13 = 169.
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Atizex Asumos. YUCIIA

Jlns aToro TpeyrojibHUKa COOTHOIIEHUE TH-

13
INOTEHY3bl K CTODOHE paBHO ? AJIs1 KOPpOT-

. 13 .
KOM CTOPOHBI W —— A/ ATHHHOH CTOPOHBL

25 4

416

™
[ B "CR B X

A
9
Teopema Iludaropa
Hcnonb3ys teopemy Ilndaropa, MoxkHo Haii-
TH COOTHOIIIEHHE THIIOTEHY3bI U JII000ii U3 CTOPOH
J1060r0 NpPsIMOYTOJILHOTO TPEyrojibHuKa. Ma-

TeMaTuku /[peBHell I'peruu Morau B3JOXHYTb
CIIOKOMHO, 3a1aya 6biya pemena. Camoe rias-
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JOKAITBIBAEMCS 1O KOPHEH

HOE 3aKJII0YaJIOCh B TOM, YTO TeOpeMa PacrpocTpa-
HsAJIAaCh Ha BCe MPSIMOYTOJIbHbIE TPEYTOJbHUKH,
B TOM YHCJIe, pa3yMeeTcs, U Ha PAaBHOCTOPOH-
HUe, TO €CTb Ha NMPSMOYTOJIbHbIE TPEYTOJbHU-
KH, Y KOTOPbIX 00€ CTOPOHbI paBHbI. A Hac ceivac
MHTEPECYIOT MMEHHO TaKHe TPEYTOJbHHUKH.
OnauH M3 HUX NPeACTaBJIeH HA PUCYHKE.

1

PaBHOCTOPOHHUI1 IPSIMOYTOJIbHBIIA TPEYTrOJbHUK

MakcumanbHO yNpOCTUM 3ajadyy 4 Mpen-
MOJIO)KMM, YTO CTOPOHBI TPEYroJbHUKA paBHbI
1. Toraa xBagpar croposbl paBed 1 X 1, a cymma
KkBajpaToB cTOpoH paBHa 1 X 1 + 1 x 1=2. Co-
riacHo TeopeMe Iludaropa KBaapaT runoTeHy3b
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Atizex Asumos. YUCIIA

PaBEH 2, 4 THIIOTE€HY3a paBHA COOTBETCTBEH-

HOW?2 .

Kazanoco 6b1, Tenmepb rpekaM ocTajaoch cre-
JaTh coBceM HeMmHoro. Hazmo 6bL1o TOJIBKO Haii-

TH Takylo Apobb, KOTopas sABAsAIach 6bl 2,
a IOTOM MpPEeACTAaBUTb €e B BHJE COOTHOIle-
HUS 1leJIbIX YUCeJ, U MOXHO IPa3fAHOBaThb IO-
6exy. Ho Bce okazanoch ropasao ciaoxHee.

Jlpo6H, KOTOPBIX HE CyHIECTBYyeT
Panee B 3TOM raaBe Mbl C BAMH NOKa3a-
2
JI4, 4TO 13 6113K0 K 2. Ecau 6b1 OHO TOUHO

paBHSJIOCH 2, 3afaya Obina Obl peieHa. Toraa

12

COOTHOIIEHHUE _5, KOTOpO€ MOXHO IIpéeBpa-
1

7
TUTb B COOTHOILIEHHE ILeJIbIX YHUCeJ g, yM-

HO’XHMB BEPXHIOI ¥ HMXXHIOK 4acTH Apobu Ha
5, 1 O6bL1I0 OBl MCKOMOH BEJIUYUHOM.

2
Ho, k coxaneHuro, 13 He ABJSETCS TOY-

HOM BeJUYMHOH +/2. Dosee TouHblil OTBeT,
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JOKAIIBIBAEMCSl 1O KOPHEH

141 Ha 141 E 6
1Oo,z[aeT M coorHomenue . Eme Gomb

el TOYHOCTH MbI AOCTUraemMm, Korjga npupan-

207

HUBaeM.\?2 K 1500.

B sToM cayuyae cooTHO-

707
1IeHue B LEJBIX Yucaax OyaeT paBHO 500" Ho

207
u 1%6 He sBJIeTCSA TOYHBIM 3HaYe€HHEM KOp-

Hs KBaJpaTHoro u3 2. I'peyeckue MaTeMaTu-
KH MOTPATUIN MAcCy BPEMEHH U CHJI, YTOObI

BBIYMCJIUTh TOYHOE 3HAYEHHE /2, HO 3TO UM
TaK U He yaajnocb. OHU He CMOIJIM MPEACTa-

N

BHUTH COOTHOIJ.IEHI/IBT B BUJI€ COOTHOUIEHHSA

I[EeJIBIX YHUCEeJI.

HakoHell, BeJuKUil rpeyecKkuii MaTeMaTHK
EBksua nokasas, uTo, Kak 6bl HU YBEJUYH-
BaJIaCh TOYHOCTb IOACYETOB, MOJYYUTh TOYHOE

3HaueHue 2 HeBo3MoxHO. He cymuiecTByeT Takoii

apo6u, Kkotopasi, 6yayuud Bo3BeJeHa B KBal-
paT, AacT B pe3dyJjbtaTe 2. ['oBOpSAT, 4TO mep-
BBIM K 3TOMY 3akJlodyeHuio npuuen [Muda-
rop, HO 3TOT HeOOBACHUMBIH (PAKT HACTOJNBKO
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Atizex A3umos. YUCJIA

MIOpPa3uJl YYEHOTO, YTO OH MOKJISJICS CaM M B3siJI
CO CBOMX YYEHHKOB KJSTBY XPaHHUTb 3TO OT-
KpbiTue B TaiiHe. OHaKO, BO3MOXHO, 3TH CBe-
J€HUs He COOTBETCTBYIOT AEHCTBUTEJbHOCTH.

N

Ho ecan uyucao o He MOXKeT ObITb Ipej-

CTaBJIEHO B BH/I€ COOTHOUIECHHUA LI€JIbIX YHCEJI, TO

N7

¥ HHMKakasi ApoOb, copepikaiasi 2, Har[pnMep7

4
HIIn E, TaKXe He MOXET ObITbh IpeacTraBJji€Ha

B BH/Ie COOTHOUIEHHS LIEJIBIX YUCEJI, IOCKOJIbKY
BCe Takue ApoOM MOTYT ObITh Mpeobpa3oBaHbl B

N7

=+ YMHOXKeHHOE Ha Kakoe Hubyap uymciao. Tak,

£=£x1.l/hm[2—x2=2[%
2 1 2 1 1

HO npeoépa30BaTb, YMHOXUB BEDXHIOIO X HUXK-

, YTO MOX-

4
HIOIO YacTH Ha +/2, U NOJYYUTb R (He cue-

ayeT 3a6bIBaTb, 4YTO HE€3aBUCHUMO OT TOro, 4TO

npecTaBsieT coboit YKca0 /2, ecau Mbl YMHO-

XKHUM €ro Ha /2, TO MOJay4uM 2.)
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JOOKAITBIBAEMCS 1O KOPHEU

[TockoabKy YKCIO+2 HeJb3st MPEeACTaBUTH

B BH/Jle COOTHOUIEHUS 1I€JbIX YHUCEJ, OHO MO-
JYYWJIO Ha3BaHUEe MPPALMOHAJBHOTO YHUCIA.
C apyroii CTOpOHBI, BCe YKCJIA, KOTOPbIE MOXHO
IpeACTaBUTb B BHUJE COOTHOLIEHUS LEJbIX
YyuceJ, Ha3bIBAIOTCS PallMOHAJbHBIMU. Paum-
OHAJIbHBIMH SBJISIIOTCS BCe lleJibie U APOOHbIE
YyHucja, Kak MOJIOXKHUTeJbHbIEe, TaK U OTPHLA-
TeJbHbIe.

Kak oka3anoch, 60JIBIIMHCTBO KBaJAPaTHBIX
KOpHEeN SABJSIOTCSA UPPAallMOHAJbHBIMHU YHC-
namu. PanmoHasnbHble KBaJpaTHbie KOPHHU €CTh
TOJIBKO Y TeX YHUCeJ, BXOAAIUX B pAX KBal-
PaTHBIX YHCEJ, O KOTOPBIX Mbl F'OBOPUJHU B
HIeCTON rJjiaBe. JTH YKUCJAa HA3bIBAIOTCS TaK-
ke veaJbHBIMH KBajipaTaMUu. PaunoHanbHbBIMU
YUCJAMM SABJISIOTCS TaKXe APO6H, COCTaBJIeH-
Hble M3 3TUX UJeaJibHbIX KBaapaToB. Hamnpu-

, 7
MEp, 15 ABJIAETCA pallUOHAJIbHBIM YHUCJIOM,

7 V16 4 1
1L 302 _ 2 1= —
Tak Kak 4lg 7% 3, w13 (4 — 3to

KopeHb kBajapaTHbii u3 16, a 3 — kopeHb
KBaApaTHbIi u3 9).
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Atizex Asumos. YUCJIA

Tot ¢dakT, yTO MHOrMEe KBaJpaTHble KOPHHU
SIBJISIIOTCSL MPPALMOHAJIbHBIMUA YHMCJIaMHU, HUC-
KOJIbKO He yMaJjsieT uX 3HauyeHUs, B YaCTHO-

CTH, YHCJIO+/2 OYeHb YACTO UCNOJb3YyeTCs B pas-
JIMYHBIX MH)KEHEPHBIX M HAYYHBIX pacyeTax. JTO
YHCJIO MOXXHO BBIYMCJIMTb C TOH TOYHOCTBIO, KO-
TOpast Heo6X0MMa B KaXK/JOM KOHKPETHOM CJIy-
yae. Criocob BbiYMC/IeHUS ObLI ONHUCAaH paHee
B 3TOH IJIaBe, U Bbl MOXeTe MOJYYUTb 3TO YHUCJIO
C TaKMM KOJIMYECTBOM 3HAKOB IIOCJE 3amsToH,
Ha KOTOpOe y BaCc XBaTUT TepIieHus.

Hanpumep, yncno2 MOXHO ONpeneJuTh
C TOYHOCTBIO IO HIEeCTHU JEeCATUYHBIX 3HAKOB:

J2 = 1,414214. Jrta BesnurHa HEe OYeHb CHUJIBLHO
OTJINYAETCs OT UCTUHHOIO 3HAYEHHUS, TTOCKOJIbKY
1,414214 x 1,414214 = 2,000001237796. dT1oT
OTBeT OTJIMYAeTCs OT 2 Ha BeJIMYUHY, elBa Ipe-
BBIIIAIOUIYIO OAHY MUWIJIMOHHYIO. [loaToMy 3Ha-

yeHue .2, paBHoe 1,414214, cuutaeTcst BIOJIHE
NpUeMJIEMbIM [IJisi pelleHHs OOJbUIMHCTBA
IpaKTUYecKHX 3axady. B Tom cayuae, korga
TpebyeTcs 6oJibliasi TOUHOCTb, HETPYAHO IO-
JAY4YUTb CTOJBKO 3Havamux 1udp mociae
3amsTOi, CKOJIbKO HEOOXOAWMO B JaHHOM
clyuae.
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JOKATIBIBAEMCSI O KOPHEU

OpHako ecu Bbl HPOSIBUTE PEJKOCTHOE YII-
PSIMCTBO M Tonpo6yeTe u3BJIeKaTh KBaAPATHBIA KO-

peHb M3 YHCJIa+2 A0 TeX Mop, Moka He Job6be-
TeCb TOYHOTO Pe3yJ/IbTaTa, Bbl HUKOIZA He 3aKOHYMTE
CcBOeit paboThL. 31O GeckoHeuHsrit mporiecc. CKOMBKO
6bl IECATUYHBIX 3HAKOB IIOCJIE 3aMATOM BbI HH TIO-
JIYYMJIH, BCETA OCTAHETCS ellle HeCKOJIbKO.
AToT daKT MOXeET MOpPa3uTh Bac Tak

1
Ke CHJIbHO, KaK U IIpeBpalleHHue g B Gec-

KOHEYHyw AecAaTUuHyio apob6s 0,333333333...

1
U Tak 0ECKOHEYHO MM TpeBpalleHHe 7 B

0,142857142857142857... u Tak nanee 6ecko-
HeuHo. Ha mepBblif B3ryIs MOXeT MOKa3aThCs,
4TO 3TU GECKOHEeYHble AecATUYHbIe APO6U U Up-
palMOHAIbHBIE KBAJIPaTHbIe KOPHU — 3TO SIBJIEHUS
OHOTO TOPsSZAKa, HO 3TO COBCEM He TakK. Bexb
y 3THX 6ECKOHEYHBIX Jp0o6eil ecTb APOGHbBIH K-

BUBAJIEHT, B TO BpeMs KaK y+2 TaKOTro 3KBH-
BaJieHTa HEeT. A moueMmy, coOcTBeHHO? Jlesio B

1 1
TOM, YTO A€CATHUYHBIM 3KBUBAJIEHTOM § u 7, a

Tak)Xe 6eCKOHEYHOr0 YUCJa APYTUX Apobeii sIB-
JSIOTCS TepUOANYECKre OeCKOHEYHbIE APOOH.
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Atizex Asumos. YUCJTIA

B TO xe BpeMsi IeCITUYHbBINA 3KBUBAJIEHT 2
SABJISETCS HelepUoauYeCcKod Apo6bpi0. ITO yT-
Bep K/JEHHEe CIPaBeIJINBO TaKXKe JJis JI060ro up-
PalMOHAJILHOTO YHCJA.

[Tpo6siema 3akioyaeTcss B TOM, 4TO JiIo6ast Jie-
CSITHYHAs POOb, KOTOPast SIBISIETCS HPUOIKEHHBIM
3HaYeHHeM KOPHS KBaJpaTHOTO U3 2, MpeaCTaB-
JigeT cob6oii Herepuoanyeckyo apobb. Kak pase-
KO MbI HM TIPOIBHHEMCSI B pacyeTax, Jiobasi 1pobb,
KOTOPYIO MBI MOJIYYUM, OyeT HEIePUOAUYECKOM.

[IpeacraBbte cebe aApob6b C OTPOMHBIM
KOJIMYECTBOM HemepuoanvecKux Ludp mocse 3a-
nsatoi. Ecau Bapyr nocsie MUAIUOHHON LU(-
pbl BCS HOCJENOBAaTENbHOCTh AECATHYHBIX
3HAKOB MNOBTOPHUTCS, 3HAYUT, AECATHUYHAS
Apo6b — mepuoaMYecKas M AJiS Hee Cylle-
CTByeT 3KBUBAJEHT B BUJ€ OTHOUIEHUS Ile-
abix yucen. Ecam y 1po6u ¢ OrpOMHBIM KO-
JUYECTBOM (MHJIJHAPAB HMJINU MHUJJIUOHDI)
HelepuoUYEeCKNX JeCATHYHBIX 3HAKOB B Ka-
KOH-TO MOMEHT NOsBJsieTC 6€CKOHeYHas ce-
pusi MOBTOpSOMHUXCA 1UPp, HaAIpuUMmep
...05555555555..., 3TO TakXxe O3Ha4yaeT, 4YTO
AaHHasi ApoOb — MmepuUoOANYEcKass U IJs Hee
CyllecTByeT 3KBUBAJIEHT B BHJ€ OTHOIIEHUS
[eJIbIX YHUCeI.
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JOOKAITBIBAEMCSI 1O KOPHEH

Onnako B ciyyae MppallMOHAJbHBIX YHCeJ
UX JeCATUYHbIe S5KBUBAJIEHTHI MMOJHOCTDIO Helle-
pHoAuYecKkue U He MOTYT NPeBPATHThCA B Ie-
puoanYeckKHue.

(Pasymeertcs, Bbl MOXeTe 3afaThb MHe cJle-
AYIOUIHA BOMpoOC: «A KTO MOXeT 3HaThb M CKa-
3aTh HABEPHSKA, YTO MPOUCXOAUT C APOObIO,
CKaXkeM, TOcJIe TPWITMOHHOTO 3HaKa? Kto Moxker
rapaHTHUPOBATh, YTO APOObL HE CTAHET Mepuo-
au4eckoii?» CyuiecTByOT crocoObl HEOHIPOBEp-
XHUMO 10Ka3aTh, YTO UpPPAIMOHAJbHbIE YHUCJA
SABJSAIOTCA HeNepUOANYEeCKUMH, HO TaKue JO-
Ka3aTeJIbCTBA TPEOYIOT CI0KHOTO MaTeMaTHyec-
KOTO amnmnapaTa, IO3TOMY Mbl He CMOXEM pa-
306paTh ux B Hameil KHuxkke. Ho eciu Obi
BJIPYT OKa3aJ0Ch, YTO UpPAaLlMOHAJIbHOE YUCIO
CTAaHOBUTCS MEPHOANYECKON APOOBIO, 3TO 03-
Hayaslo OBl MOJHBIA KPaxX OCHOB MaTeMaTH4eC-
kux Hayk. I Ha camoM zese 3TO BpsJ U BO3-
MOJHO.)

CymecrsoBanue aApooeit

Tenepp paccMOTpUM ciejyioliee Bbipa-
xeHue: (24)2. Takas 3amuchb o3HayaeT, YTO
24 cnenyet Bo3BecTu B KkBaapar. Yucmao 24—
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Atizex Azumos. YNCJIIA

3TO 2 x 2 x 2 x 2, nau 16. Jlanee, 16 B
kBajpare — 3To 16 x 16, unu 256. Takum
o6pasom, (24)? = 256. Ho 256 — 3To Tak-
Ke 2 x 2 x 2 x 2x 2 x 2 x 2 x 2, uim
28, CnepoBatenpbHo, (24)2 = 28

Ecnu Bbl mpou3sBeneTe mofobOHbie 1eHCTBUS
C pa3JM4YHBIMU 3KCIOHEHIIMAJTbHBIMUA BbIpa-
KEeHUSAMH, Pa3IN4YaOIUMUCSI KaK OCHOBaHH-
€M, TakK U IoKa3aTeJeM CTEeIeHH, Bbl CMOXe-
Te yOeaUThCs, YTO CYIECTBYET IPABUJIO, obIIee
IJ151 BCEX 9KCIIOHEHIMAJIbHBIX BbIPAXKEHHUMH: IIPU
BO3BEJ€HUM SKCIIOHEHIIMAJbHOTO YMCJA B CTe-
neHb I0Ka3aTeqW CTENeHW IMepeMHOXAIoTCs.
ITO 03HAyaeT, YTO, HE MPOU3BOJAS PACYETOB,
MBI BCerja MOXEeM CKa3aTh CJeJyIollee:
(35)2 = 3% a (787 = 7° u rTak nmanee.

Ecau aTo yTBepXaeHUEe BEPHO, TO, OYe-
BHIHO, OHO 6yJeT BepHO U AJg APOGHOTO Mo-

1
kKa3aTens cterneHu. PaccMotrpum uuciao (24)2.
Crenys nmpaBUJly NepeMHOXKEHHUSI IKCIIOHEHT, IO-

1
ayunm (2')? = 22 Jlanee, mockoabky 2 = 16, a

22 = 4, TO MBI MOXEM YTBepXJAaTh, YTO

1

162 = 4.
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JOKATIBIBAEMCSI 1O KOPHEU

Ho MbI TakXe 3HaeM, 4To 4 — 3TO KBaj-
paTHbI KopeHb U3 16, 3HAYMWT, BO3BelAeHUE

1
YHUCJIa B CTel’IeHbE PaBHOCHUJIbBHO H3BJIEYEHUIO

M3 3TOTrO0 4YnCJjia KBAJIpaTHOTrO KOpHI. IlpymMn

1
CI0BaMH, 162 = /16 .

llanee, cieayst aToMy MpaBUJy, MOXHO yT-

1 ) 1
BepxJaTh, uTo 16° = 316 ,16° =416 u Tak aa-

nee. Tenepp Mbl BBeJIM B 06UX0A APOOGHBIE K-
CTIOHEHTHI, O KOTOPBIX 51 06ella] BaM paccKa3aThb
ellle B mectoit rinase. O6paTuTe BHUMaHHUE, 2
HEBO3MOXHO IpeACTaBUTb B BHIe KOHEYHOMU
Apo6H, HO MOXXHO — B BH/€ 3KCIIOHEHI[HAJb-
HOTO BBIpa)keHHsI C APOOHOM IKCIOHEHTOM.
Yto xe o3HayaeT ApoOHAsT 3KCIOHEHTa?

3
Hanpumep, BolpaxkeHue 16* — 3TO TO Xe ca-

. Cne-

N | =
N W

1
Moe, uTo (16°)?, MOCKOJBbKY 3 X

3
JIOBaTEJbHO, 162 = 167 .
Wnu, obobiiasi, MOXKHO CKa3aTh, YTO B CJY-
yae APOOHOI 5KCIIOHEHTHI OCHOBaHHE BO3BO-
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Atizex Asumos. YUCJIA

JUTCS B CTelleHb, PaBHYIO YUCJIMTEJNIO IKC-
MOHEHTbI, ¥ U3 HETO M3BJIEKaeTCcs KOpeHb, pPaB-
HBI 3HAMEHATeJ 0 3KCIIOHEHTHI.
567

CrnenoBaTesnbHO, 22 — 3TO KOopeHb 235-i
CTelleHu U3 2, BO3BeJeHHBIX B 367-10 cTerneHb.

OueBUAHO, TaKkHe APOOHBIE 3KCIOHEHTHI
O4YeHb IPOMO3JKH. A HeJb3s JId MepPelTH Ha
aecATUYHbIe ApoO6u? Beab MBI MOMHHMM, YTO

1 1
5~ 310 0,5, Tak 4YTO BMECTO 4?2 MOXHO Ha-

nucath 4%. Jlobas necsiTUYHaAsA 3KCIOHEHTa
uMeeT cBoe 3Hauenue. Hampumep, 2>!"° — 3t0

207 207
2% | MOCKOJBbKY 5,175 = 20 B cBowo oue-

207
peab, YHUCJIO 24 [OJy4aeTCcsa IIPU BO3BEAEHUH

2 B ctenenb 207 U u3BJIeYEHUH U3 MOJIyYEH-
HOTO pe3yJibTaTta KopHs 40-ii crenenn. (MosxHo
NIOMEeHATb MecTaMu onmepauuu. Ecau Mbl cHa-
4yaja u3BjaedyeM U3 2 KopeHb 40-ii cTeneHu,
a 3aTeM BO3BeJleM 3TOT IIPOMEXYTOUHBIN pe-
3yabptat B 207-10 cTeneHb, MbI MOJYYUM TOT
e OKOHYaTe/bHbId pe3y/bTaT. ITO YTBEPXK-
JeHWe Bbl JeTKO MOXXeTe HPOBEPUTb Ha 60-
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JOKATIBIBAEMCSI 1O KOPHEU

Jlee IPOCTOM NpHMepe, HalmpuMep Ha BbIpa-
3

xenun 4 KsaapaTHbiil kopeHb u3 43— 3TO

J64, 4to paBHO 8. B TO xe Bpemsa Ky6 4

paBeH 23, 4TO TakXxe paBHO 8.

207
3HayeHHe BbIPAXXKEHUA2® (uau J1060ro

ApYroro BbIpa>keHHsl, IJe 3KCIMOHEHTA SIBJIS-
eTcsl 1eJbiM, JPOGHBIM, NeCATUYHBIM, MOJO-
XHUTEJbHBIM WM OTPHLATEJbHBIM YHUCJIOM)
MOXeT ObITh BBIYMCJIEHO MPH MOMOIIH CO-
OTBETCTBYIOIIUX MaTeMaTHYECKUX METOJOB.
[Ipu aTOM BaM He MPHUULIOCH OBl ABECTH CEMb
pa3 mepeMHOXaTb 2 MJHU UCKATh MyTeM IOC-
JleoBaTeJbHBIX NPUOJIUKEHUN KOPEeHb COPO-

207
KOBOM cTemeHn.2% = 36,126.

JTa BeJUYUHA NPpUOAU3UTENIbHASA, TO-

207
CKOJIbKY 24 sBJseTCd HppPalUOHAJbHBIM

YUCJIOM, KaK H 6OJNIbIMINHCTBO Bpra)KeHPIﬁ
C IlpO6HbIMI/I HJIN OECATHUYHBIMHU 3KCIIOHEH-

207
TaMu. /lecaTUYHBINA 3KBUBAJEHT 249 — 3TO

b6eckoHeyHas Hemepuoauyeckas Apobb, HO
Mbl BCETrJa MOXEM MOJYYUTb CTOJNbKO Je-
CATHYHBIX 3HAKOB IIOCJe 3aMsaTON, CKOJb-
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Atizex Asumos. YUCJIA

KO TpebyeTcs B COOTBEeTCTBMHU ¢ TpeboBa-
HUSIMHA 1O TOYHOCTU KOHKPETHBIX BBIUHUC-
JIeHUH.

Ucnonb3ys n0b60e 4uCI0 B BUIE OCHO-
BaHUS 3KCHOHEHI[HAJNBHOTO BbIPAXKEHU S, MbI
MOXEM COCTaBHUTb COOTBETCTBYIOIlEE 3KCIO-
HEHIIMAJbHOE BBIpAXeHHe [Jisi JTI0O0ro Apy-
roro yucia. Temepb Mbl MOXeM BEPHYTbCSH
K Moeld 3azauye 06 yMHOXeHuu 7 X 17, Ko-
TOpas BO3HHUKJIA y HAC elle B HIECTOW rJja-
Be. Yncso 7 MOXHO mpeACTaBUTh Kak 228!
kak 3'7" uau kak 5'?! (cymecTBYIOT CIelH-
aJibHble METO/bI AJisi BBIYUCJIEHUS IKCIIOHEH-
[{MaJbHBIX 3KBUBAJIEHTOB), B TO K€ BpeEMSs
17 paBuo 2%%, 3258 yjau 5!'76, Temepp 3ana-
4y YMHOXEHHUS MOXHO CBECTH K CJIOKEHHIO:
7 X 17 = 22.81 X 24.08= 22,81+4,08 = 26,89, HIU
31,77x 32.58 = 34,35, Uiun 51,21 X 51.76 = 52.97. Bce
Tu uuchaa, 258 3435 5297 npubnausurtens-
HO paBHBI MeXAYy co00i W MpUBIU3UTENb-
HO paBHHI 119, 3T0 U ecTb OTBeT.

KoHeuHo, 6b1710 6bI TOPa3/10 Mpolie IPOCTO
NepeMHOXHUTb 7 X 17 BMecTO TOro, 4YTOObI
HaXOAMTb 3HAYEHUS 3KCIIOHEHIIHAJbHBIX BbI-
paxeHuil. Kpome Toro, BMECTO TOYHOTO OT-
BeTa Mbl NOJYYUM npubauxenusii. OaHa-
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JOKAIIBIBAEMCSI IO KOPHEU

KO IMIOCMOTPHUM, 4TO 6GyaeT panbpuie. Bo3amox-
HO, 3TOT METOJ OKa)keTcd He3aMeHMMbIM. O6-
paTUM BHMMaHHUE HAa OCHOBAHUS 3KCIOHEH-
LHaJbHBIX BbipakeHui. Mb1 BbiGpaau 2, 3
U 5. A nodyemy He BbiOpaTh yuciao 10, Beab
10 — 3To OoCcHOBa Hallel CHUCTEMbI cUeTa.



I'naBa 8

OYEHDb BOJIBHIOE
U OYEHb MAJIEHBKOE

Eme oaHO nmpeuMylIecTBO
yucaa 10

OnHoit U3 NMPpUYMH, 3aCTaBUBILIEH Y4EHbIX Ha-
CTOHYMBO BBOAMTDH 3KCIOHEHIIMAJbHbIE YUCJIA B
MPaKTHUKY, SBUJIaCh HEOOXOAUMOCTb paboTaTh
C o4yeHb OOJIBIIUMU WU OYEHb MaJIEeHbKUMH
yucaamu. Hanpumep, macca 3emsu paBHa mpu-
6sim3uteasHo 6000000000000000000000000000
rpaMM, a Macca aToMa BojAopoja —
0,00000000000000000000000166 rpamma.

Bbl, kOHEYHO, 3aMeTUJIH, YTO IIPHU TAKOM 3a-
IUCH HETPYAHO MOTEPSATb OAUH WU HECKOJIbKO
Hyneit. B mpouecce paboTsl yyeHbie pa3pabo-
TajJyd MeTOJ BBIPAXXKEHHUS YHCeJ, KOrAa 4acThb
Yucja ABISETCS OOBIYHBIM YHCJOM, a YaCTh —
3KCnoHeHUHaNbHbIM. OCHOBOM 3KCIIOHEHIINAJIb-
HOU yacTu siBasieTcs yncyo 10 (B KOHIle Mpe-
AbIAYylled TJaBbl S HAaMeKaJ Ha 3Ty BO3MOX-
HOCTbD).
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OYEHb BOJIBIIOE U OYEHb MAJIEHBKOE

Yucao 10, Bo3BeeHHOE B CTEIEHD, I03BOJISIET
NpeaCTaBUTh B YA0OHOU (opMe Kak 04eHb 60Jb-
uIMe, TaKk ¥ O4eHb MaJiIeHbKHe YKcJa. ITO BHU]-
HO U3 MPHUBEAEHHON HUXe TabJaUIIBI, KOTOPYIO
BbI MOJXKETe IIPOBEPHUTD, MPOU3BES] CAMOCTOS -
TeJIbHbIE pacyeThl.

1000000 = 108

100000 = 10° 0,1 =10
10000 = 104 0,01 = 102
1000 = 103 0,001 = 1073
100 = 102 0,0001 = 10
10 = 10! 0,00001 = 107°
1=10° 0,000001 = 10°®

st Toro uto6b y6eAuThCS B TOM, YTO
yucao 10 xopoumo BOHUChIBaeTCd B Hally CH-
CTeMy cueTa, pacCMOTpUM 4ucao 4372,654.
Pa3zobbeM ero Ha paspsiibl ¥ MOJYYHUM 4 Thi-
csA4u, 3 COTHHU, 7 NECATKOB, 2 efUHHULbI, 6
NecATBIX, O COTHIX M 4 ThicsauHble. Temeps
BcnoMHuM, uto 1000 = 103, 100 = 102
10 = 10! u Tak nmajsee, U 3amHIIEM YUCJIO
4372,654 xak (4 x 10%) + (3 x 10?) +
+ (7 x 10Y) + (2 x 10% + (6 x 10°') +
+ (5 x 10°%) + (4 x 1073).

187



Atizex A3umos. YNCJIA

Takum o6pa3oM, Mbl 3amucanud Ha Oymare
Te OIepalll, KOTOPbIE YXe ThICSAYH JIET MpO-
U3BOJAT Ha cueTax. Eciu psaj eauHUIl Ha cye-
TaX MOMETUTb KaK «HOJIb», PAABI, PaCIoOJo-
JKeHHble Bbillle psiAa eIWHHUIL, 0003HaYaeM
kak 1, 2, 3 u Tak gaJjee, a psAbl, pacmo-
JIOXKEeHHble HUXe psAlda eJUHHI, COOTBET-
cTBeHHO o6o3Havyaem kak -1, -2, -3, 1O
KaXX/J bl psIl COOTBETCTBYET MOKA3aTeJI0 CTe-
nmeHu yucaa 10.

Bce nonoxeHuss apupMeTUKH, KOTOPbBIE
MBIl M3y4Yaju, UCMOJb3ys apabckue ymcia,
MOYHO JIETKO OODBSACHUTDH MPH MOMOILH ITHUX
cTerneHel, 4yero oObIYHO He AeJIaloT B IIKO-
Jax.

MbI MOTpaTUM HEMHOTO BpPEMEHM Ha To,
4TO6OB pa3obpaThCsA C IKCMOHEHLUHMATbHBIMH
YKrCJIaMH, U B OyAyleM 3TO 3HAYUTENbHO 00-
JIErYUT HaM paboTy ¢ YHMCJIaAMH.

BHayasie pacCMOTPHUM MOJIOXKHUTEJbHbBIE
ctrenedu yucaa 10. 3ameTum, 4TO B JaH-
HOM CJIy4ae 3KCIIOHEHTa paBHA KOJUYECTBY
HyJieir ob6bbiuHOro uymciaa. TakuMm obpasom,
ecau yucyao Hyyaeid B 1 000 000 paBHO mecTH,
TO IKCIOHEeHI[MaJbHass ¢opma 3TOro Yuc-
aa 108,
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HHU®PbI U - LHUDPHI

10000 (10 |-H$HHEEN—| +4
1000 (10" |HHHE—| 3
100 (10) |-HEHI—| -2
10 (10 |HHHHN— 1
tao) (HHHHHN—] o
16 (10 | SHHHEHE—] -
10 (10 || -2
o0 (10 [HEHHEH—] -
wovo (10 [HHHEHHH—| -4

CuerTbl, psAibl KOTOpbIX 0603Ha4€Hbl B COOTBETCTBHMHU
¢ nokasareJjieM crenedu 10

Ternepsp, Koraa HaM MOHAAOOUTCA BHIPA3UTH
B 3KCIOHEHI[MAJbHOU (hOpMe YHCJIIO, COCTOsIIEe
He TOJIbKO U3 €IMHHUIl U HYyJIel, Hy>KHO 3amu-
caTb ero B BUJe BbIpakeHHs, BKjtovalomero 10
B Kakoii-To crenenu. Hampumep, macca 3eMm-
JIM, KaK Mbl BBISICHWJIM B Hayaje [JIaBbl, paB-
Ha 6 000 000 000 000 000 000 000 000 000
rpaMM. ITO YUCJIO MOXHO TPEACTaBUTh Kak 6 X
x 1 000 000 000 000 000 000 000 000 000
rpaMM. Terepb camoe 6GOJIBUIOE YHCJIO B BHI-
Pa’keHHH COCTOUT U3 €UHHULBI ¥ GOIBIIOro KO-
JIM4YecTBa HyJed, TO eCTh €ro MOXHO MpeJcTa-
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Atizex Asumos. YUCIIA

BUTb B BUJle cTeneHU. [lockobky KOJHMYECTBO
HyJiell paBHO 27, TO YMCJIO MOXKHO 3alHcaTh B
¢dopme 10%. Temepp Maccy 3eMJIH MOXKHO
NpeACTaBUTh B 3KCIIOHEHIMAJbHOM BHJE KakK
6 x 10%” rpamm.

JKCroHeHIMaJbHass (GopMa BbIPaXXeHUS
60JIbIIMX YKCEN MPEeAOCTaBIsET ABA OYEBU[-
HbIX NpeumyiiecTBa. Bo-mepBbix, Takas 3a-
HNUCh OYeHb KOMIAKTHA, 2 BO-BTOPHIX, ee Ipo-
e MPOYECTb — HET HEOOXOAMMOCTH CYMTATD
OTPOMHOE KOJMYECTBO HYJIeH.

st 0603HaYEHHs] MAJIBIX YHMCE MCHOJIb3Y-
1oT 10 B oTpuuareabHoii crenedu. Kak BUaHO U3
Tabsm1pl, yncio 10, Bo3BeIEHHOE B OTPHULIATEIbHBIE
CTEeleHH, NPeACTaBsSeT co60i 0ObIYHbIE YHCIIA,
JecATHYHbIE APOOH, COCTOSIINE U3 ONpeNesieH-
HOro Habopa HyJiel, pacroJIOKEeHHbIX MpaBee Jie-
CATHUYHOTO 3HAKA M 3aKAHYMBAIOIIUXCS €IUHULIEH.
YuceHHOe 3HaYEHHE OTPHUIIATEIbHOM 3KCIIOHEHThI
PaBHO KOJIMYECTBY HYJIeH Iocjie 3amsiTod IMIoc
1. Hampuwmep, uucao 0,000001 umeer nath Hy-
Jiel 1ocJie 3amsaToM, CJIeloBaTeNbHO, B 9KCIIOHEH-
uuaabHoi dopme oHO GyaeT 3amucaHo kak 1076,

Macca aTtomMa BOZOpPOJAa MOXeT OBITb
BhipakeHa B BuAe MpousBeseHus 1,66 x
x 0,000000000000000000000001 rpamma. (Ecan
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OYEHD BOJIBIIOE U OYEHb MAJIEHbKOE

Bbl NPOM3BeeTe ONEepPalui0 YMHOXEHHUsd, TO
MOJIydYUTe Ty BEJUYUHY, KOTOpas MpUBefeHa
B HauaJjie rjaBbl.) Bropoit comHOXuUTeNb Mpea-
ctaBiseT co6oit 10 B OTpUIlaTENbHOU CTEIEHH,
OHO COJIEPXHUT 23 HYJS crnpaBa OT AeCATHY-
HOro 3Haka. TakuMm 06pa3oM, B 3KCIIOHEH-
uuajabHO dhopme oHO OyAeT 3aMMCAHO KakK
10-24, Macca atoma Bojgopoxa B 1,66 pasa
60JIb1lIE 3TOI BEJUYMHBI, CJIEIOBATEIBHO, Macca
Bomopoaa paBHa 1,66 x 10-%4

Yucna, OTIHYHBIE OT JIECATH

[Tocne Toro xak Mbl HayYHJHUCh UCHOJIb-
30BaTh YKCJA B IKCIIOHEHIHANbHOU opMe Ha
ocuoBe 10, Ham OyxaeT jerko pasob6paTbcs B
3KCIOHEHI[MAJbHOU (POpMe Ha OCHOBE JPyrUX
yucen. B Hayane Hamei KHUXKH s yXKe pac-
CKa3biBaJ BaM O TOM, YTO B psjlie CJyyaeB
ynob6HO ucnoab3oBaTh Yyncao 12 smecto 10,
MOCKOJIBKY y uKcyaa 12 6oJibliie MHOXHUTEJIEeH,
yem y unucaa 10. (Y uucaa 12 ects u apy-
THe NMPEeUMYIIeCTBa, TOMUMO OOJbUIOTO KOJH-
yecTBa COMHOXUTesael.) /[[peBHue aoau or-
penensiiu BpeMs no JyHe. Kaxaeie 29 uau
30 pHeli BcxoawJsia HOBasl JyHa W, CjIefOBa-
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Atizex Asumos. YUCIIA

TeJIbHO, HAaUMHAaJICA HOBBIM Mecsll. Takux me-
cs1eB B roly, TO €CTb B NMEPUOA OT OAHOW
BECHBI 10 ApPyro#, 6su0 12, Tounee, 12 me-

1
csilleB U 112 AHSA. JTO mpuiano yucay 12

ompeJesieHHOe MaruyecKoe 3HaYeHue, a B APeB-
HOCTH 3TO OBIJIO O4YeHb BaXXHO AJS 4YeJoBe-
ka. CymecTtByeT 12 3HakoB 30/iMaKa, B KaX-
nom u3 kKotopbix ConHue mnpebGbiBaeT 10
OZIHOMY Mecsilly NMpH CBOeM KaXKylleMcsl Bpa-
meHuu BOKpyr 3emiau. Yucao 3HakoOB 304u-
aKa HallJIO CBOE OTpPakeHUWe U B 3eMHBIX Je-
aax. 9to 12 nnemen W3pauns u 12 cBATBHIX
arnocCTOJIOB.

Ecan MBI XOTHM HcHoJb30BaTh 12 Kak oc-
HOBY [/ CYETHOM CHCTEMbI, HAM MOHAA0OUTCS
IBEeHAAUATh Pa3HbIX LUUGP, BKIOYAS HOJb.
drumu uudpamu y Hac 6yayrt 0, 1, 2, 3, 4,
5,6,7,8, 9, @ u #. A ucnonnrdyio CUMBO-
Abl @ u # ana o603HaAYEHUSA TeX 4YHCeJ, KO-
TOpbie B AECATHYHOM CHCTeMe 0003HAYAITCS
kak 10 u 11.

Yucio 222 B 1ecATEPUYHON CUCTEME, TO €CTb
B cucTeMe, ocCHoBaHHOM Ha 10, MOXXHO 3amucaTtb
Kak (2 x 10%) + (2 x 10!) + (2 x 10°). Ta-
KO€e )K€ YHCJIO B JBEHa[AllaTepPU4YHON CHUCTe-
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OYEHb BOJIBHIOE U OYEHb MAJIEHBKOE

Me MOXKHO NEPEBECTU B AeCATEPUYHYIO CUCTe-
My, 3alHcaB ero cjegymomum obpasom: (2 x
x 12%) + (2 x 12!) + (2 x 12°). IIpoBenem
noacyeTsl ¥ moayyuM: 288 + 24 + 2, unn 314.
Jlpyrumu cioBaMH, 4uciao 222 B cucTteme, Oc-
HOBaHHOU Ha 12, TO ecTb B ABEHAAllaTEPUYHOM
cucTeMe, paBHO yuciay 314 B cucTeMe, OCHOBaHHOM
Ha 10, To ecTb B JecATEpUYHON CcHCTeMe.

B nBeHaanaTepuyHOIi CUCTEME YUCJIO MOXKHO
3anucaTh, CKaxkeM, Kak 3#4. 3To 3KBUBaJEHTHO
(3 x 122) + (# x 12') + (4 x 129). Mu c
BaMU paHee YCJOBHJHCH, YTO # paBHO 11 B
NecITEPUYHOU cUCTeMe, CJIeA0BATEJbHO, MO-
nyyaeM 432 + 132 + 4, unu 568 B mecsre-
pUYHOH cHucTeMe.

B kauecTBe OCHOBaHUS AJISI CUCTEMBI CYETA
MOXHO BbIOpaTh W uYucao Menbme 10.
Bo3sMeMm umcso 7, Toraa cuctema Gyaer Ha-
3bIBaTbhCA ceMepuuyHO#. Toraa HaM HY>XKHO TOJIb-
ko 7 cumBoJioB: 0, 1, 2, 3, 4, 5 u 6. Yucao
435 B ceMepuyHOU cuCTeMe [Jisi TIEpeBOJA B Jie-
CATEPUYHYI0O MOXKHO 3amucaTh Kak (4 x 7%) +
+ (3 x 7Y + (5% 7%, uto paBHo 196 + 21 +
+ 5, uau 222 B necATEPUUYHON CHCTEME.

ITOT MeTOJ| MO3BOJSIET MEPEBECTH YUCIO
M3 O/HOH CHCTEMBbI cuyeTa B JIOOYI0 APYrywo,
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Atizex Asumos. YUCIIA

IpUYEM OH NMPHUMEHUM JaxKe AJS JeCATUYHBIX
npobeii.

Boipaxkenue 0,15 B ABeHaAI[aTEPUYHON CH-
CTeMe MOXeT ObITh mpeicTaBaeHO Kak (1 x

1
x 1271 + (5 x 12%), mam (35 + ), 4TO

144

17 .
pPaBHO '1_4‘2 B J€ECATEPHUYHOU CHUCTEME. B ce-

MEPUYHOI CHUCTEME TO XK€ CaMOe BhIpaXkeHue
MOXHO npeiacTaBUTh Kak (1 x 77) + (5 x 772),

UIu (—1- + —5—) 4YTO paBHO 12 ecaTepuu-
7 T a9) 0P 49 B A€CATED

HOH cucTeMe.

Tenepp gaBaiiTe BBIACHUM, KaK oImpe/e-
JIUTh, CKOJIBKO OT/€JbHbIX CHMBOJIOB HEO00-
XOAUMO JJiI KaXKJOW OTJeJbHOW CUCTEMBI
cueta. IlepBoe uyucmao, ansa koroporo Tpeby-
eTca aBa cuMmBoJa, — 3to 10 (B n060i cuc-
Teme). J{as Bcex umuces, menbwux 10, Tpe-
O6yloTcsi OTAeJabHbIE U Pa3Hble CUMBOJIBL. Bce
yucJa, 6osbimre 10, MOXKHO 3amucarb, UCIIOJIb-
3y KOMOMHAIMM CHUMBOJIOB 4YHCEJ, MEHbIIUX
10. ITo npaBUIO, OYEBUAHO, CIIPABEAJIUBO AJIs
AecsITePUYHOU CHUCTEMBbI, C KOTOPOA MBI Tak
XOpOWO 3HaKOMbl. MOXHO 0XHAaTh, YTO B
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OYEHDb BOJIbIIOE U OYEHb MAJIEHbKOE

ApYTUX CHUCTEMax 3TO NPABUJIO TOXe CIpa-
BeAJUBO (B 4e€M MbI MOXeM yOeauTbcs Ha
IpaKTHKE).

Xopouo, Tenepb AaBaiTe BBISICHUM, YEMY
paBHO 3HaueHHWe BbipaxkeHus 10, Hampumep,
B JABeHaAlaTepuyHoil cucreme. OHO paBHO
(1 x 129 + (0 x 12%, uan 12 + 0, uan 12
B JleCATEPUYHOU cUCTeMe. AHAJIOTUYHO B ce-
MepUYHO#l cucteMe BbipaxeHue 10 paBHO
A x7YHY+ (0 x 7%, unu 7 + 0, unu 7.
Mo>HO npoBecTH aHaJOTUYHbIE OMEPAUH U
A ADYTHX CHCTEM, U MBI CKOpO ybeaumcs,
4TO B CHCTEME, OCHOBAaHHON Ha KakoM-ubo
yucJse, BoipaxeHue 10 cOOTBETCTBYeT UMEH-
HO 3TOMy uucay. (B mecarepuuHoii cucteme
10, ectectBeHHo, paBHO 10.)

B nBenaaguaTtepuuHOll cucTeMe HaM HYX-
Hbl OTZeJibHbie UUPPbI AJS KaXJ0ro 4YUCJa,
MeHbirero 12, tTo ectp 12 pazauuabix nudp,
BKJIlOYas HOJb. B ceMepuuHOl cucteme Ham
HY>KHBI OTZeJIbHbIe UMPDI A1 KaKI0TO YUCJIA,
MeHbIIEero 7, TO eCcTb 7 pa3jauyHbIX UUDP,
BKJIlOYass HOJb. JTO MPaBUJO CIpPaBeAJHUBO
st Bcex cueTHbiXx cucTeM. Ckaxem, B cuc-
TeMe cuyeTa, OCHOBaHHOU Ha 28, HaM mOHa-
nobsatca 28 pasnuuyHbiXx nM@p, BKAOYAS HOJb.
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Atizex Asumos. YUCJIA

YT0o6BI TOMOYB BaM IIyOKe pa3oOpaThCs B
3THMX MpPaBUJIAX, 1 IPUBOXY TabJHUIy CUMBOJIOB
JIJIs1 TIEPBBIX TPUALIATH YKCEJT B IBEHA/IIIATEPUYHOM
CUCTEME, B CEMEPUYHOU CHUCTEME U B TaK XO-
POILIO HaM 3HAKOMOH JecSITEpUYHOMN CHUCTeMe.

Cemepuunass | [lecatepuyHass | /IBeHaalaTepuyHas
cucTteMa cucTeMa cucTeMa

1 1 1

2 2 2

3 3 3

4 4 4

S S )

6 6 6
10 7 7
11 8 8
12 9 9
13 10 @)
14 11 #
15 12 10
16 13 11
20 14 12
21 15 13
22 16 14
23 17 15
24 18 16
25 19 17
26 20 18
30 21 19
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OHUPPbI U - LIUDPHI

Cemepuunasi | [lecsitepuynast | JlBeHaauatepuyHas
cucreMa cucrema cucTeMa
3 22 1@
32 23 1#
33 24 20
34 25 21
35 26 22
36 27 23
40 28 24
41 29 25
42 30 26

CuMraem npu nomoum
€MHHI U HyJIeH

s xaXk0i CYEeTHOH CHUCTEMBI MOXHO CO-
CTaBUTh TaOJHUIbI CIOXEHUS U APYrux apud-
MeTUYEeCKUX AeHCTBUH. B ABeHagnaTepuyHoOi cu-
cteMe 5 + 8 = 11, a 3 x 4 = 10. B cemepuuHoii
cucteme 3 + 6 = 12, a 5 x 3 = 21. Ham sTo
MOXeEeT [0Ka3aTbCSd CTPAHHBIM, IMOCKOJBKY MbI
He MCIoJb3yeM MoAaobHbie cucTembl. Ho ecan
MbI TIPOBOAUM BC€ pacyeThl B paMKax OIHOM
M3 TaKUX CHCTEM, Mbl BUIIMM, YTO CHCTEMA TaKXe
OTBeYaeT IOCTaBJEHHBIM IeJIM. YeloBe4ecTBO
OCTaHOBWJIOCh Ha /IECATEPUYHON CHCTEME TI0 TOM
NPOCTOM NpUYMHE, YTO HA PYKaxX Yy YesioBeKa
IecsThb MajblleB, 2 BOBCe HE MOTOMY, YTO 3Ta
cucteMa Gojiee JOrMYHA, YeM Jobasi Apyrasi.
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Atizex A3umos. YNCJIA

OaHako B OTAEJNbHBIX CJIyYasiX U I KOHKpeT-
HBIX IIeJIEH MOXET OKa3aThCsl, 4YTO KaKas-TO CHUC-
TeMa cyeTa SIBJIsieTCsl Topas/io 6oJiee PYHKIHUOHAb-
HOIA, HeXeJu pyrue. ITO CIPaBEJIMBO B CIyYae
CUCTEeMbI, OCHOBAHHOH Ha 2, TO €CTh IBOUYHOU CHU-
CTEMBI.

Boipaxenue 10 B 1BOMYHOI cUCTeMe paBHO
2 B pecatepuuHoii cucteme. CienoBaTesbHO,
B TakOH cucteMe ToJbkO ABe 1udps, 0 u 1.
Ha npeapiaymux cTpaHuunax mNpuUBEAEHbI CUM-
BOJIBI JJIi TEePBBIX YHCEJ TAKOH CHCTEMBI H
COOTBETCTBYIOIINE 3KBUBAJEHTHI JeCATEPUYHOM
CHCTEMBI.

[TepeBox yucna U3 JBOMYHOM CHUCTEMHI B Jie-
CATEPUYHYIO He COCTaBiseT TpyAa. PaccMoTpum,
HanpuMmep, BoipaxkeHue 11001 B nBouuHOI cuc-
teme. OHO 3kBUBaJIEHTHO (1 X 24) + (1 x 23) +
+ (0 x 22) + (0 x 21) + (1 x 20), unnm
16 + 8 + 0 + 0 + 1, uau 25, 4yTO CoOTBET-
CTBYET 5KBUBAJIEHTY, NIPUBEEHHOMY B TalJIuIie.

JIBouuHas | Jecatepuunas | lBonynas HecsitepruHas

cucrema cucTeMa cucTeMa cucTeMa
1 1 1001 9
10 2 1010 10

11 3 1011 11
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OYEHb BOJIBIIOE 1 OYEHb MAJIEHBKOE

lsouunas | Jecarepuunas | [lBouynass | [ecsatepuuHas
crcTemMa cucremMa cucreMa cucrema

100 4 1100 12

101 S 1101 13

110 6 1110 14

111 7 1111 15
1000 7 10000 16
10001 17 11000 24
10010 18 11001 25
10011 19 11010 26
10100 20 11011 27
10101 21 11100 28
10110 22 11101 29
10111 23 11110 30

ITOT MpOLECC MOXHO YIPOCTHUTh, €CJHU
NPUHSATbH BO BHUMaHHE, YTO YHUCJIO 2, BO3Be-
JeHHOe B CTeleHb, yMHOXaeTcsi 6o Ha 0,
U TOrAa pe3yJbTaT TOXe OyaeT paBeH HYJIO
M €ro MOXHO He YYHMThIBaTh, JuOO Ha 1, u
TOTZa 3TO MPOCTO 2, BO3BEJEHHOE B KaKYIO-
TO CTEMNeHb.

TakuM o06pa3oM, MBI MOXEM MPOCTABUTH
NOPSAKOBbI HOMEP CIpaBa HaJieBO, KaK 3TO
II0Ka3aHO HUXe MajJieHbKUMH UHudpamMu:

) 11001

43210
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Atizex Asumos. YUCJIA

Kaxxmoe MajieHbKOE YHUCJIO — 3TO CTENEeHb
yucaa 2, ompeaensieMasi MoJoXxeHueMm Iud-
pbl B YKCJIE, IPEACTABJIEHHOM B JABOUYHOU CU-
cteme. CienyeT yYuTHIBaTh TOJBKO Te IOKa-
3aTeJii CTeNeH!, KOTOPbIE CTOST MPOTUB €AUHHUIL.
[TokasaTesnu, CTOSIIKAE MPOTHB HYJIEH, MOXKHO
omyckats. Vcrnosb3ysi Tako MOAX0M, MOKHO 3a-
nucatb yucyo 11001 kak 24 + 23 + 20, uau 16
+ 8 + 1, uau 25.

Bospume uncia, Takue xak 1 110 010 100 001 001,
MOXHO NEPEBOAUTH B JECATEPUYHYIO CHCTE-
My TakdM e oOpa3oM.
11100101000O010O0O01
15 14 13 12 1 10 9 8 7 6 5 4 3 2 1 0

[TockobKY eAMHULIAM COOTBETCTBYIOT TMO3H-
uuu 0, 3, 8, 10, 13, 14 u 15, To yucao 6yzxer
paBHATbCH 215 + 214 + 213 + 210 + 28 +
+ 23 + 20, nan 32, 768 + 16, 384 + 8, 192 +
+ 1, 024 + 256 + 8 + 1, uau 58, 633.

OO6paTHbI MepeBoJ U3 JBOMYHON CHCTe-
Mbl B J€CSATEPUYHYIO HE OYEHb CJOXEH, HO
6onee anuteneH. IIpeanonoxum, yncao 1562
BBIPAXKEHO B JeCATEPUUYHON cucTeme. B aBo-
UYHYIO CHCTEMY €ro MOXHO IepeBecTH cJe-
AylmuM o6pa3oMm:
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OYEHb BOJIBIIOE U OYEHb MAJIEHBKOE

Haubosibiliee 4HCJIO, COOTBETCTBYIIOIEE
N1BO¥iKe, BO3BEJJeHHO! B CTelNeHb, U MEHbIIIee
1562, — sto 210 (umm 1024). Eciu Mbi BbIY-
teM 1024 u3 1562, y Hac ocranercs 538. Te-
nepb HauboJIbIlIee YUCIIO, COOTBETCTBYIOLIEE JIBOM-
Ke, BO3BE/ICHHOM B CTelleHb, 1 MeHblee 538, —
370 29 (unu 512). Ilocse BbIYUTAHUSA ITOH
BesinuuHbl U3 538 y Hac ocraetrcs 26. bau-
XKalllee ¥ MeHblllee YUCJIO Tenepp — 24 (U1uU
16). [Mocne Bpruntanus ocraercs 10. Teneps
Oonmxaimee yuciao — ato 23 (uau 8). IMocue
BolyuTaHuss octaercss 2 uam 20. Takum 06-
pasom, 1562 = 210 + 29 + 24 + 23 + 21.

Tenepb HazoO TONBKO NMpPaBUJbHO pPaccTa-
BUTb [10 MECTaM NOKa3aTeJH CTelNeHU CIpaBa
HaneBo. Exuuunsl 6yayT croats Ha 1, 3, 4, 9
u 10-i nos3unusx. Ha octanbHbIX mo3umusx
MbI IIOCTaBUM HyJU. Takum 06pasoM, Mbi 110-
aydaem yucyo 11 000 011 010, xBOMYHBINA 3KBU-
BaJIeHT uMcia 1562 B necsiTepuyHOil cucTeMe.

B aBOoMYHOI cucTeMe O4YeHb MPOCThbie Tab-
JIUIBI CJIOXKEHUS] U YMHOXEHUS:

0+0=0

0+ 10
0x0=0 0x1

=1 1+1
0 1 x1

N 3T0 Bech CIHUCOK.
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Aiizex Asumos. YUCIIA

Takum o6pa3oM, B IBOUYHOI cucTeMe:

11
+1
10

10
110

H

11
x11
11
11
1001

[1paBUIBHOCTD 3TUX BBIYUCIIEHUN MOXHO, IIPU
XKeJJaHMH, TIPOBEPUTDb, YYUTBIBAsA, YTO yucaa 11,
110 u 1001 B 1BOMYHON cHcTeMe paBHBI COOTBET-
cTBeHHO 3, 6 1 9 B necsaTepuyHOIl cucTeMe.

Tenepb npenacraBbTe cebe, YTO y Bac eCTb
CcYeTHas 3JEKTPOHHass MallMHA ¢ Habopom
nepekJioyaTteneil (Hanpumep, NOJyInpoOBOAHU-
koBbix). Kaxablii mepekjsoyaTesnb MOXeT
HaxXOAUTbCSI B OAHOW M3 ABYX NO3ULUUA —
«BKJIIOYeHO» (KOTJa TOK NPOXOAMUT yepe3 Iie-
peKJIloYaTesib) UJIU <«BBIKJIOYEHO» (KOraa TOK
He NPOXOAMUT 4Yepe3 NepeKJIoYaTesb).
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OYEHb BOJIbIIOE U OYEHb MAJIEHBKOE

Tenepp npeanosoxuM, 4TO MOJIOXEHHE
«BKJIIOYEHO» COOTBETCTByeT 1, a moJioxeHue
«BBIKJII0YeHO» cooTBeTcTByeT 0. B aTom ciy-
4yae CYETHYIO MAIMHY MOXHO CIIPOeKTUPOBATh
TaKUM 00pa3oM, YTOOBI MepPeKTI0YEeHHEe DJIeK-
TPUYECKOTO CUTHaja Pa3JIMYHBIMU IEPEKJIO-
YaTesasiMU MOAYUHSIJIOCh IPaBUJIaM CJIOXEHUS,
YMHOXEHUSI U APYTUM AeHCTBUSIM C eIUHU-
IlaMU U HYJIMHM B IBOUYHOH cuUcCTeMe.

Takast MamuHa OyaeT Tak OBICTPO HPOHU3-
BOAMTD IlepeKJI0ueHre U NPOU3BOAUTH BBIYKC-
JIeHUS C TaKOi CKOPOCTbBIO, YTO CMOJXET BbIIOJI-
HUTb 32 CYUTAHble CEKYHABl TaKod 00beM
BBIYMCJIEHHI, HA KOTOPbIi1 4esoBeKy mnoTpe6o-
BaJIOCh Obl He MeHbIlle MeCsIIa.

Onnako, paccMaTpuBasi pa3JiMyHbie CUCTEMbI
CyeTa, Mbl CUJIBHO YKJIOHWJIUCh OT OCHOBHOM TeMbI
Hameil kHUru. Temepb MbI BO3BpalaeMcsl K
JecSITePUYHOM cUCTeMe, U BCSI JlajibHeHIlass UH-
dbopmarust 6yneT nogaHa UMEHHO B A€CSITEPUYHOI
cucteMe.

JKOHIIHpyeM 3KCNOHEHTaMH

Jlnst Toro 4ToOBI YETKO YSICHUTH cebe, Ka-
Kde NeHCTBUS MOXXHO NMPOU3BOAUTH C IKC-
NOHEHLUMAJTbHBIMM YHUCJaMU Ha ocHoBe 10,
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HauHeM paboTaTb C OTHOCHUTEJIbHO HEGOJIb-
HIMMU YUCJIAMU, 2 HE C TaKMMH OTPOMHBI-
MU, Kak Macca 3eMJiM, 0 KOTOPO# 1Lj1a pedb
B HayaJie TJaBBbl.

[IpeanosnoxuM, HaM Hago BBIPA3UTh B IK-
cloHeHUMaabHO dopme yucao 3200. Msr Mo-
K€M MCII0Jb30BaTh TOJBKO LeJibie YUCJIA, NO-
3TOMy pasobbem uuciao 3200 craeayomum
obpasom: (3 x 1000) + (2 x 100) uam (3 X
x 103) + (2 x 102). Ho ropa3zo ymobHee B
TeX CJIyyasiX, KOrZa 3TO BO3MOXHO, [10J1b30BAThCSI
OZHOM 3KCIIOHEHTOM. ITOro MOXHO JOOUTHCH,
UCTIOJb3Ys aecsiTuuHbie aApobu. [Ipeacrabum 3200
B Buze 3,2 x 1000 (MoxeTe caMOCTOSITEbHO
IPOM3BECTU YMHOXKEHUE U NMPOBEPUTH TPABUJIb-
HOCTb 3TOr0 yTBepxzaeHus) uau 3,2 x 103.

MoxHo, koHeuHo, npeactaButh 3200 kak
32 x 100, yTOo B 3KCHOHEHI[MaJbHOU (dopMe
nact 32 x 102. MoxHo BbiOpaTh TaKoW BapH-
auT: 3200 = 0,32 x 1000 uau 0,32 x 10 Bce
3TH BBIPAXKEHHUS] UAEHTUYHBbL. ITOT (PaKT MOXKHO
HOATBEPAUTH, IPOU3BE/S OllepPalUM YMHOXe-
HUs. {1 KaXA0ro OTAEeNbHOrO CJIy4yasi MbI I10-
ayyum 3200. Ho atoT dakT MOXHO NOATBEp-
AUTHh, He NIPOU3BOAS ONlePalUil YMHOXEHHUS.
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IIpeanosioxuM, Hano yMHOXUTH 40 Ha 50.
40 x 50 = 2000.

Tenepb pa3nesM OAMH U3 COMHOXHUTesEH Ha
2, a apyroii yMHOXxuM Ha 2. [Tomyyaem 20 x 100,
win 80 x 25. 1 B TOM U B APYroM ciy4ae pe-
3ysbTaT oauH U TOT ke, 2000. IIpeamonoxum,
Mbl YMHOXaeM OIMH U3 COMHOXHUTeseil Ha 10, a
npyroit nenum Ha 10. Toraa Mbl nosydyaem 4 X
x 500 unu 400 x 5. I B ToM U B Apyrom ciy-
yae pe3yJsbTaT OAMH U TOT e, 2000.

JApyruMu cjoBamMu, NMPU TEPEMHOXEHUU
JIBYX 4YHMCeJ MX IIpOU3BeJeHUe He MeHseTcCH,
ecJi OAUH M3 COMHOXMUTeJeidl YMHOXHUTb Ha
KaKoe-TO YHMCJIO, a APYroil pa3fesuTb Ha 3TO
XKe caMoe 4HuCJo.

Tenepb paccmoTpuM npousBenenue 3,2 x 103,
YMmuoxum 3,2 Ha 10 u pasgenum 103 nHa 10.
Kak MbI yxe 3HaeM, IpOU3BeeHHE OT 3TOr0 He
U3MEHUTCS.

3,2 x 10 = 32. Paznenum 103 vHa 10 (uu,
4TO OAHO U TO Xe, YMHOXUM Ha 107') u mo-
ayyum 102 Tenepp mpousBeneHUe BHITISIAUT
kak 32 X 102, npu 3TOM ero BeiMYMHA HE H3-
MEHSIETCSH.
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Msbt MoxeM pasdaenuth 3,2 Ha 10 (mo-
nygaem 0,32) u ymuoxuts 103 Ha 10 (10%).
B pesyabtaTte moayyaem 0,32 x 104, npu
3TOM BeJIMYMHA TaKXe He U3MEeHMJIACh.

Mbi BuauM, uyto BeipaxkeHus 0,32 x 104
32 x 102, 3,2 x 103 gaBasAOTCA OOHUM U TeM
ke yucjaoM. Toraa Kakoi CMBICJI MEHSITh OAHY
dopmy Ha apyrywo? C TOYKHU 3pEeHUS] KOPpEK-
THOCTH PacyeTOB HUKAaKOTO CMBICJA HET, a BOT
C TOYKHU 3peHHUst yA0OCTBa NMPOBeAeHHUST BbIUUC-
JNeHUul — 6e3ycioBHO ecTh. IlesnecoobpasHo uc-
10JIb30BaTh TaKyl0 (GOPMY 3KCIIOHEHLIHMAJIbHOTO
BBIPDaXKEeHUS, KOTAa HEIKCIOHEHIHaJbHas
yacTb sBasiercss yuciaom ot 1 po 10. B cay-
yae 32 x 10? HeIKCIIOHEHIMAIbHAS YaCTh 60JIb-
me 10, B cayyae 0,32 x 10* HesaxcnoHeHuu-
ajpHas yactb MeHbine 1. B cayyae 3,2 x 103
HE3KCIIOHEHL[MaJbHAsI YaCTb HAXOAUTCS MeX-
ay 1 u 10, 1 310 kKak pa3 Ta ¢popma Bbipaxe-
HUsI, KOTOpasi OOBIYHO HCIIOJIb3yeTCH.

Jlns 4uces, MEHbIIUX €IUHHUIIBI, 3TO Npa-
BUJIO TaKXe CIIpaBeAJIMBO, 32 UCKJIOYEHU-
eM eTajied, KacalouUuXCcs 3KCIOHEHIUalb-
Hoit yactu. Hanpumep, paccMoTpuM 4ucio
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0,0054. Ero moxHo 3anucatb kak 54 x 0,0001
uiam kak 5,4 x 0,001. Kaxxgoe u3 3TUX BbI-
pakeHUU 1OcJe NMepeMHOXEeHUS AacT OAUH
u toT xe pe3ynabtat, 0,0054. B akcnoHeH-
[MaJbHON (GopMe 3TO BBITJASIAUT KaK 54 X
x 1074, 5,4 x 1073 uaum 0,54 x 102

ITH BbIpa’XKeHUS TaKXXe 3KBUBAJEHTHBHI.
Kak u B mpeabiaylieM NpUMepe, Mbl MO-
xKeM ymMHOXuTbh 5,4 Ha 10, 10-3 paszgenuTts
Ha 10. [Jenenue 103 Ha 10 paBHOUEHHO yM-
HoxeHMIO Ha 107!, /[esileHMe paBHOILEHHO BbI-
YUTAaHUIO OJHOrO MOKa3aTejs CTENeHH U3
apyroro (-3 — 1 = —-4), to ectp 1073 pas-
neautp Ha 10 paBHo 103! mwmm 104 Ta-
KUM 00pa3oM, Mbl IPEBPATHJIU BbipaxkeHHE
54 x 103 B 54 x 104 He U3MEeHHUB ero Be-
JIUYUHBI.

[Tpu momoIM aHAJIOTHYHBIX NPOLEAYDP MbI
mMoxxeM npeBpatuth 5,4 x 103 B 0,54 x 10°
2, He u3MeHHUB ero BeauyuHbl. Ho Ha mpak-
THKe MpeAINoYTUTEeIbHEEe HCII0Jb30BaTh Bbi-
paxeHue 5,4 X 1073, MOCKOJNBKY B 3TOM
cJiyyae HedIKCIIOHEHIMaIbHAS YacCTh HAXOAUTCS
mexay 1 u 10.
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IIponoaskaeM >KOHIJIHPOBATH
9KCNOHEHTaMH

K aKcnoHeHIMaJbHbIM YHMCJIaM IPUMEHHU-
MBI Te Xe NpaBUJa, KAK U K OObBIYHBIM YHC-
JIaM.

B onepauusx cioxeHus ¥ BbIYUTAHHUS yua-
CTBYIOT TOJIbKO HEIKCIIOHEHIIMaJbHbIE COCTaB-
asomue yucea. Hanpumep, npu cioxeHuu
2,3 x 10" u 4,2 x 10* nonyuyaem 6,5 x 10%
(IIpoBepbTe 3TO yTBepxK/aeHHe, MpeoOpPa30BaB
9KCIIOHEHIIMaJIbHbie BBIPAXEHHUsI B HEIKCIIO-
HeHuuanpHbie: 23 000 u 42 000. CnoxuB ux,
Bbl nmoayuute 65 000. Takyio xe omepauuio
MOJXXHO OCYIIECTBUTb CO BCEMHU NPHUMEPaAMH,
KOTOpbI€ S IpUBeJ B 3Toil raaBe. Takum 06-
pa3oM, Bbl He TOJIbKO Hay4UTeCch 0OpamaTh-
Csl ¢ 9KCIIOHEHI[MAJbHbBIMU BBIPA)XEHUSIMHU, HO
U Ha NpaKTHKe CMOXeTe yOeauThCs, YTO He
06s13aTeIbHO BEPUTb BCEMY, YTO BaM TrOBO-
pPST, faXe ecJU 3TO «4YTO-TO» HaleyaTaHo B
tunorpaduu.)

Cymma yucen 8,7 x 10* u 3,9 x 10 pas-
Ha 12,6 x 10%. OTBeT MOXHO OCTaBUTb B 3TOM
BUJIE, XOTsI HEIKCIIOHEHI[MaIbHAsA YacTh O0JIblIe
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10. MoxHO Takxe NpU NOMOLIU OllepaLuii
YMHOXX€eHHSI—IeJIeHUs], OIUCAHHbIX BbIIIEe, IIPU-
BECTH BbIpakeHHe K Oosiee ynoOHOMY BHUAY:
1,26 x 10% ITOT OoTBeT Takoi e NMpaBUJIb-
HblH, KaKk U IpeabIAyIIUi.

A Kkak mocTynaTh, KOrga y 4Yuces pa3jinya-
eTcsl KCIOHeHI[HaNbHast 4yacTh? Yemy Oyaer
paBHa cymma 1,87 x 104 u 9 x 10%? [das toro
4TOObI IPOBECTU CJIOXKEHHE, OTPebyeTcs npu-
BecTH oba yHcIa K TaKOMY BHAY, Koraa obe
9KCIIOHEHLMaJ/IbHbIE YaCTH OAMHaKoBbl. Hampu-
mep, 1,87 x 10* moxHO mnpeobpa3oBaTh B
187 x 102. Toraa MOXXHO IPOBECTU CJIOKEHHUE:
(9 x 10%) + (187 x 10?) = (9 + 187) x 102 =
= 196 x 102 MoOXHO NMOWTH APYTUM IMyTEM U
npespatuth 9 x 102 B 0,09 x 104 torma mo-
ayuyum (0,09 x 10%) + (1,87 x 10%) = (0,09 +
+ 1,87) x 10* = 1,96 x 104

Takum 06pa3oM, MbI MOJYYHJIH ABa OT-
Beta: 196 x 102 u 1,96 x 104 ITH aBa BHI-
pPa’keHUsI PaBHOLIEHHbI, HO HUCIOJIb30BaTh Ipe-
NOYTHTEJbHO BTOPOE.

C 3KCHOHEHIIMAaJbHBIMH YMCJIAMHU TaKXe
MOXXHO TPOU3BOAMUTH ONEPAllMU BbIYUTAHUS.
Ha npakTuke, oaHako, 3KCIOHEHIIMAJbHOU
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dopMoit peako MOJb3YIOTCS IPH BHINOJHE-
HUHU ONepaluil CJI0XKEHUS U BbIYUTAHUSA, 110-
CKOJIbKY ymobOHee CKJIaAbiBaTh M BBHIYUTATH
oObIYHbBIE YHCIa. A BOT NMPU ONlEpalUAX YM-
HOXKEHUS U JIeJIEHUSI SKCIIOHEHIIMaIbHble YMCIIa
He3aMeHUMBI. [IpeanosokuM, Haf0 MEepPeMHO-
xuTh 6000 Ha 0,008. 9TO0 B 06mEM-TO He-
TPYAHO cAeNaTh B CTOJOHUK:
6000
x 0,008
480,000

B nanHOM mpuMepe eIMHCTBEHHYIO TPYA-
HOCTb TIPeICTaBJIsIeT orniepauus ¢ Hy isiMu. HyxHo
BHHMAaTeJIbHO OTCJEANTD ION0XKeHMe NecATHY-
HOW 3alsiTOH.

A Ttenepb nonpobyemM MPOBECTH YMHOXEHHE,
UCTI0JIb3Ysl 3KCIOHEHIMANIbHYI0 (HOpPMY BbIpa-
xenus yuces. [lepeBegemM 4ucia B 3KCIIOHEH-
uuanbHyo dopmy: 6000 = 6 x 104, 0,008 = 8 x
x 10-3. IlepeMHOXUM 3TH yKcaa: 6 X 10% x 8 x
x 1073. 6 x 8 = 48; zarem 10* x 103 = 10",
(CknanpiBaeM 3kcrioHeHTsl 4 + (-3) = 1.) Ilo-
aydyaeM otseT: 48 x 10!, unu, B 6Gosee ymo6-
HoU ¢opme, 48 x 10?% uau B BUAE OOBIYHOIO
yucaa 480.
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Kak MBI BUAUM, UCIIOJIb3YsI 9KCIIOHEHI[H-
aJbHyl0 (GopMy, Mbl 3HAYMTEJbHO YNpOILa-
eM 3a71auy YMHOXEHHsI, 0COOEHHO B TOM CJy-
yae, KOrzla UMeeM JeJi0 C OYeHb OOJbUIUMHU
U OYeHb MaJIeHbKMMH YHCJIAMHU.

[IpeanosoxuM, Haf0 PEUIUTh TAKYI0 3a-
nayy. CKOJIbKO aTOMOB BOAOPOJAA COJAEpXa-
Jock 6b1 B 3emuie, ecaid ObI OHA COCTOSIIA TOJIb-
KO U3 3THUX aTOMOB BOXOPOZA.

Macca 3emnu paBHa
6 000 000 000 000 000 000 000 000 000
rpaMM, a Macca aToMa Boaopoaa —
0,00000000000000000000000166 rpamma. YTtobOsI
HalTH KOJIMYECTBO aTOMOB BOAOPO/A, HAJI0 Maccy
3eMJIM pa3fenuTbh Ha MacCy aTOMa BOAOPOAA, TO
ectb 6 000 000 000 000 000 000 000 000 000
paszesauts Ha 0,00000000000000000000000166.
PazymeeTcsi, BbI MOXeTe NMpoJesaaTh 3Ty MPO-
1[eAYPY, €CJIU 3aXOTUTe, HO, TIOXKaNYi, pa3yMHee
nepeiiTU K 3KCMOHEHIHaJbHOU ¢opMe.

[Ipu KcCr0/b30BaHUU IKCIIOHEHIIMATbHbIX BbI-
pPaKeHU i 3aj1a4a cpasy YIPOIIAETCS:
(6 x 107) : (1,66 x 10-%). Tak Xe, KaKk 4 B
cjly4ae YMHOXKEHHsI, MOXKHO TIOJEJUTb OAHY He-
SKCIIOHEHIIMAIbHYIO YacTh Ha Apyryio. Takum 06-
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pasoM, moJay4aeM vactHoe 6 : 1,66 = 3,6 (mpu-
GJIM)KEHHO, HO IOCTAaTOYHO JJIS1 JAaHHOM 3aauM),
B TO e BpeMms 107 : 10 = 10°!). Takum o6pa-
30M, KOJIMYECTBO aTOMOB BOAOpoA2a B 3emJie (ecyu
Obl OHa COCTOSIA M3 OJHUX aTOMOB BOAOPOAA U
nMeJia Gbl Ty Maccy, KOTOPYIO HMeeT ceifyac) pas-
Hsiioch ObI 3,6 x 1051). Vlm B BHzie 0ObIHOTO YKCIIA
3 600 000 000 000 000 000 000 000 000 000 000 000 000 000 000 000 000
rpaMM, ecJiit Obl TIPOCTO NMEPEMHOXHIIM JBA OObIMHBIX
YyKcIia, KakK 3TO Jejlajid B NPEbIAYIIUX pa3zeiax.

He npeacraBiisieT TPyJHOCTH TaKXe BO3-
BeJleHHe B CTelleHb 3KCIOHEHIIHAJbHbIX BbI-
pakeHM# U M3BJeueHHe U3 HUX KOpHs. Tak,
(9 x 1092 pasHo 92 x (10%)? uro paBHO
81 x (1042, unu 81 x 108, wnu 8,1 x 10°% TouHo
TaK )K€ MOXXHO H3BJieub KopeHb U3 (9 x 10%).

Kopens kBagpaThbiit 13 9 x 10%(\9x10*) pa-
BEH.9 X 10*,nau 3 x 102

IMoanocTbIO NepexoaAuM Ha IKCNNOHEHTHI

EcTtb enre HesicHble MOMEHTBI IIPH UCIIOJIb-
30BaHHUM 3KCIOHEHIMANbHOMU Cl)OprI 3alu-
cu uucen. Ecaum Mbpr UMeeM Jesio ¢ yMcia-
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MH ¢ 60JbIIMM KOJUYECTBOM HYyJe#, Bce J0-
cTaTo4yHo npocto. Ho mpeamosoxum, 4To
Hajao nmepeMHOXUTb 6837 u 1822. Ecau mbr
3aMuileM 3TH YUCJa B 3KCIOHEHIHaJbHOMI
dopme, To nonyuum: 6,837 x 103u 1,822 x
x 103. [lepeMHOXHUTH 3KCIIOHEHIIMAJbHbIE Ya-
CTH HECJIOXXHO, a BOT YTO JeJlaTh C YUCJa-
Mu 6,837 u 1,822? Mbl CTOJIKHYJIHCH C TOM
XKe 3azadyeil, Kak M TpPH TNEePEMHOXEHHH
O60JbIIMX YHCEJ, C TOX TOJBKO pasHHUIEH,
4YTO HAJO0 CJEJUTh 3a MOJOXEHUEM JAeCsATHY-
HOro 3Haka. [[pyrumu cioBaMu, HaM HYX-
HO NpeACTaBUTb YUCJIO B Takoi ¢opme, YTO-
Obl HEIKCIIOHEHIMaJbHasd 4acThb Oblja Kak
MOXHO Kopoue uiu paBHsiiack 1. [lockonbky
peub HUIET O AeCATEPUYHON cUCTeMe, HaM
NOHAA06SATCS AecCATHYHbIE JKCIIOHEHTHI,
KOTOpbie Mbl 00CYXaa/u B KOHIE CeAbMOI
rJ1aBBbl.

Tenepb naBaiiTe moapoOHee pacCMOTPUM
3KcoHeHTbl Ha ocHoBe 10. HauyhHem ¢
10° = 1 u 10' = 10. A 4emy paBHBH
akcrnoHeHTol Mexay 0 u 1? Hanpuwmep,

1
10% = 10? = 10, 4yTO NpPUOIU3UTENBHO PABHO
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3,162278. Takum xe cnoco6om (HO ¢ 60Jib-
IMIHUMH CJIOXHOCTSIMH) MOXHO IOJYyYUTh 3Ha-
yeruue 10 B crenenu ot 0 mo 1. ITH Besu-
YUHBI NOJACYUTAHBI U COOpPaHbl B CIEMaTbHbIX
ClpaBOYHMKaX B BUae Tabuauu. B Hameit
KHMXKKe NpUBeJeHa KpaTKas Tabyiuia 3Have-
HU# 4yuciaa 10, BO3BeJeHHOr0 B pa3J/iMuHbIie
CTeleHH.

ITockobKy B ZaHHOM cJiyyae OCHOBaHHU-
eM Bceraa spasercsa yuciao 10, To B Tabau-
1ax OOBIYHO TPUBOASTCS TOJBKO IMOKa3aTe-
JIU CTENEeHU, TO eCTh IKCIOHEeHThl. OTaebHO
3alMCcaHHasl 9KCTIOHEHTa Ha3bIBaeTcs Jiorapudg-
MOM, 3HaueHHUe dKCIIOHEHI[HaJbHOTO BbIpaxe-
HUS B BUJe OOBIYHOTO 4YHCJIa Ha3biBaeTCS aH-
tunorapu¢moM. Hanpumep, B BbIpakxeHUH
102 = 100 cnpaBeanuBsl ciaeayooiie 0603Ha-
YeHMUS:

2 — gmorapudpm 100,
a 100 — aHTunOrapudm 2.
Tabnuua, npuBeaeHHast HUXe, B KOTOPOii
npuBeaeHbl aHTUJOrapudmbl Qs psaa Jo-

rapudmMoB, Ha3biBaeTcs Tabauleil aHTUIOTa-
pudMOB.
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Kparkas Tabiuua anrwiorapupmos

IkcnoHeHuuanpbHoe | Jlorapudpm Aurtunorapugpm
BbIpaX<eHHe
1000 0,0 1,000
100! 0,1 1,259
1002 0,2 1,585
1003 0,3 1,995
1004 0,4 2,512
1005 0,5 3,162
1006 0,6 3,981
1007 0,7 5,012
1008 0,8 6,310
1009 0,9 7,943
10"0 1,0 10,000

B tabsuue npuBeaeHs! npubIMXKEHHBIE 3HA-
YeHUs] aHTUJIOTapu(PMOB, 1a U HEBO3MOXXHO IPH-
BECTU TOYHbIEe 3HayeHWs, IOTOMY YTO OHU CYy-
IIeCTBYIOT TOJIBKO IJisl TaKUX 4uces, kak 10%0,
10'° u rak manee. OnHAKO BEeJIMYUHY AHTHJIO-
rapudmMa MOXXHO BBIUUCJIUTh C TAKOH TOYHOCTBIO
(TO ecThb A0 TAaKOro AECATUYHOIO 3HaKa), KOTO-
past TpebyeTcsi B IaHHOM KOHKPETHOM CJIydae.

Ecau Mbl moiizeM B o6paTHOM Hampas-
JIEHUHW, MBI MOXeM J160e yucao ot 1 no 10
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npeactaButbh kak 10 B kako#-TO cTemeHH.
JlpyrumMu cioBamu, AT KaXXAOTro YHcCJa IPHU
NIOMOIIU COOTBETCTBYIOIMX METOAMK (KOTO-
pbie MBI He OyneM o6CyXaaTh B Haled KHUX-
Ke) MOXHO BBIYMCJUTb 9KBUBAJEHTHHIN JIO-
rapupm.

Huxe npuBoauTcs kpatkas tabauua Jo-
rapupmMoB asns psiga oObIYHBIX uuces. Iloa-
po6Hbie TabauUbl JOTapu(PMOB, B KOTOPBIX
MOXHO HaWTH jorapudm anas a0bOro 4uc-
Jla, COAEepKaTcsi B psiie CIPaBOYHHUKOB.

Tabauust sorapudmMoB yxe COCTaBJIEHHI,
U HUKOMY OoJibllle He HYXHO 3aHHUMaTbCs
CaMOCTOSITeJIbHBIMU MOACYETAaMU. ITa TPYIAO-
eMkasi pabota yxe npoaenana. EAuHCTBeH-
HOe, YTO HEOOXOAMMO CeJaTh Tellepb, — 3TO
HalTU Hy>XXHOe 3HaYeHue B TabuHie Jorapud-
MoB. Bo3pMeM Hayraa kakoe-HUOYAb YHCITIO,
Hanpumep 3,2, u Haiigem no Tabuuie, npu-
BeJleHHON HHUXe, 3HauyeHUe jorapudpma. Jlo-
rapudm 3,2 paBen 0,5051. Eme oaun npu-
Mep U3 Tabaunsl: gorapudm 2,4 pased 0,3802.
(Pasymeercs, 3T0 npubGIMXKeHHbBIE 3HAYEHUS
JorapudMoB.)
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Manas Tabauuna aorapudpmoB

Yucao Jlorapudm Yucno Jlorapudm
1,0 0,0000 3,4 0,5315
1,1 0,0414 3,5 0,5441
1,2 0,0792 3,6 0,5563
1,3 0,1139 3,7 0,5682
1,4 0,1461 3,8 0,5798
1,5 0,1761 3,9 0,5911
1,6 0,2041 4,0 0,6021
1,7 0,2304 4,1 0,6128
1,8 0,2553 4,2 0,6232
1,9 0,2788 4,3 0,6335
2,0 0,3010 4,4 0,6435
2,1 0,3222 4,5 0,6532
2,2 0,3424 4,6 0,6628
2,3 0,3617 4,7 0,6721
2,4 0,3802 4,8 0,6812
2,5 0,3979 4,9 0,6902
2,6 0,4150 5,0 0,6990
2,7 0,4314 5,1 0,7076
2,8 0,4472 5,2 0,7160
2,9 0,4624 5,3 0,7243
3,0 0,4771 5,4 0,7324
3,1 0,4914 3,9 0,7404
3,2 0,5051 3,6 0,7482
3,3 0,5185 3,7 0,7559

217



Atizex Asumos. YUCTIA

Yucno Jlorapupm Yucno Jlorapudm
5,8 0,7634 8,0 0,9031
5,9 0,7709 8,1 0,9085
6,0 0,7782 8,2 0,9138
6,1 0,7853 8,3 0,9191
6,2 0,7924 8,4 0,9243
6,3 0,7993 8,5 0,9294
6,4 0,8062 8,6 0,9345
6,5 0,8129 8,7 0,9395
6,6 0,8195 8,8 0,9445
6,7 0,8261 8,9 0,9494
6,8 0,8325 9,0 0,9542
6,9 0,8388 9,1 0,9590
7,0 0,8451 9,2 0,9638
71 0,8513 9,3 0,9685
7,2 0,8573 9,4 0,9731
7,3 0,8633 9,5 0,9777
7,4 0,8692 9,6 0,9823
7,5 0,8751 9,7 0,9868
7,6 0,8808 9,8 0,9912
7,7 0,8865 9,9 0,9956
7,8 0,8921 10,0 1,0000
7,9 0,8976

Teneps, korzaa y Hac ecTb 3Ha4YeHUst JJorapud-
MOB, TO eCTb 9KCIIOHEHT, MOXXHO MX HCIOJIb30-
BaTb IIPU ONlepalUsiX YMHOXEHHUS U JesleHus.
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Mbi 3HaeM, 4TO NPH YMHOXXEHHHU IOKa3aTeau
CTeleHu CYMMHUPYIOTCS, 3HAYUT, YTOOBI Iepe-
MHOXHUTb 3,2 U 2,4, ZIOCTAaTOYHO CJIOXHUTH UX
norapudmsl, 0,5051 u 0,3802, cymma KOTOpBIX
paBHa 0,8853. JTo moka TOJbKO 3KCIIOHEHTA,
TO €CThb YHMCJIO, KOTOPOE€ MbI HIEM, — 3TO
1098853, Teneppb Hafio ONSATh 0OPATUTHCS K Tab-
JMIe aHTUJIOTapu(PMOB U HAUTHU aHTHJIOTA-
pudm 0,8853. Ito 7,68. Takum ob6pasom,
3,2 x 2,4 =17,68.

Eciau xxe Mbl XOTUM TIOAEaUTDH 3,2 Ha 2,4, nO-
crtatouyno Bbiyectsh 0,3802 u3 0,5051, yto pas-
HO 0,1249. AnTUN0TapUdM 3TOrO YKMCIa paBeH
1,333, 4TO U IBASIETCSA OTBETOM.

A Temepb BepHeMCs K IPMMepY, C KOTO-
poro Mmel Hauanu 3TOT pa3zen: 6837 x 1822.
IIpeobpa3yeM aTH 4HCJa B IKCIOHEHIMAJb-
Hylo ¢dopmy u moayuum (6,837 x 10%) x
x (1822 x 103). Jlorapudm 103 — 3t0 mpo-
cto 3, Tak kak Jiorapudm YHCJIa — 3TO CTe-
IeHb, B KOTOPYW Hano Bo3BecTu 10, 4TOOHI
HOJIYYUTHh AAHHOE YMCJIO. A AJISI TOTO YTOOBI
nonyuutb 103, oueBuaHo, Hamo 10 BO3BecTH
B TpeThio cTeneHb. TOYHO Tak ke jJorapudpm
10'2 paBen 12, a sorapudpm 10-'* pasen — 14.
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Jlorapudm uucna 6,837 Hago uckatb B Tab-
auune jgorapupmoB Oosiee noApoOHOM, YeM Ta,
KOTOpasi nmpuBeneHa B KHHUXKe. OH paBeH
0,83487. Torma norapudpm 6,837 x 103 pa-
BeH 0,83487 + 3 (BcnoMHHUTE, IIPH NEPEMHO-
JKEHUHU 4YHceJ Mbl CYMMHUDyeM HUX Jorapud-
Mbl), unu 3,83487.

TouHO Tak xe Mo Tabyuie HaXOAMM JIO-
rapudpm 1,822, kotopsiit paBen 0,26055, Ta-
KUM ob6pa3soM, jorapudpm 1,822 x 103 pasen
0,26055 + 3, uau 3,26055.

Yr1o6bl NEPEMHOXUTD Yncaa 6837 u 1822,
HYXHO CJIOXKHTb MX Jiorapu(dMbl, a 3aTeM Haii-
TH aHTUJOorapupm cymmbl. Takum ob6pa3om,
sorapudM NMpPOU3BEAEHUS 3TUX YHMCET pPaBeH
3,83487 + 3,26055, uau 7,09542. 3to 4uc-
JIO MOXHO npeactaBuTh Kak 0,09542 + 7. [le-
CSATUYHas 4YacTb YUCJIA, B AAHHOM CJydae
0,09542, Ha3pIBaeTCd MaHTHCCOM, a IleJsas, B
JaHHOM cJiy4yae 7, — XapaKTepUCTUKOH.

AxTUOorapudM 4ucIa — 3TO MPOCTO YUCJIO
10, Bo3BeneHHOE B 3Ty cTelleHb. AHTHJIOra-
pudm 0,09542 (onpenenenHsiit o Tabsauie)
paBeH 1,246, a antusorapupm 7 — ato 107,
[Ipu nepexone ot Jjorapudma K aHTHUJIOTA-
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pudMy cJOXeHHe 3aMeHSIeTCS] YMHOXeHHEeM.
Takum o6pasoM, antunorapudm pasel 1,246 x
x 107. Ui B 0ObIYHOM, HEIKCIOHEHIUANb-
Hoit dopme 12 460 000.

Ecau Bbl npocto nepemHoxute 6837 Ha
1822 B crosn6uk, To moayyute 12 457 014.
OpHako He cieayeT 3abObIBaTh, YTO Jorapud-
Mbl — 3TO HPUOJMKEHHbIE BEJIMYUHBI, TaK UTO
U pe3yJbTaT Mbl MOXXEM MOJIYYUThb TOJIBKO C
oIpeeeHHbIM MPHOIUKEHUEM.

Yrob6si pasgenutb 6837 na 1822, Hamo BbI-
4yecTb JIOTapU(PM BTOPOTO YMCJa M3 Jorapudpma
nepsoro, unu 3,83487 — 3,26055 = 0,57432.
AnTunorapudM 3Toro yucaa paseH 3,752. Ito
U eCTb UCKOMBIN OTBeT. Ecii Bbl BBINIOJIHM-
Te AejieHHe B CTOJIOMK, TO mojyuute 6osee
TOYHOe BbipaxkceHue: 3,75192. Ho kak MbI yxe
3HaeM, JorapudmMbl — 3TO NPUOJIMIKEHHbIE Be-
JIMYUHBI.

Bo3moxHo, Takoii MeToa pacyeTa mo-
Ka3aJcsi BaM TpPOMO3AKUM U HedahdeKkTUuB-
HBIM, Be€Jb MAJIO TOTO, YTO MbI IOJIy4aeM
HpubJIMKEHHBI pe3yabTaT, HO HAAO0 elle
HUCKaTb OTBETHI B ABYX Tabsuuax. He mnpo-
e JU NPOU3BECTH YMHOXEHHE B CTOJI-
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6uk? OQHAKO NPU HMHXKEHEPHBIX M Hayd-
HBIX pacyeTax 4YacTO AOCTATOYHO TOH ToY-
HOCTH, KOTOPYIO faeT MeTOA Jiorapudmos.
B TO xe BpemMs 4yacTo NPUXOAUTCS NPOBO-
AUTb MHOTOKDAaTHbIe ONeEepalUuu AeJeHUS U
YMHOXEHHS, U MeToa JorapudMoB OKa3bl-
BaeTcs NMpPOCTO He3aMeHUM. [Ipeamnosoxum,
Halo pemuTb Takoil mpumep: (194,768 x
x 0,045 x 19,2?) : (1,558 x 35,4).

Bam noHazo6uTcs KOBOJIBHO MHOTO Bpe-
MeHU, YTOOBl IpPOBECTH Bce HEOOXOaUMbie
Oonepalnuy JeJieHUsI U YMHOXEHHUSI, a UCIOJIb-
3ysi MeToA sorapu¢MoB, ecJU Bbl XOPOIIO
OCBOMJIM INpaBuia paboTel ¢ norapudmu-
YeCKUMHU TabJMIaMU, MOXKXHO PEIIUTh 3TOT
npumep oyeHp O6bicTpo. HyxHo 6yner He-
CKOJIbKO pa3 3arjisiHyTh B TabJMIbI U IPO-
BECTHU HECKOJIbKO OTlepalil CJOXEeHUS U BbI-
YUTAHUSA.

[anee, eciu no ycioBusiM Ballled 3a-
Jayy BaM JOCTAaTOYHO NMOJYYUTb OTBET C
onpeneseHHbIM NPpUOJMKEHHEM — a B MH-
XEeHePHbIX MU HAaYYHBIX pacyeTaX UMEHHO
3To U Tpebyercsi, — MeTon JorapudMoB
naeT NOTOJIHUTEJbHOE IIPEUMYIIEeCcTBO, NO-
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CKOJIbKY OH 3HAaYMTeJIbHO COKpallaeT Bpe-
Msi, He0OX0oMuMOe /JisT TPOBEeAEHUS] BbIYKC-
JEeHUM.

HoBbie cueTsl

Knoy k cokpameHUI0O BpEMEHH BBIYUC-
JeHM# MBI HaigeMm, ecau oO6paTMM BHHUMA-
HMe Ha XxapakTep Jjorapumuyeckoit 3aBu-
cumoctu. Jlorapupm 1,0 pasen 0,0000,
norapudm 2,0 pasen 0,3010, a sorapudpm
3,0 paBen 0,4771. Ilpu yBenuyeHUH 4YHUcCIa
oT 1 10 2 BeauyuHa jJorapudpma yBejauyu-
BaeTcsa Ha 0,3010; npu yBelMYEeHUM YHUCJTA
oT 2 1o 3 BeauuyuHa jJorapudma yBenuyu-
Baercsa Ha 0,1761. Jlorapudpm 4,0 paBeH
0,6020, yto o3HauaeT yBenuyenue Ha 0,1249.
[Ipu yBeaumyenuu yucnaa or 9,0 xo 10 no-
rapudm yBenuuubaetrcsa ¢ 0,9542 no 1,0000,
TO ecTb Toabko Ha 0,0458. IIpu mepexoxne
or 19 k 20 norapudm yBesIHYMBAETCS C
1,2788 no 1,3010, To ectp TOABKO Ha 0,0222.

Tenepb HaHeceM Ha OAWH Kpail JIMHEIKHU 3Ha-
YyeHUs JIorapu(MOB, pacrosoKUB UX PaBHOMEPHO,
a Ha pyroil Kpail — COOTBETCTBYIOLIME 3TUM JIO-
rapudpmam ymciaa (aHTHUIOTAPUPMBI).
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AHTHI0Orapr$MBI
3 5 7.9 15 25 40 60 80 100
2 4 6 8 10 20 30 50 70 90
0 5 10 15 20
Jlorapudmsr

Jlorapucdmuyeckas mkaia

Mst BUAUM, YTO OOBIYHBIE YMCJIA PACHO-
JlaraioTcsi Bce 60Jiee YacTo ¢ yBeJIMYEHUEM YHC-
Ja. ITO oTpaxaeT TOT (aKT, YTO C yBeJHye-
HUEM YHUCJIa CKOPOCTb YBeJMYeHUs jorapudpma
CHUXaeTcsl.

IIIxana, Ha KOTOPOM YMCJIa PAClOJIOKEHbI
He PaBHOMEDHO, a COOTBETCTBEHHO BeJUYHHAM
ux jgorapudmMoB, Ha3bIBaeTcs Jorapupmuyec-
KON mkanoi. JTta jorapudmuyeckas IIKaia
CTajla OCHOBOI 1Jis U300peTeHUs OAHOTO OYEHb
1I0JIE3HOTO UHCTPYMEHTa AJI BBIYUCJIEHUH —
JorapudMUYeCcKON JIMHENHKH, KOTopas elle
COBCeM HelaBHO Obina He0OXOAMMa KaXAOMY
HHXXeHepy, 10 TeX IOp NOKa Ha CMeHYy eil He
INPUIIN KaJbKYJISTOPbl U KOMIBIOTEPHI.

JIunelika ycTpoeHa cieayiomuM o6pa3om.
Ecnu nBe o6bruHbie JMHEHKH, HA KOTOPbie Ha-
HeceHbl JorapudMHYecKue LIKaJbl, ABUraTh
APYT OTHOCUTEJbHO APYyra, MOXHO MPOBOAMTH
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onepalyy CJI0XKEHHUS U BbIYMTAHMS, a TOCKOJIb-
Ky HIKaJbl Ha JUHeWKax JorapudpmMuyeckue,
3TO O3HayaeT, YTO MbI CKJIAABIBAEM UJIU BbI-
yyuTaeM Jorapu¢Msl yuces, TO €CTb IIePEMHO-
JKaeM UJIM eJUM CaMU YHCJia.

T
en
o
N
el
-l
——

L X}
© gl

-~
r

IMoaswxHast orapudmMmuyeckast LIKaia

HanpuMep, HaM Hafo NepeMHOXUTb 2 U
3. Kak noka3aHo Ha pUCYHKe, YyCTaHaBJIMBa-
€M TOABHXHYIO YacTbh JUHEHKH TakK, YTOOBI
nesnenve 1 Ha Hell coBmaso c AejneHueM 3 Ha
HeNoABMXKHON YyacTU. 3aTeM IepeBOAMM B3IJISIA
Ha JesieHHe 2 Ha NMOABUXHOM YacTH U CMOT-
PHUM, IPOTHUB KaKOTo AeJIeHUsI Ha HeloABHXXHOM
4acTU OHO YCTaHOBHUJIOCh. MBI BUAUM, UTO
3to 6. To ectp norapudm 3 + norapudm
2 = norapudpmy 6, a 3 x 2 = 6.

Ha cnenyionieM pucyHKe IOKa3aH 3CKHU3
HacTosiuell jorapudMuyeckoy JMHENKHU C He-
CKOJIbKMMHM IIKanaMu. Takasi JMHeilika 1103BO-
JsieT OBICTPO pelraTh pa3HooOpa3Hbie 3afayu
U NPOM3BOAMUTDH CJIOXHBIE pacyeTbl, TOYHOCTb
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KOTOPBIX 3aBUCHUT OT pa3Mepa AeJjleHMi LIKaJ.
@akTHYeckH Takas JHMHeHKa IpeACTaBJseT Co-
60if KOMNakTHYIO Tabauiy Jorapu¢pMoB.

OxaHako Kaxi0e HOBO€ AOCTHXEHHE O0Obiy-
HO CONPOBOX/JaeTcs KaKUMHU-TO NOTEPSIMU.
ToyHO Tak ke geso OOCTOUT M B ciaydae C
JorapudmMuyeckoi nuHelkoi. JIuneiika no-
3BoJIsieT ropa3no ObicTpee M ymobGHee mpo-
U3BOAUTb BBIYUCJIEHHUS, HO €CTb U IOTEpH.
[Ipu ucnonbzoBaHuu tabaun sorapudmMoB BaMm
He HaJ0 CaMUM OINpeAessiTh MOJIOXKeHUe Je-
CATUYHOU 3aNsATOMN, OHO yXe yKa3aHo B Tab-
aune. I[Ipu pacyetrax Ha JMHelike BaM NpH-
AeTcsl oNpenessiTh MOJIOXeHHe AeCITUYHOMH
3alSITOH CaMOCTOSITEJIBHO.

st Toro 4yTo6bl ONpEETUTh MOJOXKEHUE
NeCATUYHOM 3ansiToil, Heo6xoauMo rpybo olle-
HHUTb OTBeT pelraeMoi 3asauyv. Hanpumep, Mo
BbIYMCJISIEM BbIpakeHUe, KOTOpoe paccMaTpH-
BaJid paHee B 3TOH rjasBe:
(194,768 x 0,045 x 19,22) : (1,558 x 35,4).
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HpOHSBEZ[EM OKpyrJieHHe 4YuceJ 3TOro BbI-

1
paxenus u monydum: (200 x S5 x 20%) :

1
: (15 x 35), uro pasHo (4000 : 50), miu

80. 3To 03HayaeT, YTO OTBET, KOTOPHIA MBbI
HOJIyYUM, TOYHO pelliasi NPUBeJEeHHOE BbIIIe
BbIpaXKeHUe, OyzeT HaXOAUTbCS OJIMXKe K YMCIIY
80, Hexenu k 8 uau 800. Takum obpasom,
MBI OLlEHUJIU TOJIOKEeHUEe JeCSATHYHOM 3ams-
TOHN, UJIU, APYTUMHU CJIOBaMH, «IOPSJOK Be-
JUYUHBI» Oyayiero oTsera.

Teneps, ucnosb3ys JorapudMUYECKYIO JIH-
HEHKY, MOXHO BBINIOJIHUTb yKa3aHHbIEe JeH-
cTBUsA. B pe3ysnbTaTe Mbl moayyaem otBet 587,
a TMOCKOJIbKY MBI 3HaeM, YTO OTBET HOJIXKeH
HaxoxuTbes: Giaumxe k 80, yuem k 8 uau 800,
TO JEeCATUYHYIO 3aMSITYI0 MOXKHO CMEJIO CTa-
BUTb IIOCJe BTOpPOW 3Hayauei nudpsl cie-
Ba, To ecTb nosy4aem 58,7. Bce pacuers npu
IIOMOIIM JIoTapu(pPMUYeCcKOil JIMHEeHKH, BKII0OYas
olnpejesieHHe NOPSAKAa BEJUYUHBI, 3aHSJIU Y
MeHs1 Bcero 35 CEKYyHI, XOTS S CYUTAJ He TO-
pomsich, YTOOBI He HazeJaTh OUIMOOK.
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Ecnu pemats 3TOT IpuMep, POU3BOAS YM-
HOXXEHHE ¥ [eJieHUe B CTOJOUK, MOXHO IIO-
Jy4yuTh GoJiee TOUHBI OTBeT. S mpozaesan 3TH
BoluKcaeHus: u noayuun 58,6. Ho B npouec-
ce pacyeToB S AONMYCTHJ JBe OWIUOKH, KOTO-
pble MHe NPUILJIOCh UCIPABJSITb, U BCETO MHe
norpebosasocy 20 Mmuuyt. He Mory ckasats,
4TO NpoLeAypa JOCTaBUJIA MHE yAOBOJIbCTBHE.
CHayana s oOHapyXHJI pacxoXaeHue C pe-
3yJIbTaTaMH pacyeTa Mo JMHeliKe, a 3aTeM ObLI
BBIHY’XK/JE€H IIPOBEPUTHh KaXIbIil 3Tall pacyeTra
U CPaBHHUTb €ro C pe3yJibTaTaMH, NOJIyYeH-
HBIMU Ha JIMHEHKe.

CoBpeMeHHbIe KapMaHHbIe KaJbKYJISTOPHI
U KOMIIBIOTEpHI, padyMeercs, ellle 6osee yn-
POCTHJIM Bce BO3MOXHbIe pacueTbl. Ho s1 mHOr-
Jla yMai, 4TO eCJH COBPeMEeHHbI yYeHbIH —
3TO HOBOE BOILJION[EHHE YYEHOTO APEBHOCTH,
TO KapMaHHBIH KaJabKyJSITOp — 3TO IPOCTO
HOBO€ BOILIOIeHUE APEBHUX CYETOB.



I'naBa 9

OT YHUCJOBON OCHU
K YHUCJIOBOMN IIJIOCKOCTHU

BBoauM uuciao <i»

lo cux mop npu o6CyXAeHUU KBaAPaTHBIX
KOpHeHl s cTapaTesibHO u3beraj ymoMUHAHUS
06 oTpULaTeNbHBIX YyKucaax. Hanmpumep, s ro-

BODHUJ, YTO4 = 2, moToMy 4TO 2 X 2 = 4.
Ho TouyHO Tak e CIpaBeAJUBO BHIPAXKEHHE

J4 = -2, notomy uto (-2) x (-2) = 4. (Ha-
[leloCb, Bbl He 3a6bLIU, YTO NP MepeMHOXe-
HUM ABYX OTPHULIATEJbHBIX YMCEJ MbI MOJyya-
€M IOJIOXKUTEJbHOE YMCIIO.)

CnenoBaresibHO, y 4yucJia 4 ecTb ABa KBaJ-
PaTHBIX KOPHS, BbIpakeHHEe MOXHO 3alMCaTh

crepyiomuM obpazom: V4 = *+2. CUMBOJ «*+»
0603HayaeT «HJHU IJIIOC, UJIU MHHYC».

Ho ecau o6a yucaa, + 2 u —2, ABALIOT-
Csl KOPHSIMHM KBaJpPaTHbBIMU U3 4, TO KaKoe
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Ke 4uciao b6yneT KOpHeM KBaJpaTHBIM U3 —47?
KoneyHo, +2 x -2 = -4, Ho +2 u -2 —
3TO He OJHO M TO Xe. Tak YTo mepeMHOXe-
HME 3TUX ABYX Pa3HbIX YHUCeJ He SIBJISIeTCS
BO3Be/leHHEM B KBaJpar.

OueBUAHO, YTO CpeAy MOJOXUTEJbHBIX U
OTPHUIIaTeJbHBIX YMCeJ He CyIlecTByeT TaKo-
ro, Kotopoe, 6yayuyu BO3BeJE€HO B KBaJpar,
nano 6ul —4 uau awoboe Ipyroe oTpUIATeJb-
HO€ YHCJIO, HO JaBalTe NMPOSIBUM YIOPCTBO,
nonpo6yeM HaWTHU NMOAXOASIEe YUCJIO U pe-
IIUTb 3Ty 3aaauy.

s Hayasna ynpocTuM 3ajfavyy, HacKoOJb-

KO 3TO BO3MOXHO. JI1060e 4uciio, cKaxeM V64
MOJXHO pa30bUTh HAa MHOXMTEJIU M 3alMUCATh

B Buze V(16x4) . DTo BhIpaxkeHHe MOXKHO Ja/b-

me npeobpasoBath BVI6 x 4. Ilpu atom

OKOHYATeJbHBIII OTBET He MeHseTca.V64 = 8

nu V16 x J4 = 4 x 2 = 8.

Mbl MOXeM pelIUTh elle CKOJbKO yroj-
HO NOAO06HBIX NMPUMEPOB, U Bcerja 3To Ipa-
BUJIO GynaeT crnpasBennBo. To ecTh eC/IU YHUCIO
pa36UThb HAa MHOXHUTEJIM, TO KBaJpaTHbIA KO-
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OT YUCJIOBON OCH K YUCUIOBOW IUIOCKOCTH

peHb U3 3TOro yucjia 6yaer paBeH Npou3Be-
AEHUI0O KBaJAPaTHbIX KOPHEH COMHOXHUTeJIEH.
JTO yTBepXJeHUe CIpaBeAJIUBO U AJS UP-

panuMoHanbHbIX uucesn. Hampumep, V15 =5 x

x V3. MOXHO 3arisHyTbh B CIelHaJbHbIe Tab-

JUIBl ¥ HalTH TaM V15, paBHblii 3,872983.

B cBoo ouepens, V5 = 2,236068,v3 = 1,732051
(KoHEYHO, 3TO pHbIMXKeHHbIe 3HaYeHus ). [Ipu

nepemHoxenuu 2,236068 x 1,732051 moay-
yaem 3,872983, TOo ecThb MBI JOKa3aJjH, 4YTO

JI5 =5 x 4B,

OTauyHO, TOrAa MBI MOXEM NPEeAJIOXKUTh
Takyo cxemy. JIiob6oe oTpHIlaTEIbHOE YHUCJIIO
paBHO IIPOM3BelleHMI0O COOTBETCTBYIOILErO
IOJ0XUTeAbHOrOo uucaa Ha —1. [pyrummu
cioBaMi, —64 = 64 x (—1); —276 = 276 x (-1);
-1,98 = 1,98 x (-1) u Tak maiee.

KBazpartHslii kopeHb 13 J1060ro yucsia, Ha-
npuMmep u3 —172, MOXXHO pa36UTb Ha COMHO-

xutTean:v-172 =172 x J-1. CunegoBateb-

HO, eCJIM MBI HaljaeM KBaJpaTHbIH KOpEeHb
U3 —1, MBI CMOXeM HaWTH KBaJApaTHBIA KO-
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peHb Ji060ro oTpHuiateabHoro yuciaa. Ho tyr

MbI ONSATb CTAJKHBaeMCs C Hepa3peuuMoii,

Ka3ajochb Obl, 3amaveii:
1x1=1;(-1)x (1) =1

He cymecTByeT Takoro ymcjua, KOTopoe
NpU MEPEMHOXEHUU Ha cebs camoe mano
O6br —1.

CrnenoBaTtesibHO, EITUHCTBEHHOE, YTO MBI MO-
XKeM caejnaTb, — 3TO NPUAYMAThb TaKOe YMC-
jgo, Mbl MOXeM AOTOBOPUTHCS, YTO CHUMBOJ
# obo3Hayaer, 4yTO # X # paBHO OTpPHUIATEJb-
HoMy yucay. Toraa #1 x #1 = —1. ITO BHI-
paxkeHUe CIIpaBeAJIMBO IO OINpefeseHuIo, a Mo-
CKOJIbKY OHO He IIPOTMBOPEYUT HHU OJHOMY
U3 MaTeMaTHYeCKHUX IOCTYJaTOB, TO HeET
HUKAaKHUX OCHOBaHHMH, 4TOOBI €ro He MCIOJIb-
30BaTh.

PasyMeeTcst, Takoe 4uCIO SABASIETCA He-
peasbHBIM, BOOOpa)xaeMbiM. MBI JieTkO MO-
xeM cebe mpeacTaBUTbh, 4yTO Takoe +31 wu
-$1. +$1 — 3710 nmoxox B $1, a -$1 — 3roO
pacxoa B $1. Ho kak npeacraButb cebe #1$?
MaTtemMaTHKH, KOTOPbi€ NEPBBIMU CTaJH pa-
60TaTh C 3TUMU HOBBIMHM YMCJAMHU, Ha3BaJIU
HX MHUMBIMU. B oT/iMYMe OT MHUMBIX 4HCes
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OT YHUUIOBON OCU K YUCIOBOHN IUIOCKOCTH

06bIYHBIE OTPHUIATE/IbHBIE U I0JOXKHUTE/IbHbIE
4yycja, Kak pallMOHAJbHbIEe, TaK U UPPALMO-
HaJIbHbl€, Ha3bIBAIOTCS AE€HCTBUTEJbHBIMH.
MaTteMaTUKH He CTajld H300peTaTh AJs
3TMX YHCeJ HOBOTO 3HakKa, Hamomobue 3HaKa
+ MAU —, XOTSd MHe KaxxeTcs, 3TO ObL10 Obl
nesecoo6pasno. Bmecto aToro oHu 0603Ha-

YnuIu V-1 GYKBEHHBIM CUMBOJIOM «i». [[pyrumu

cioBaMu, i x i = —1, uauv-1 = i. Kpome
TOro, —i x —i Tak)xe paBHseTCs i%, TO ecThb

—1. MBI Takxe HOJKHBI 3amucaTb-1 = —i.
U nocnexgnee, —i x i = —-i2= —(-1) = 1.
Ternepp Mbl JIETKO MOXKEM H3BJieYyb KBaj-

paTHBI KOpeHb M3 JII060ro OTPULATENbHOIO

qUCca.

Bennuuna V-4 paBHaV4 x -1, mam +2 x
X 1, YTO MOXHO INPOCTO 3amuUcaTh Kak =*2i.

Touno Tak e BenuuuHa v-64 paBHa 64 x
x v-1, uau +8 x i, 4YTO MOXHO MPOCTO 3a-
nucath kak *+8i, a BeinunHav-15 paBHa V15 x

x v-1, wamn £3,8729832 x i, 4TO MOXKXHO MPOCTO
3anucaTh kak *+3,8729832i.
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Atizex Asumos. YNCIIA

Yucaa ¥ KOOPAMHATHI IO KOMNAacy

OpnHako Teneps y Hac ecThb OTJIMYHBINA IIO-
BOJA AJs1 Bo3MymeHusi. Yto 6bl TaM HHU ro-
BOPDUJIM, KaK Obl HU yCJIaBJIMBAJUCh, COBEP-
IIEHHO HEINOHSITHO, YTO Takoe 3TU MHHUMbIE
YyMCla, KaK MOXHO UX cebe MpeACTaBUTb.

Ha camoMm pmese Takoe 4HCIO AOJXHO
0603HaYaTh TO, YTO Mbl €My IPHUIIMCAJH, TO,
0 YeM MBI ycjoBMJHMCh 3apaHee. He nHazo
3a6bIBaTh, YTO YMCJIA — 3TO M3006peTeHHe ye-
JIOBEKa U HUX IeJb — 00JieriuTh NMO3HAHHE
BceneHHoOil, a cO CBOUMU CO3aHUSIMU 4Ye-
JIOBEK BIpaBe NMOCTyNaTh TakK, KaK CYUTaeT
HYXXHBIM.

BcrmomMHuM, YTO y ApeBHUX TDeKOB He
6b1y10 oTpULATeNbHBIX yMcena. Jas Hux —1
Oblsla He MeHee TAMHCTBEHHA M HENOHSTHA,

yeM A7 Hac -1, KOTAAa MBI IPUCTYNHIU
K U3y4YeHUI0 MHUMBIX yuces. O6paTUBIIUCH
K OTPHULIATEJbHBIM YHUCJAM, Mbl UCIOJb30-
BaJIM YUCJOBYIO OCb, HA KOTOPOif BBEPX OT
HyJIeBO OTMETKHU PaCHoJIarajuCh MOJOXH-
TeJIbHble YHCJA, 2 BHU3 — OTpHUIATEbHbIE
(cMm. raaBy 2).
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OT YUCJIOBOH OCU K YUCIOBOH IUIOCKOCTU

Takas cxema cpaboTaja B npoiuwbiii pas,
nonpobyeM UcIoJb30BaTh ee U ceityac. Ilpo-
BelleM yepe3 HYJIEBYIO OTMETKY ellle OJAHY JIM-
HUIO, TIePIIEHAUKYISIPHYIO NEPBOI YUCJI0BOH
ocu. CnpaBa OTJIOXKMM uYepe3 paBHble MHTEP-
Baawl +1i, +2i, +3i, +4i, +5i, +6i, ..., a cie-
Ba —1i, —-2i, -3i, —4i, —5i, —5i... MbI nmoay-
YUJIM JB€ YUCJIOBBIE OCH:

+2i  +4i  +6i +8i +10i

YucoBble OCH 111 J€CTBUTENbHBIX U MHUMBIX YHCEJl
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Atizex Asumos. YUCJIA

Tenepp MbI MOXeM IpeACTaBUTb cebe, YTO
O3HayaeT CUMBOJ «i». PaHbllle MBI ¢ BaMH yc-
JIOBUJIUCH, yTO +1 — 3T0 1 KM Ha ceBep, a —1 —
aTto 1 kM Ha tor. Teneps ycjoBUMCSI TakXe, YTO
+1i — 3T0 1 KM Ha BOCTOK, a —1i — 3T0 1 KM
Ha 3anafa. (JTo coBceM He O3HayaeT, YTO MHH-
Mble YKC/Ia 0003HAYAIOT KaKhe-TO PacCTOSTHUSA. Y
MHUMBIX YHCEJ HET AeHCTBUTEIbHOTO 3HAYEHHSI,
HO TpeNJIOKEeHHasl cXxeMa IIOMOXEeT HaM Jiydlle
pa3o6paTbcsi B aOCTPAKTHBIX MOHSATHSIX M COOT-
HOIIIEHUSIX Ha KOHKPETHBIX NpHUMePax.)

Hanpumep, BMECTO 3HAKOB «+» U «—» MBI
MOJEM MCII0JIb30BaTh OYKBeHHbIe 0003HAYEHUSI
CTOPOH CBeTa, Kak Ha KoMIlace. Y CJIOBUMCSI, YTO
MOJIOXKUTE/IbHbIE IeHCTBUTEIbHbIE YUCIA — 3TO
N-uucsa, oTpULIaTe/IbHbIE JENCTBUTETbHBIE YHC-
Jla — 3TO S-YHCJa, MOJOXUTEIbHbIE MHUMBIE
yycaa — 3to W-4mcia, a OTpUIaTeIbHbie MHHU-
Mble Yyucaa — 3To E-uucna.

B Hameit cxeMe coBceM He HY)XXHO HCIOJIb-
30BaTh CTPAaHHbIH TEPMHUH «MHHUMOE YMCJIO»,
IOCKOJIBKY y Hac BCe CTOPOHBI CBeTa — pe-
aapHbl. Ho y 3Toro TepmMuHa rayb6okue uc-
TOpUYeCKUe KOPHHU, U Telepb, MOXaJyi, Mo-
3IHOBATO MEHSITb Ha3BaHHUeE.
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OT YMCJIOBOM OCU K YHUCIOBOH IUIOCKOCTU

Tenepb, ucnonb3yss «4muca M0 KOMIacy»,
Mbl MOXEM CO3/I1aTh CBOIO COOCTBEHHYIO ca-
MOJAOCTAaTOYHYIO CUCTEMY pacyeToB (CO3AaHUe
Takoi 3 deKTUBHOM CUCTEMBI — 3TO 1ieJIb MHO-
rux MaTeMaTUKoB). Tabiuia YMHOXEHUS B
Halled cucteMe 6yaeT UMeTh TaKOM BHA:
NJN=N SJN=S EJN=E WJN=W
NJS=S SJS=N EJS=W W)J)S=E
NJE=E SJE=W EJE=S WJE=N
NJW=W SJW=E EJW=N WJ)W=S

N(+1)

XN=
W(~i) E(+i)

S(-1)
YMHoxaeM Ha N BpallleHueM B HanpasJjienuu 0°
N(+1)

v <i\\ "

X E = 90°

S(-1)
YmHoxaeM Ha E Bpamenuem na 90°
IO YacoBO# CTpeJiKe
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U xoTs Hama TabauIa MMeeT AOBOJIbHO
CTPaHHBII BUA, Y Hee eCTb IIPOCTOe reoMert-
pUYecKoe TOJIKOBaHHE, KOTOPOe IpelcTaBJie-
HO HMXEe Ha PUCYHKax.

51 coBceM He yTBepXKZalo, YTO TOJIBKO Halla
CUCTeMa CIpaBeIJuBa, MOTYT CYLIeCTBOBAaTb
U Jpyrue CHCTEMBbI, B TaKOil Xe Mepe crnpa-
BeJJIUBble U HarjasiaHble. [IpocTo mpenyioxex-
Hasl cucTeMa yao0Ha M MCIOJIb3yeTcs.

HoBsbie TOYKH MO KoMIiacy

Pa3 yx Mbl 3aroBOopuUJIM O ceBepe, 10re, 3a-
majse 4 BOCTOKe, TO CjeAyeT BCIOMHHUTb U O
TaKMX HAIpaBJIEeHUSIX, KaK ceBepo-3alaj, I0ro-
BOCTOK U Tak gajee. [lockosbky pe3ysbTaT yM-
HOXKEHHS NeWCTBUTEJNbHBIX YMCeJ Ha MHHMbIe
HUKOTJa He OyJeT JIO)KMTbCS HU HA OJHY U3
oceit (ceBep—IOr MJIM BOCTOK—3amax). A Kak
006CTOAT Jesia CO CIOXKeHHeM, HallpuMep, YeMy
paBHa cymma 1 + i? YyeHble-MaTeMaTHKHU He
YIOCY>KHJIUCH TIPEIIOKUTD CTIel[MabHbIii CUMBOJI
JUUISI 3TOTO BbIPaXK€HMs, TO3TOMY €ero OCTaBJIsI-
10T B Bujge 1 + i, HO B Hallleil cucTemMe KOOp-
JUHAT €ro MOXHO NpPeACTaBUTb HAIJSAAHO.
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OT YHACJIOBOHW OCH K YUCJIOBOH IUIOCKOCTH

N(+1)

wodlD).
)

| o X S = 180° cABHT
S(-1)

Ymuoxenune Ha S Bpamaer och Ha 180°
Ex S=W
Sx S=N
Wx S=E
Nx S=S

N(+1)

W(-i) E(+1)

X W = 270" caBur
S(-1)

YMHoxenue Ha W Bpainaer och Ha 270°
Ex W=N
Sx W=E
WxW-=S§
Nx W=W
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Atizex Asumos. YUCJIA

N = nosoxuTe/IbHOE AEACTBUTEILHOE YUCIO, HarpuMep +1.
E = monoxurensHoe MHUMOE YMCJIO, Harpumep +i.
S = orpuiarebHOe AeiCTBUTEIbHOE YHCIIO, Hatpumep —1.
W = oTpuliaTe/IbHOE MHMMOE YHCJIO, HAIPUMep —i.

Tenepp naBaiiTe CHOBa IOCTPOUM [IBE€ OCH,
HO BMECTO TOrO, YTOOBI MPOCTABJISATh 3HAYEHUS
MPOTUB KaXXJOTO JAeJieHUs, Ha 3TOT pa3 Ipo-
BeleM Yepe3 KaxKaoe AejeHUe HOBYIO JIMHHUIO.

[Ipennonoxxum, yepe3 Kaxa0e JejieHUe Ha Bep-
TUKAJIbHO! OCH, TO €CTb Ha OCU AeHCTBUTEJIbHBIX
YyyceJs, Mbl IPOBOAUM TOPU30HTAJIbHYIO JIMHUIO.
IMpoBoauM nuHMIO yepe3 pesieHue +1, U Ha Bcei
IPOTSKEHHOCTU 3TOM JIMHUU 3HauYeHHe JefCTBH-
TeJIbHOrO yucja paBHo +1. Cienymouiyio ropu-
30HTAJIbHYIO JIMHUIO IIPOBOAMM Yepe3 +2, U Ha
BCell MPOTSIXKEHHOCTH 3TOM JIMHUU 3HaYeHUe Jieil-
CTBUTEJIbHOTO Yucja paBHO +2. Cienyouiyio ro-
PU3OHTAJIbHYIO JIMHUIO IIPOBOAMM uepe3 —3, U
Ha Bceil IPOTSXKEHHOCTH 3TOI JIMHUM 3HAYeHHe
AEUCTBUTENbHOIO 4Kucia paBHO —3. Takux nu-
HUI MOXXHO IIPOBECTU CKOJIb YTOJHO MHOTO.

Takylo xe npoueaypy MOXHO OCYIIECTBUTb
U C TOPU30HTAJIBHON OCBIO, TO €CTh C OCbI0 MHHU-
MbIX 4YMces. Yepe3 kaxaoe gejeHUe Ha TOpU-
30HTaJbHOU OCH, TO €CTh Ha OCU MHUMBIX YH-
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OT YMCJIOBOM OCHU K YHCJIOBOHN IUIOCKOCTHU

ceJsi, Mbl IPOBOAUM BePTUKAJbHYIO JUHUIO. Tak
ke, Kak M B IIPOLLJIOM cJiy4ae Ha Bceil mpo-
TS>KeHHOCTH JIMHUY, TIPOBEJEHHOI Yepe3 nesieHne
+1i, 3HaueHHMe MHUMOTO YHcJa paBHO +1i; Ha
BCeil POTS)KeHHOCTH JIMHUY, IPOBEAIEHHOI Yepe3
neneHue +2i, 3HayeHMe MHUMOTO YHUCJIa PaBHO
+2i; a Ha Bcell NPOTS)KEHHOCTU JIMHUM, MPO-
BeJIeHHOM yepe3 JejeHHe —5i, 3HaueHHne MHHU-
MOTO YHCJIa PaBHO —Ji.

Temnepb Mbl TOJY4HIIN CBOEOGPA3HBIIA 1126JI0H
HIaXMAaTHOM AOCKH, HA KOTOPOM IJIs KaXKAoi
JIUHUH, COOTBETCTBYIOIed MHUMOMY YHUCJY, CY-

3+3i

.‘
N,
hA

i
'1-':"—4-'1-1'-:‘

KoMmiekcHbie yucaa
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Atizex Asumos. YUCJIA

HIeCTBYET JIMHUS, COOTBETCTBYIOLIAsl elCTBU-
TEJIbHOMY 4YHCJy, 1 HA060POT, IPUYEM ITH JIH-
HUM TlepeceKaloTcs.

Tenepp MbI cMOXeM HaiiTU OTBET Ha BOII-
poc, yemy paBHa cymma 1 + i. HucJio, coort-
BeTCcTBylomee 1 + i, — 3TO TOYKa Iepeceye-
HUS JuHUA +1 ¥ +i Ha HameM ImabJioHe.
[TockosbKY pacCTOSIHUSI MeXAYy AeJeHUSIMHU
Ha obeux ocsix oguHakoBhl, 1 + i mpeacras-
Jasiet coboit YMCJIO0 B HalNpaBJIEHUHM CEBEPO-
BocTOK. Touno Tak ke u 2 + 2i, 3 + 3i, 4 +
+ 4i u Tak ganee.

Yucsao, nomobHoe umcay 1 — i, MOXKHO
npeacTaBuTh Kak +1 + (—i), U oHO GyzaeT Ha
HalueM IabjoHe MPeACTaBJATh co60it TOUKY
nepece4eHus npsiMpix +1 14 —i, To eCTb B Ha-
IpaBJleHUU ceBepo-3amaa. ToOYHO Tak Xxe
-1 + i— 3TOo Wro-BoctTok, a -1 - i — aro
I0ro-3anapm.

Jlpyrue HanpaBjieHUSI MOXHO NpeACTaBUTh
TaKMMHM 4YHcJaMHu, Kak 15 + 2i, -7- 3i u
Tak najee. Ilo cyTu mena, kaxzaass Touka Ha
HaieM Imabsone (KOTOPBIH, KaK BBl yXe J0-
rajajluCh, MOXHO pPacClIMpPSATb OECKOHEYHO)
npeacTaBisieT co00# Kakoe-TO 4YUCJIO, KOTO-

242



OT YUCJIOBON OCH K YUUIOBOU IUIOCKOCTHU

poe SIBJSIETCS CYMMOW AeiCTBUTENBHOTO H
MHUMoOrO 4yucia. bosee Toro, nosoxeHue TOYKH
Ha ma6JoHe MOXeT COOTBETCTBOBATH BbIpa-
XKEHUIO, COAEePXKAIEMY NECITUUHYIO APOOb HJIH
HppalMoOHaNbHOE YHCJO, HanpuMep 9,54 +

+ 0,015i, wan 247 + -5V2i.

Yucaa, nonoO6HbIe T€M, YTO MPeACTaBJIEHbBI
BbIILIE, COCTOSIIME U3 AeHCTBUTEIbHOM U MHUMOM
yacTeil, Ha3bIBAIOTCS KOMILIEKCHBIMH. JI1o60e
JeACTBUTEbHOE WJIM MHHMOE YMCJIO MOXET
ObITH NMpeACTaBJEHO B BUE€ KOMIIJIEKCHOTO, TO
ectb 42 = 42 + 0i, a 51 = 0 + 5i.

KoMniekcHble yncia NpeACTaBASAIOT UH-
Tepec He TOJIbKO [JII MH)XEHEPOB U YYEHBIX,
OHM TIPEJICTABJSIOT ¥ YUCTO MPAKTUYECKUN UH-
Tepec B OGbIIEeHHOH >)XM3HU, MOCKOJbKY, B OT-
JIM4Me OT OGBIYHBIX YMCeJ, YKa3bIBAIOMUX TOJIb-
KO BEeJMYUHY, OHH YyKa3bplBalOT TaKXe H
HalpaBJieHue.

[IpuBeneM npumep, KOTOPbIH NMPOJEMOH-
CTpPUpYyeT BaM POJib KOMILJIEKCHBIX 4Hces. Pac-
CMOTpUM Takoe ¢u3uYeCcKOoe NOHATHE, KaK
cuna. Cusa MOXeT nMpeACTaBJSATb CO60# TOJI-
Kalollee ycuJjue UJIM TsHyiee ycuaue. Toa-
Kamolllee ycujaue — 3TO NMOJIOXKHUTeJbHas Be-
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JUYMHA, TAHyllee — oTpuiaTeabHas. Kpome
TOr0, CHJIa MOXET HU3MEHSThCS IO BEJUYHU-
He. TakuM 06pa3oM, Mbl MOXEM MCIOJIb30-
BaTh JI BEeJMYMHBl CHJIbI JeHCTBUTENbHbIE
yHucIa.

Ho, kpome Toro, cuja MoXeT ObITh Ha-
npaBjieHa B pa3HbIX HampasieHusix. U tou-
Kawlllee yCUIne, U TSAHYyIlee YCHJIHUE MOTYT
ObITb HalpaBJeHbl BBEPX, BHU3, BOOK U Tak
najiee. BolpasuTh BEJIMYUHY CHJIBI C YYETOM
HampaBJIeHUS. MOXHO TpPH MOMOUIXA KOMILIEK-
cHbIX yuces. Takum o6pa3oM, YMCJO i, KO-
TOpoe GOJIBHIMHCTBY JIIOZEH, HE CBSI3aHHBIX C
MaTeMaTUKOM, TIPeACTaB/IsIeTCS TAMHCTBEHHBIM,
HO COBEPILEHHO GeCIIO/IE3HBIM MIOHATHEM, HUMEET
NIPOCTOE MpaKTU4YecKoe nmpumeHeHue. Hanpu-
Mep, B 00J1aCTH 3JIEKTPOHHKU HUKaKas Ma-
TeMaTU4eckass 00paboTKa JaHHBIX HEBO3MOXHA
06e3 MpUMeHEHUS KOMIIJIEKCHBIX uuces. Be-
JUYMHA TEPEMEHHOTO TOKA MEHSIeTCS Kak 110
BEeJIMYMHE, TAK M 10 HANPaBJEHHUIO, U A ee
ONMCaHMUsA HeOOXOAMMO HCII0JIb30BaTh KOMII-
JIEeKCHbIE 4YHCJIa.

KomIjleKkcHbIE YHCIa MOXHO CKJIaZblBaTh
U BBIYMUTATh II0 TaKUM K€ NpaBHUJIaM, Kak
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OT YUCIOBOW OCHU K YHCJIOBOH IUIOCKOCTH

oObIYHBIE YMCJIa, IPUYEM NECTBUTEIbHbIE U
MHUMBbIE YUCJIA CKJIAAbIBAIOTCSA U BBIYUTAIOTCS
otaesbHOo. Hanpumep, ecnu k (+2 — 4i) npu-
6aButh (-5 + 7i), To moayuum (-3 + 3i).
Ecau u3 (+2 - 4i) otusare (-5 + 7i), TO
noayyuM (-7 + 11i). (310 MOXHO mpoae-
MOHCTPHPOBATh Ha HallleM 1abJioOHe, TaK Kak
06BIYHOE CIOXKEHHE M BbIYUTAHHE MOXHO IO-
Kas3aTb Ha ocHu ceBep—ior. /l[ymaio, 4To Te-
nepb Bbl CMOXeTe 3TO cAeNaTb CaMOCTOS-
TeJIbHO.)

BoT npu yMHOXeHMU KOMIIJIEKCHBIX YH-
CeJl MbI CTOJIKHEMCSI C OOJIBIIMMH TPYAHOCTS-
MU, YeM B CJIy4ae YMHOXXEHHS NeiCTBUTEIb-
HbIX yucesn. [Ipu ymMHoxeHuu 35 Ha 28, kak
s BaM yxe OODBSICHUJ B TpPeThbeil riaBe, MbI
pa3buBaeM yuciIa Ha pPa3psAbl, TO €CThb 35 =
=30 + 5, 28 = 20 + 8. 3arem uyucia mepe-
MHOXaI0TCS, Kaxaoe cjaraeMoe oIHOH 4Yac-
TU Ha KaxxJi0e cjaraeMoe Jpyroi 4yactu, a pe-
3yJIbTaThl YMHOXEHUS CKJIaJbIBAIOTCS.

ToyHO Tak e NPOU3BOAST ONEPALUIO YM-
HOXEHUSI C KOMIUJIEKCHBIMHM uucjamu. [nas
TOro 4tob6b yMHOXHUTH (3 + 5i) Ha (6 + i),
HY>XHO COCTaBUTb TaKylO CXeMY:
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<

18 + 30i + 3i +5i2

CtpesikaMu MOKa3aHO, KaK MEPEMHOXKAIOTCS
COCTaBHble YAaCTH KOMILJIEKCHBIX 4ucesa. B co-
OTBETCTBUM CO CXEMOM:

3x 6=18,3xi=3i,561x6=30iu
5i x i = 5i?= -5, nmockojbkKy i? paBHO —1.

JlBa U3 IPOMEXYTOYHBIX PE3YJbTATOB SIB-
JAIOTCA NeWCTBUTEJbHBIMM 4YMCJIAMH, U HX
MOXHO CJIOXHUTb, TO ecTb 18 — 5 = 13. py-
rMe JBe COCTaBJISIOIHE SIBJSIIOTCS MHHMBI-
MU YHCJIaMH, U UX TaKXKe MOXHO CJIOXHTb:
30i + 3i = 33i. Takum obpa3om, pe3dyibTa-
TOM YMHOXEHUS SBJISIETCS KOMILJIEKCHOE YUCJIO
13 + 33i.

[Apyrue apudMeTHyeckue onepaumu Tak-
e MOXHO NPOJEMOHCTPUPOBATh NPH IIOMO-
I[M aHAJOrMYHOM cxeMbl. TakuM 06pa3oM, Mbl
BUAUM, YTO C KOMIIJIEKCHBIMH YHUCJIAMU MOXHO
paboTaTh MO TEM Xe MpaBUJIaM, YTO U C 0ObIY-
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OT YUCUIOBOXW OCH K YHMCJIOBOH IUIOCKOCTHU

HBIMHU YHUCJ/IaAMH, a 3HAYUT, KOMIIJIEKCHbIE YHCJIA
60Jiblile HE SIBJISIIOTCS nJid HaC TaHHCTBEHHBIMU
U HEIIOCTHXHMbIMHU.

JdokanbiBaeMCsa 10 KOpHEH.
¥Yxoaum aaabme Briayonb

OG61aCTh KOMILJIEKCHBIX YHCEJ JaeT BO3MOX-
HOCTb PACCMOTPETb HEKOTODBIE CJIOXKHBIE CIIy4au
NIpU M3BJIeYEHUU KOpHeil cTeneHu 6osbiie 2.

Mbi ¢ BaMu yxe 3HaeM, 4yTo+/+1 paBeH +1

umn —1,4~1 paBen + i mam —i.
A yeMmy paBeH KOpDEHb YeTBEPTO CTeleHU
u3 +1 (¥+1)? OueBuano, uro (+1) x (+1) x

(+1) x (+1) = +1, T0 ecTb +1 — 3TO OAUH U3
KopHell yeTBepToil crenenu u3 +1. TouyHo Tak
xe (-1) x (-1) x (-1) x (-1) = +1, TO ecTh
+1 — 3TO TakXXe OJMH U3 KOPHeil YeTBepTOM CTe-
nenu u3 +1. Ho Mbl eme He nepe6panu Bce Ba-
puaHThl. Kak HacyeT BbIpaxkeHUs (+i) x (+i) x
x (+i) x (+i)? Pe3ynbraTr nepeMuoxxenus (—i) x
x (-i) — ato —1. CrnenoBaTenbHo, (—i) x (—i) x
x (-i) x (-i) = (1) x (=1) = +1. I710 03Ha-
4aeT, YyTo +i — 3TO TPeTUH KOpeHb YeTBEPTOM

247



Atizex Asumos. YNUCJIA

crenenu u3 +1. TouHO Tak >Xe MbI MOXeEM IIO-
Ka3aTb, YTO —i — 3TO YeTBEPTHId KOPEHb YET-
BepTOil cTeneHu u3 +1.

CnenoBatenpbHO, Halla 3ajaya UMeeET cJie-
nyomuit otset: (Y-1) = +1, -1, +i, —i. Touno

Tak e Mbl MOXeM I0Ka3aTb, 4yTo (¥-1) pa-

BEH ++/+i, —+i,+J-i HJIU —-i, TO €CThb 3Ta
3ajla4ya UMEET 4YeTbIp€ PAaBHOLECHHBIX pEIICHUS].

A uTo xe Takoe V+i ? OTBeT npocT. (V+i) —
3TO TaKoe YMCJO, KOTopoe, 6yAyuYd YMHOXe-

HO Ha cebs camoe, naet i. [ToaTomy (+J+i ) x
x (+J+i) = +i. CienoBatesibHO, (+v+i) x (—/+i)x
x (+F) x (F) = (+ 1) x (+1) = 1.
CienoBaTenbHO, (+\/+_i) SABJIAETCS OLHUM
13 KOopHel yerBeproii crenenu u3 (—1), apy-

TUMU KOPHAMM SIBASIOTCA —V+ ,+J-i 1 —/=i.

TouyHo TakuM xe 06pa3oM MOXHO INOKa-
3aTh, 4TO J060€e YHCIO UMeeT YyeTbipe KOp-
Hs 4YeTBEPTOH CTENEeHH.

Mpsl nokasasu, 4TO Kaxao0e 4YUCJIO UMeeT
JIBa KBaJ[paTHbIX KOPHSI U 4YeThipe KOPHS YeT-
BepTOH cTeneHu. MOXHO NPeANoIOKUTb TaKXKe,
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OT YHUCJIOBOM OCH K YHCJIOBOU IUIOCKOCTH

4TO KaXJ0e YUCJIO0 MMeeT TPU KOpHsS TpeTbei
CTelleHH, NATb KOPHeH NATON CTEeNeHH, LIeCTh
KOPDHell LIecToil cTeneHu, COPOK MSATh KOP-
Hell COPOK HSITOM CTeNeHW M Tak jgajee. ITO
yTBepKaeHHe abCOMIOTHO BEPHO, HO YTOOBI €ro
JI0Ka3aTh, NOTpPe6yeTcsl CJA0XKHBIA MaTeMaTH-
4YeCKUH ammapaT, KOTOPbIM MBI He BJIaZieeM,
II03TOMY IOKa NIDUMEM ero Ha Bepy.

IIpaBaa, Mbl MOXXEM NPOBEPHUTH 3TO yTBEP-
XKAeHue sl KOpDHSA TpeTbell crenenu. Yemy,
HalpuMep, paBeH KOpeHb KyOUveckuii U3 1, uim
(¥+1)? Bo mepsbix, (+1) x (+1) x (+1) = +1,
TO ecTbh +1 sABJsIeTCS OAHUM M3 KyOMYECKHX
KopHe#t us 1.

A yeMy paBHbBI OocTaJjbHbie ABa? Ilepeii-
aeM B 006J1acTb OTPUIATEJIbHbIX YHCE.

(-1) x (-1) x (1) = (+1) x (-1) = -1

Takum obpasoMm, —1 He ABJIAETCA KOPHEM
Ky6uyeckuM u3 1. bosee TOro, MoXxHo noka-
3aTh, YTO HU OAHO AEHCTBUTEJbBHOE YMCJIO, a
Tak)xe HU 0AHO MHUMoe (6yab To —i uau +i),
BO3BEJIEHHOE B TPETbIO CTelleHb, He JaeT B pe-
3yabpraTe +1.

3HayuT, KOPeHb BCETO OJAUH, a APYTUX ABYX
IPOCTO HET?
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Atizex Asumos. YNCJIA

ITH JBa KOPHSA CyUIeCTBYIOT, HO B 06Jia-
CTM KOMIJIEKCHBIX yuces. I mpocTo npuBe-
Iy UX 3HAYEeHHUs, a Bbl CMOXeTe MPOBEPHUTD,
4yeMy paBHbI 3TH YMCJIa, BO3BeJeHHbIE B KYyO.

OcTanpHble ABa KOPHS KyOH4YeCKHUX U3

1 1 =
+1—910 (-5 + 5\/5) (—— - -«/5) Ha-
BaiiTe MpOBEPHM 3TO yTBepXKIEHHeE.

Ecau (—— + —«/_ ) — onuH u3 Ky6uuec-

o 1 1 =
KUX KOpHeH +1, To 3TO 3HAYMT, 4TO (—5 + 5«/5 )
ymu(——+—\/—)x(——+—\/_)x(——+

1 =
+ 5«/3—1) paBHO 1. YMHOX€EHHE MOXHO MPOU3-

BECTH 110 TOH MeToAMKe, KOT Opasi OIlMCaHa BBILIIE.
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OT YHCIOBOHM OCH K YHCIOBOH IUIOCKOCTH

I[Ba IIpOMEXYTOYHBIX MHUMbBIX pe3yJibTaTa

1 =
MOXHO CJIOXKHUTb, CyMMa YHCeJ (—ZJI;) u

1 = 1 = 3.
(—Zﬁ) paBHa (—-2—5). Yro xacaercs i,

“ 3
TO 3TO AE€UCTBUTEJbHOE YHCJIO, PaBHOE —— .

4

Tenepb CJI0OXKUM JIBa JE€HCTBUTEJIbHBIX COCTaB-
1 3 1

JIAIOHNIUX I3TOrO0 BBIPpAXEHHUA: Z — Z = —5,

1
TakMM 06pa3oM, pe3yJibTaT yMHOXEHHS —3

1
—4/3i
SV3i
ITOT pe3yabTaT HYXXHO CHOBA YMHOXHUTb
Ha (—— + —~/—)
1 1
—— — =4f3i
2 2\/_l
1 1
—= + —3i
2 ZJ_I
1 1 1 1
+— + — — =3I - =3 + =j2
st V3i i

251



Atisex Azumos. YUCIIA

JIBe MHHUMbIE COCTaBJIAIONIME 3TOrO BbIpa-

1 = 1 =
XKEHUS (_Zﬁ) u (—ZE) B CyMMe JaloT
0, Tak YTO UMHU MOXHO npeHe6peub. Hucio

3. .
212 SIBJIsIETCSI 1€eNCTBUTEJbHBIM YHCJIOM, TaK

. 3. 3 3
Kak i’= -1, To ecTh '4‘l2= 1 Jlo6baBUM K 1

; . 1
OCTaBUIMIACH NPOMEXYTOYHBIA Pe3ynbTaT, M

noayyum 1. Urak, (—% + %\/5 )3 paBHo 1.

To4HO Tak K€ MOXXHO BO3BECTH B TPETbHIO
1 1\/—.
CTeNeHb YHUCJIO (—5 -3 3i).

- 2 - 1.

TouyHo Tak e MOXHO IOKa3aTb, YTO y YHC-
Ja —1 ecTb TpU KOpHS TpeTbell CTeleHH, ABa
U3 KOTOPBIX KOMIUIEKCHbBIE, 110 TPU KyOUYeCKHX
KOPDHS M y yucesa i U —i.
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OT YUCIOBOX OCU K YHCJIOBOH IUIOCKOCTH

M He TOABKO 1

Ha Hamem «iaxmMaTHOM» miabJioHE MOXHO
M300pa3uTh TaK)Xe TPEThIO JIUHHUIO, UJIH OCh,
Tak, 4ToObl TOMHUMO HallpaBJieHUIi ceBep, IOT,
3alaj ¥ BOCTOK Yy Hac NOSIBUJIMCb HalpaBJe-
HHUS «BHYTPb» U «HapyXy». Takum obpasom,
Hallla «lIaxMaTHas AOCKa» U3 IJIOCKO# ¢u-
ryphl npeBpaiaeTcss B o6vemuyio ¢urypy. Te-
nepb TOYHO TaK e, KaK B CBOE BPeMs MbI
HOJIyYUJIM CETKY Ha IJOCKOCTH, MBI MOXEM
COCTaBHTh MO3aMKy M3 KyOHUKOB.

TpeTbst 0Cb COCTOMT M3 THIIEPMHUMBIX YH-
ceJsi, KoTopbie 0603HavyaloTca OykBoit j. Ha
TUIIEDMHUMOM OCU TaKXXe UMeeTCs NMOJIOXKHU-
TeJibHast U OTpHUIlaTeJbHas o6jsacTH, rae, co-
OTBETCTBEHHO, PaCIIOJIOXEHbI MOJIOKUTEIbHbIE
(+1j, +2j, +3j, +4j, +5j, +6j u T. 1.) U OT-
puuarensusie (—1j, -2j, -3j, -4j, -95j,
-6j u T. 1.).

Teneppb yucsa pacnosaraioTcsi B IpOCTpPaH-
CTBe, Ha TOYKaX IepeceyeHUs IJIOCKOCTel ce-
Bep—IOr, 3allal—BOCTOK U «BHYTPb» U <«Ha-
pyxy». [Ipu nmepeceyeHUU 3TUX IJIOCKOCTEH
obpa3syioTcst KyObl, IPUHIUI TOT Xe, YTO M
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Atizex Asumos. YNUCJIA

npu o6pa3oBaHUM KBaJPaTOB Ha HAIlleM <«LIaxX-
MaTHOM 1abioHe». Kaxnaas Toyka Takoro npo-
CTPaHCTBa MMeeT COOCTBEHHbIE KOOPAUHATHI,
KOTODbI€ SIBJSIIOTCS TUIIEPKOMIIJIEKCHBIM 4HC-
JIOM.

Ham serko mpeactaButh cebe TpH ocH B
IIPOCTPAHCTBE, MOCKOJIbKY 3TO IPUBbIYHBIE TPU
U3MepeHus: AJIMHA, WHPUHA U BbicoTa. On-
HAaKO MaTeMaTHKHU ONMEPUPYIOT C GOJIbIIUM KO-
JudyecTBOM u3MepeHuii. ViHoraa oHu paboraot
Jaxke B TaKMX CHCTEMax, Ile TOYHOE KOJIM-
4ecTBO oceil He ompeznesneHo. Toraa roBopsT
06 «n-MepHOM IPOCTPAaHCTBE», IZle N — 3TO
aoboe yucio.



I'nasa 10
BECKOHEYHOCTbH

Kaxabiii, KTo HauMHaeT AyMaTbh O YHC-
JaX, Heu36eXHO HPUXOAUT K BBHIBOAY, YTO
CyIlecTByeT OTPOMHOE KOJMYEeCTBO YMCeJI, U
COBepIIEeHHO HENOHSATHO, KaK MOXHO €ro BbI-
pa3utb. Ha nmomMomp npuxoaut noasusi. Mse
MOJXXEeM CKa3aTh, YTO YMCeJ TaK K€ MHOro,
KaK IeCYMHOK B NYyCTbIHE, KaK KaleJjb BOMBI
B OKeaHe MJIM KaK MepLAIOL[UX 3Be3] Ha Hebe.
Ho nns matematuka Takue cpaBHeHHs Oec-
nosie3Hbl. C TOYKU 3peHUS MAaTEMATHUKA, MBI
MOXeM K J060My uucay npubaBUTh enu-
HUIY U NOJYYUTDb CJeAylolilee YUCJIO, 3aTEM
K TMOJYYEHHOMY 4YHCAYy HpUOABUTb €IUHU-
ny u Tak aanee. [lockoibky B MaTeMaTHKe
HeT HMKAaKUX OrpaHMYEeHHUIl AJsA omepamuid
CJIOXKEHUS, MOXKHO CJIOKUTH JIIOObIE JBa YMC-
Ja, U, cJeJ0oBaTejbHO, 3TOT mpoiiecc bec-
KoHeueH. TakuM 06pa3oM, MbI MOXEM B3STh
CKOJIb yroAHO 6o0Jibilloe YHCJIO0, TPUBABUTH
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Atizex Asumos. YUCJIA

K HeMy eIMHHIy U TOJYYHUTH elile GoJibliee.
Mbl MOXeM IpeacTaBUTh cebe 4HCJIIO, TIPO-
TSI)KEHHOCTb KOTOPOTO PaBHAa PAacCTOSIHHUIO 10
AajbHell 3Be3/bl, HO U K HEMY MOXHO IIpH-
6aBUTh €IMHUIY U MOJYYUTH ellle Gosbliee
YHCJIO.

IMocinenoBaTebHOCTD IEJIBIX YHCEJI, 3aIIH-
CaHHBIX B nopsiake 1, 2, 3..., npeacTaBiseT co-
6011 6eCKOHEYHOCTb, TO €CTh HEYTO, HE UMe-
jolfee KoHIa. To ecTb, Korga Mbl numem 1, 2,
3..., 3TO o3HayaeT «1, 2, 3 u nasee 6eckoHey-
HO».

ToyHo TakuM Xe 006pa3oM MbI MOXEM
3amucaTh pPsAA LeJbIX OTPUIATEJbHBIX YH-
cenx: —1, -2, -3..., 4yTo OyaeT O3HaAyaTh
«-1, -2, -3 u nanee 6G€CKOHEYHO» WJH P
HOJIOXXUTENbHBIX UM OTPULATEJbHBIX MHHU-
MbIX uyucena: +1i, +2i, +3i ... uau -1i,
-2i, -3i...

A Temepb naBaiiTe 3amuiieM APYroi psn
yuceJ, psii YeTHbIX yucen: 2, 4, 6, 8 u tak
nanee. CKObKO cyllecTByeT YEeTHBIX YMcesa?

C ToukM 3peHUST OOBIYHOTO 3/PaBOro
CMbICJIa MOXHO ObLJIO GBI CKa3aTh, YTO YeT-
HbIX YMCeJ BJBOE MeHbllle, YeM BCeX I[eJIbIX
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BECKOHEYHOCTb

4yyceJ, BMeCTe B3SATHIX, MOCKOJbKY IIeJible
yycJaa AeasaTcs Ha yeTHble U HeyeTHble. Cka-
K€M, U3 IepBbIX AECSITH YUCeN] NMSATh — 4YeT-
Hble, a NATb — HEYeTHbIE.

Ho 3710 He Tak. Beab KoauMyecTBO IeIBIX
yyces GECKOHEYHO, U MBI HE MOXEM TOBO-
PUTb O «MOJOBUHE OECKOHEYHOCTHU».

PaccMOTpUM psii YETHBIX YHUCEN C APY-
roil Touku 3penusi. Kakoe 6561 CKOJIb yrOAHO
6o/NbIIOE YHUCJIO MBI HU BbiGEpeM, K HEMY
BCEeraa MOXHO NPUOABUTh 2 U NMOJYYHUTH
yycao euie Goabmee. Jlaxe ecad Mbl Mpea-
cTaBUM cebe TUTAaHTCKOe 4YeTHOe YMCJIO,
uudpbl KOTOPOro HPOTSIHYJIUCHh A0 CaMO¥
AaJbHel 3Be3lbl, MBI U K HEMY CMOXEM
npubaBuTh 2 M MOJYYHUTH elfe Oojbilee
YHCJIO.

To xe caMoe MOXHO CKa3aTbh O psiie He-
yeTHpIX umcena 1, 3, 5, 7... u o psge yuces,
KpaTHBIX 5, TO ecThb 5, 10, 15, 20, 25..., u o
psile 4uces, KPaTHBIX MMJIJIMOHY, TO €CTb
1 000 000, 2 000 000, 3 000 000... Bce atu
paasl 6ecKkoHeYHbl, M, MpeAcTaBiss cebe Ta-
KH€ Psbl, BBl COCTaBJsieTe IpeACTaBJIeHUE O
NOHATUU «OECKOHEYHOCTb».
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Atizex A3umos. YUCJIA

Cuert 6e3 cuera

TeM He MeHee Moe OObsICHEHHUE MOXET
Bac He yAOBJETBOPDUTb. Beab kaxeTcs Ha-
CTOJIbKO OYEBHAHBIM, YTO YETHBIX YHCEN AOJ-
XKHO ObITb BABOE MeHbINE, YeM ILeJbIX YH-
ces Boobile, MycThb Aaxe UX 4Yucjao Oymer
6eCKkOHEYHO, a YHMCeJ, KPaTHbIX MHJIJIUOHY,
AOJXKHO OBITh B MUJIJIMOH pa3 MeHbIIE, 4eM
BCeX LIeJIbIX YHCe.

Ho manexo He Bcerza To, YTO KakeTcsi oye-
BUAHBIM, cOOTBeTCTBYeT uctune. Kaszanocs Obl,
OYEBHUIHO, YTO, €CJH YEJOBEK CTOUT JIULOM
K ceBepy, ero cnuHa obpameHa K ory. Krto
’Ke CTaHeT BO3paXkaTh NpoTuB atoro? Ho ecau
o ctouT Ha IOxHOM moJoce, TO 3TO He co-
OTBETCTBYeT UCTUHe. U ero JiMio, U ero cnuHa
O6yayT obpaiieHbl Ha ceBep.

laBaiiTe Bce-Taku pasbepeMcsi ¢ 4Hcia-
Mu. JlaBaiiTe BbISICHUM, KaKOe COOTHOIIEHHE
CYIIECTBYET MeXIy YeTHbIMHM YMCJIAMHU U BCEM
KOJIMYEeCTBOM Liesbix uMcesn. Kak xxe aTo cae-
JIaTh, Beb LEJIbIX Yucesl 6eCKOHeYHOe KOJIH-
yecTBO? TeM He MeHee METOA MJISi TAKOTO IMOJ-
cyera CylecTBYyerT.
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BECKOHEYHOCTDb

Kak Mbl 06bIYHO cuMTaeM 00beKTbI? Mbl
IPUIMCHIBAEM KAXIOMY 0ObEKTY ONpeneeHHOE
YMCJIO U3 BO3pacTamileil mocjes0BaTeabHOC-
THU UeJbIX yucen. [lepBblif 06bEKT — 0OBEKT
HOMEpP OAMH, BTOPOI — HOMED /IBa M TaK Jajee.
Ecau mocaeguuii 06beKT OKa3biBaeTCsl 0ObeK-
TOM HOMED AECsATb, 3HAYUT, Y Hac BCEro Je-
CATb 0OBEKTOB.

A MOXHO JIM CYUTATh, HE MOJIb3YSICh YHC-
JaMu? IJTO NMOYTH TO XK€ CaMoe, YTO CIIPO-
CUTb. «A MOXHO JIM CYMTaATh, HE CUUTaA?»
Kak HM CTpaHHO, 9TO BO3MOXHO.

[IpeactaBum cebe, YTO BOKPYr Hac CTOUT
TOJINIa KPUYAIUX JETULIEK, KOTOPBIM MbI J0JI-
XKHBI pa3jaTh JeleHIbl. Mbl He 3HaeM HU
CKOJIbKO ieTell TpeOyeT JiefeHI[0B, HU CKOJIbKO
JeneHunoB y Hac B kopobke. Ho aenats He-
4ero, 1 Mbl HaYMHaeM pa3/laBaTh JEAEHIbl —
0 OJHOMY Kaxxaomy MaJubiity. Eciu k Tomy
MOMEHTY, KOTJa KOpoOKa omycTeeT, Ka bl
Mastbilll OyZIeT cocaTh BKYCHBIH JieileHell, 3HaYuT,
KOJIMYECTBO JieJ€HI[OB PaBHSJIOCh KOJUYECTBY
nereid. Eciim kK TOMy MOMEHTY, KOrza Mbl 0Ja-
PUM BCEX MaJjbilieil JeAeHIlaMHt, Y Hac B KO-
pobKe elle OCTaHYTCS Jie[A€HIbl, 3HAYUT, KO-
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JIMYECTBO JIeJeHII0B O0Jibllle KOJIUYECTBA Je-
teil. Ecnu xe, HanmpoTHB, Yy Hac He XBaTUT
JIEJIEHIIOB Ha BceX, 3TO OymeT 03HayaTh, YTO
netei 6oJiblie, YyeM JIeJEeHIOB.

Takoit MeTox moacyeTa, 3aKIIOYAOIIMIACS B
CPaBHEHUHM TIOCJIeIOBATEbHBIX PsifioB (OAUH Je-
JieHel[ IPOTUB OAHOTO pebeHKa, UM OAXHO YETHOe
YUCJIO TPOTUB OJHOTO 1I€JIOro 4YMcJa), MOMO-
XKeT BbISICHUTb, PaBHbI JIU JBa psia 4YUces, U
ecJd OHHU He paBHbI, TO KakOi psa GoJbile.

Hanuimem psig uesibix yuces, a moJ HUM
pPsiA YETHBIX YMCEJ:

1 2 3 4 5

=2}
N
(e o]
©

10...

2 4 6 8 10 12 14 16 18  20..

MbI BUIUM, YTO AJIS KaXKJOrO I€JIOr0 YHUCJIa
HAIIJIOCh YETHOE YMCJIO, IPUYEM ero MOXKHO I10-
JIYYUTb, YMHOXXUB COOTBETCTBYIOIIEE 1[€JI0e YUCIIO
Ha 2.

Mbl BHAMM, 4YTO, KaK Obl MHOrO 4YHCeJ
Mbl HM HaIHCaJH, KaXIOMY L[eJIOMY YUCIY
COOTBETCTBYET ONpee/leHHOe YeTHOEe YUCIIO
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U, HaoO60pOT, KaXXA0My YETHOMY YMCJY CO-
OTBETCTBYET OIlpefieJIeHHOe IeJioe YUcao (TO
€CTh KaXAOMY pebeHKY A0CTaeTCs MO OAHO-
My JieeHLY).

Yro xe 3T0 o3HayaeT? MoxxeM JiM MbI yT-
BEpPX/JaTh, YTO KOJMYECTBO YETHBIX YMCEJ paB-
HO KOJIMYecTBY Liesbix yncen? He coBcem Tak.
Heno B ToM, 4TO, KOrAa peyb UAaeT 0 OGECKo-
HEYHOCTH, MBI He MOXE€M CKa3aTh, YTO OAHA
6eCKOHEYHOCTbh paBHa APYroil 6eCKOHEYHOC-
TH. Ho MBI MOXeM yTBepxaaTh, 4TO UMeeT-
Csl COOTBETCTBME OAUH B OAMH MeXAYy HOC-
JIeI0OBaTeJIbHOCTBIO IEJIBIX YHMCeJ M IocJe-
J0BATEJbHOCTbIO YETHBIX YHUCEJ, TO €CTh IOC-
JIEOBaTeJbHOCTb YETHBIX YMCeJl SBJISIETCS B3a-
HMHO OJHO3HAYHOH C MOCJIeA0BaTeJIbHOCTbHIO
LeJblX 4YUcesJ. JDTO O3HAYaeT, YTO €CJU MBI
COINIOCTaBUM IOCJI€J0BaTEJIbHOCTD LI€JIbIX YU-
CeJ C I0CJeA0BaTeJbHOCTbIO YETHBIX YUCEJI,
TO AJIS KaXXAOTO 1IeJI0TO YMcJa HalaeTcsl cBoe
YeTHOEe YHMCJO U Hao6opoT.

TouHo Tak e MBI MOXeM CPaBHHUTb IIOC-
JIEI0BATEIbHOCTY L[eJIbIX YUCeJl U 4HuceJsl, KpaT-
HBIX MMJIZTMOHY. J[J11 KaXAOro LeJI0r0 YUCIa MOX-
HO HallMcaTb COOTBETCTBYIOllee YUCJIO, KPaTHOE
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MHJIJIMOHY, KOTOPO€E MBI IIOJIyYMM YMHOXXEeHH-
€M JaHHOro 1IeJI0OT0 4Yucya Ha MUJIHOH. s 1
ato 6yzet 1 000 000, misi 6 saTo Gyzer 6 000 000,
a nasa 234 — 234 000 000. To ectb MOXHO CKa-
3aTh, YTO KaXKAOMY II€JIOMY YHMCJIY COOTBETCTBYET
YKCJI0, KPaTHOE MUJUIMOHY, WJIM 4YTO 3TH /Be IIOC-
JIeJOBaTeJIbHOCTH COOTBETCTBYIOT APYT APYTY «OAMH
B OJMH» WJIH SBJISIOTCS B3aMMHO OJHO3HAYHBI-
Mu. Jlio6ast mocJ/ie[0BaTeIbHOCTb YUCEJ, B3aUM-
HO OZHO3HAYHas C I0CJIe0BATEIbHOCTDIO I[€JIBIX
yuceJ, Ha3biBaeTcst cueTHOi. [locenoBaresbHOCTD
1eJIbIX YMCeJ TaKXKe Ha3bIBaeTCs CYETHOM.

BeckoHeYyHOCTh B MaJIOM

Koraa peup 3axoaut o 6eCKOHEYHOM, B Ha-
meM BOOOpa’keHUH BO3HMKAET HEYTO OTPOM-
HOe M BeyHOe, HENOHSITHOEe W, ToXanyu, 6ec-
IOJIE3HOE.

OpHako, Jaxke ecid Mbl UMEEM JIEJIO C Ma-
JBIMU YUCJIAMHU, COBEPIIEHHO HEOXHAAHHO B
HallleM I10Jie 3peHUsI BHOBb BO3HUKAET IOHSATHE
«6eCKOHEYHOCTh». [IpeaArnonoxuM, HaM Haxo

1
pasnenuth 1 Ha 0 Mbl noMHUM @IpaBuUJIO
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BECKOHEYHOCTDb

O6paTHbIX BEJMYUH U 3HAEM, YTO Pa3ACJIUTH

1
YHCJIO Ha Ta — 9TO BC€ PABHO YTO YMHOXHTb

ero Ha 10. Takum ob6pasom, 1 : T% = 10,

N .
1: 700 100, a 1 : 1000

To ecTb 4eM MeHblle JeJUTENb NMPH OM-
HOM U TOM Xe JeJuMOM, TeM 6oJibllle YacT-
HOe OT JleJIeHUH.

W neiicTBUTENIBHO, €CJIU AEJUTH €JUHU-
uy uiau jwoboe APyroe 4MUCJAO Ha PSAJ YHUCeJ,
1ocJje0BaTeJ bHO yObIBAIOIMX, TO €CTh CTa-
HOBSIUI[UXCSI BCe MeHbIlle U MeHbIlle, MbI IMO-
JyuuM psan udces (4acTHBIX OT Je/eHHs), KO-
TOpble CTaHOBATCS Bce Oosbuie M 6oublue.
A Kxorjga geuTes b CTAHOBUTCSA OECKOHEYHO
MaJIoil BEJIMYUHOH, TO YAaCTHOE OT JeJeHUd
npeBpaimiaercsi B 6eCKoOHe4YHO 60JbIIyIO Be-
JUYUHY.

Bbl MOXeTe CIPOCUTH: YTO XKe 3TO TaKoe
«6eCKOHEeYHO MaJiasi BeJIMuMHa» ? KoHeyHo, ca-
MOH MaJioi BeJMYMHOHN sBasseTcd HoJb. Ho
MaJjias BEJIUYMHA MOXET IPeACTaBIATh cOOO0it

= 1000.
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apobb. Ckaxem, — 3TO MaJjasi BeJIUYHUHA,

1
10
1

— — elle MeHbIIe,
t00 M

1
100000
fena, 10 KOTOPOr0 MOXXHO YMEHbINATh BeJIU-
yuHbl. Ho kak 6bl Bbl HU yBeJMYUBAJIHU KO-
JIUYECTBO HYyJieil B 3HaMeHaTeJsie, BbI HUKOTAQ
He focTurHere Hysas. Takum o6pa3oM, Kor-
1a BbI JeJINTE eUHUILYy MM KaKoe Jubo apyroe
YUCJIO HA I10CJIeIOBATENbHOCTb 6ECKOHEYHO BO3-
pacTaloIuX YuUceJs, Bbl MOJyyaeTe MOCJeN0-
BaTeJIbHOCTh 6E€CKOHEYHO yObIBAIOLIUX YMCE.
Koraa nenurenp cranoBUTCS 6€CKOHEYHO 6OJIb-
IIUM YKCJIOM, YACTHOE CTAaHOBUTCS GECKOHEYHO
MaJIbIM.

O6paTuTe BHUMaHHMeE, YTO Mbi HE MOXEM
JleJIUTh YMCJIa HA HOJb. JTa ollepanus B Ma-
TeMaTHKe He paccMaTpUBaeTcCsi, U IPUYUHA
oyeHb npocrta. CkaxeM, Kakoe 4acCTHOE MBI
nosy4yuM ot feseHust 6 va 0? [Ipyrummu cio-
BaMH, Ha KaKoe YMCJIO HaJJ0 YMHOXHUTb 0, yTo-
6b1 monyyutsh 6? Takoro yMcia HeT, 3HAYUT,
onepauus 6 : 0 HeBo3amoxHa. JIwboe yuco,

1666 — €elje MeHblIE, a

— emnre Mensuie. He cymectByer npe-
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LHHPPHl U — LIUPPHI

YMHOXXEHHO€e Ha HOJIb, aeT HOJb. JTO O3Ha-
YaeT, YTO Mbl HE MOXEM HU OJHO YHUCJIO pas-
AeJUTb Ha HOJIb.

[IpoMeXyTok MeXAy ABYMS 4YHUCJIaMH,
CKa’xeM, MeXAy eqUHHUIleN U JBOUKOH, MOX-
HO pa3JeJuThb Ha JI060e KOJIHUYECTBO LOJE,
Ha MWJUIMOH, TPUJIIIMOH U Tak Aajee, 6ecko-
HeyHo. To xe camMoe MOXHO NpojesaTh U
C MEHbIIMM WHTEPBAJiOM, CKaXXeM, C UHTEp-

1 1
BaJIOM MEXAY 7 M 5 HIU MeXIy 0,0000001
u 0,00000001.

MaTeMaTUKHU JOKa3ajd, YTO BCe BO3MOX-
Hble po6U (TO eCTh BCe PallMOHAJIbHbIE YKMCJIA)
MOXHO PacIOJIOXKUTh TaKUM 06pa3oM, 4TOOLI
HOJIyYUTb B3aUMHO OJHO3HAYHYIO NOCJIeOBa-
TEeJbHOCTb [0 OTHOLIEHUIO K IOCJIeOBaTeb-
HOCTH ILIeJIBIX YMCeJ.

dns kaxagoro uenoro yucinaa 6yaer cy-
IeCTBOBaTh COOTBETCTBYOIast Apo6b, U, Ha-
ob6opor, He Moxer ObiTb apo6uU Oe3
COOTBETCTBYIOLIETO 1€JIOT0 YHucJa. TakuM o6-
pa3oM, MOCJIe0BaTEeJbHOCTH BCEX BO3MOX-
HbIX Apo6eil SIBASIOTCS CYETHBIMU IOCJIEN0-
BaTeJbHOCTSIMHU.
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Atizex Asumos. YUCJIA

Bce O0auxe, H Oanxke, u Oanxke

PaccMoTpuM 6eckoHeuHyl0 1OCJIeJOBaTeb-
HOCTh Apobeit:

LI

1 1
64’ 128’ 256° 512...

t o111 1
2 ’ 4 ’ 8 ’ 16 ’ 32 ’

O6paTuTe BHUMaHHE Ha TO, YTO KaXKJasi
ciaeaywouiasi Apo6b paBHa NOJOBUHE Npe/bl-
ayuleit, MOCKOJbKY 3HaMeHaTeJb KaXXAbld pa3

yasauBaetcs. (Ecau B3aTh 06y aApobs u

1
pasjie/InTh ee Ha 2, HAIpUMeP oz : 2, TO 3TO

TO Xe€ caMoe, YTO YMHOXHUTb €€ Ha TO

1

X
1 1 1

eCTboe 1 2 =158 X 5, A 3TO 3HAYHT, YTO

3HaMeHaTeJsb yABaUBaeTCs.)

XoTs1 1po6M NOCTOSIHHO YMEHBIIAIOTCS, 3Ta
II0CJIe10BATEIbHOCTh TaKXe sABJsieTcsl 6ecKo-
HEeYHO#, Beab JIOOYIO CKOJIb YTOAHO Majlyio
Apo6b U3 3TON NMOCJIEA0BATENBHOCTH MOXKHO
pa3ZieJUTh HA ABa U NOJYYUTDH elile MEHb-
myio. 3HaMeHaTeJsb po6H yBeuyuBaercs Oec-

KOHEeYHO, HO CcaMa le06b HUKOrjga He J0cC-
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BECKOHEYHOCTb

TUTHET HYJs, NOCKOJbKY IJisS 3TOro Hajo,
4TOOBI 3HAMEHATeNb JOCTUI 6ECKOHEYHOCTH,
a 3TO HEBO3MOXHO.

A Tenepsp naBaiiTe BbIACHUM, 4YeMy paBHa
CyMMa 3TOil 6eCKOHEYHOI MocJjeg0BaTeJbHO-
ctu. C TOYKM 3peHUs NPOCTOTO 3APaBOTO
CMbICJIa MOXET MO0Ka3aThCs, YTO CyMMa Ta-
KO# mocJieJoBaTeJbHOCTH OJI)KHA ObITh 6ec-
KOHEeYHO 6Gonbmoi BennunHol. Ho Mbr yxe
3HaeM, HaCKOJbKO o6OMaHYMUB ObIBaeT TaK Ha-
3bIBaeMbIil «37paBbIii CMBICJI».

1 d35
‘16 32

N

1 1
Cuavana x 5 npubaBiseM —, HOJIy4yaeM

3 3 1 7
7 aTeM k npubasiisieM g mojlyyaeMm g,

7 1 15
3aTeéM K 3 npubasiseM 16 loaydaeM g,
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Atizex A3umos. YUCITA

1 31
npubasisieM 35+ TlonyyaeM 5 M Tak paiee.
O6paTute BHUMaHUe, 4YTO YeM 6oJjiblie yJje-
HOB IIOCJIEA0OBATEJbHOCTH MbI 100aBJisieM, TEM
6aMxe cyMMa NOCJe[J0BaTeJbHOCTH NPUOIH-
xkaetcs k 1. Koraa Mbl ckiazabsiBaeM nepBbie

ABa 4YJIeHa pAaa, 10 €AHUHHUIbI OCTaeTCA

W | -

HpH6aBﬂHeM cnenyloumi/i 4YJIeH, U 10 €AUHH-

1

bl OCTaeTcCAa g, U Tak Jajee MOXHO JAOWTHU

0 OJHON MUJIJIMOHHON HUJIHU A0 OXAHOU TpUJI-
JIMOHHOM, HO eIMHMIIA TaK HUKOrAa U He OyxeT
JNOCTUTHYTA.

MaremaTuku Tak GOpMyJUPYIOT 3TO MOJIO-
xeHue: «Cymma 6eCKOHEYHOIi 1OC/IE0BATEIb-

111
HOCTH Apobeit 31 8 npubInX)aeTcsa K
eNUHHUIIE, KOTOpasl SBJISETCSA MPeaeOM CyMMBbI
NaHHOM MOCJeA0BATEJIbHOCTHUS.
ITo npUMep CXOAAIENCS MOC/Ie0BaTeb-
HOCTH, TO €CTb IOCJeJOBATEJbHOCTU, COCTOS-

men u3 6eCKOHEYHOro 4uciaa 4JI€HOB, CyMMa
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BECKOHEYHOCTb

KOTOPBIX NpHOIMXKAeTCT K KaKOMy-J1160 KO-
HEYHOMY YMCJy KaK K Ipeney.

Eute B /IpeBHe#t I'penuu MateMaTUKu 06-
HapyXHJIU cxoAsiuecs 6ecKOHeUHbIe Moce-
JI0BAaTeJbHOCTH, HO OHM OBLIM CTOJIb TOPaXKEeHbI
TEeM, YTO KOJIMYECTBO YJIEHOB IIOCJIe[J0BaTeJIb-
HOCTH 6ECKOHEYHO, YTO JaXe He MOTJIU Mpej-
MOJIOXKHUTh, YTO CyMMa TaKUX IOCJIe/]0BaTeIb-
HOCTE MoOXeT ObITb He 6GeCKOHEYHOH
BeJMYUHON. I'peyeckuit MateMaTuk u puio-
cod 3eHOH NOCTaBUJ PsA 3alay, Ha3bIBaeMbIX
napajgokcaMu, KOTOpble, Ka3ajaoch 6bl, ONPO-
BEPraioT COBEpPLIEHHO OYeBHAHBbIE MOCTYJATHI.
OauH u3 ero NapajokCoOB CJYXHUJ A0OKa3a-
TEeJbCTBOM TOrO, YTO JBUXXEHHUE B IPUHIU-
1le HEBO3MOXHO. JTU NapaJOKChl CYUTAIUCH
Hepa3pelMMbIMM Ha NMPOTS)KEHUU CTOJIETUIA,
10 TeX IOop, IIOKa He BBISICHUJIACh IIPaBAa O
CXOASAIMNXCS 6eCKOHEYHBIX IOCJe0BaTEbHO-
CTSX.

CaMulii 3HaMeHUTBIN NMapagokc 3eHOHa
Ha3biBaeTcs «AXuJjJa U yepemnaxa». [IpeBHe-
rpeyeckuil repoil AXuJjJ cjaBUJICS Kak Ipe-
KpacHbI OeryH, a yepemnaxa M3BeCTHa TeM,
4YTO MepeJBUraeTcCs] Ype3BbIYaWHO MeJIeH-
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Atizex A3umos. YUCJIA

HOo. TeM He MeHee 3€HOH IPOJAEMOHCTDPHU-
poOBaJ, YTO AXMJIJI HUKOrJa HE CMOXET JOr-
HaTh 4Yepenaxy B COpPeBHOBaHUHU Mo Oery,
ecJIM U3HAYaJbHO y Yyepemnaxu 6ynper mpe-
UMYIIEeCTBO.

IIpeanosoxum, yto Axuaa 6eraet B Je-
cATb pa3 6bICTpee yepenaxu, HO K Hayajly cO-
PEeBHOBaHMi1 y yepenaxu OyaeT NMpeUMYIIECTBO
B 100 spnoB. B Hecko/nbko NPBIKKOB AXHILI
npeojoseet paccrosiiue B 100 spaoB, HO 3a
3TO BpeMsl yepelaxa, KOTopasi ABUraeTcs B
aecaTb pa3 MeajeHHee Axuiia (YTO O4YeHb
HEIJIOXO0 AJisl yepenaxu), npoiaer 10 Apnos.
Axunn npoberaet u 3tTu 10 sipaoB, HO yepe-
naxa ypaiasiercs ot Hero Ha 1 spa. Torama
Axunn npoberaet oAuH SpA, HO Yyepelaxa yjaa-

1
JIZ€TCA OT HEro Ha Tb‘ sApAa, U TakK aajee a0

6eCKOHEYHOCTH.

Bot BuauTe, 4To npoucxoaAuT. AXUJI IpO-
JIOJKaeT ABUXKEHHUE, HO U Yeperaxa ABHXKETCSH,
U Axunn He Moxet ee gorHath. M 6osee Toro,
NOBTOPSISL 3TO pacCyX/JeHue AJs1 APYyroro mep-
BOHAYaJbHOTO pa3pbiBa MeXJy uepenaxoil u
AxunioM, Mbl MOXEM CKa3aTh, YTO, KaKUM
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BECKOHEYHOCTb

6bl MaJbIM HU ObIJIO M3HAayaJIbHOE IIPEUMY-
1ecTBo Yepenaxu, 6yabp 3To oguH GyT HaH
OAWH AIOWM, HUYEro He U3MEHUTCS. AXHUJI
HUKOTIa He CMOXeT JOOUThCSI HUKAKOro Ipe-
UMyllecTBa, a 3TO, B CBOIO oYepe]ab, O3Ha-
4YaeT HEBO3MOXHOCTh JBUXXEHUS BooOlie.

KoHeuHo, Bbl IPEKPAcCHO 3HaeTe, YTO AXHUJLI
MOXEeT [JOrHaTh Yyepemaxy M ABUXKeHHUE BO3-
MOXXHO, CJIel0BaTeJIbHO, J0Ka3aTeJbCTBO 3e-
HOHA HeceT B ce6e IPOTUBOpeYHe, TO €CTb SIB-
JISIeTCs TapajJoOKCOM.

A Temepp pacCMOTpHMM MOAPOOGHO 3amayy
3eHoHa. ['ne omunbka B ero paccyxaeHUsIX?
[peanonoxuM, AXuan 6€XHUT CO CKOPOCTHIO
10 sapooB B cekyHAay, a 4epenaxa ABUXETCA
co cKopocTbio 1 sipA B CeKyHAY. AXUJJI NpoO-
6eraer nepsbie 100 sspaoB 3a 10 cekyua. 3a
3TO BpeMs uyepemnaxa npoxoaut 10 spaos. Axusn
npeogosieBaeT 10 SpaoB 3a OAHY CeKyHAY, a
yeperaxa 3a 3TO BpeMs poXoauT 1 sApa. AXMILI
npeogoJieet 3ToT ApA 3a 0,1 cekyHasnl, a ye-
penaxa yaaautcs ot Hero Ha 0,1 Apaa.

WHbIMU cll0OBaMH, BpeMsi, KOTOpOe HYX-
HO AXUJJy aJis TOro, 4YTo6bl AOTHATh 4epe-
naxy, npeacrtapiser co60i y6bIBalOIyIO 110-
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Atizex Asumos. YNCIIA

caepoBaresabHocts 100, 10, 1, 0,1, 0,01, 0,001,
0,0001, 0,00001...

CKOJIbKO BpeMeHU MOHAA0OUTCS AXHUILTY
AJg TOro, 4ToObI MPeosoJeTh GECKOHEYHYIO
M0CJIEJOBATEJIbHOCTh YMEHBIUIAIOIUXCS PAcCTO-
SIHUI? 3eHOH CYMTAJ, YTO pa3 YMUCJO YJIEeHOB
B I10CJI€JIOBATEbHOCTH GECKOHEYHO, TO U CyMMa
N0JHa 6bITh 6eckoHeuHoii. OH He Mor cebe
NpeACTaBUTb, YTO IOCJEJ0BATEJbHOCTD Oec-
KOHEYHOI0 KOJIMYECTBA YHCEJ MOXET ObITh CXO-
asiuefics M1 MMeTb KOHEYHYIO CYMMY.

Hanpumep, ecau Mbl CJI0XHUM NepBble 1Ba
YyjieHa MOCJIeJ0BaTeJIbHOCTH 3€HOHA, MbI 10JIY-
yum 11, cymMMa mepBbIX Tpex 4WwieHoB paBHa 11,1,
nepBbix 4Yerbipex — 11,11, mepBbIX NATH —
11,111, nepBoix mectu 11,1111. A ecau npen-
CTaBUTb ceOe CyMMy BCero GECKOHEYyHOro psiaa,
To MbI mostyuum 11,11111111111111111... 1 Tak
10 6eCKOHEeYHOCTH.

A 4yto Takoe 11,111111111...? IOTo0 Ae-

o 1
CATUYHDbIN 3KBHUBAJIEHT YHCJIA 11§ . Eciu ne-

1
peBec:rn“g B A€CATUYHYIO APOOb, MBI MO-

ayyuMm kak pa3 11,11111111111111111...
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BECKOHEYHOCTb

TakuMm o6pa3oM, cyMMa mocJjel0BaTe/b-
1
HOCTHM B 3aladye 3eHOHa COCTaBJsIET 11§

CEeKyHIbl. JTO TO caMoOe BpeMs, KOTOpoe
noHago6uTCss AXUJJIY, 4TOOB MPEOAOJIETH
BCe IOCJef0BaTeJbHO yObIBAIOLU[UE PACCTO-
SIHUSI, HAa KOTOpbIE yAaJigeTCsl OT Hero ye-
penaxa. A 3To 3HAYWT, BO-NEPBBIX, YTO
Axunn B KOHIle KOHI[OB JOTOHUT Yepemna-
Xy, BO-BTODBIX, UTO [ABH)XeHHE BO3MOXHO,
Hy a B-TPeTbUX, YTO U Mbl MOX€eM HaKoO-
Hel[ paccaabutses.

[TocnenoBaTeIbHOCTH MOTYT CTPEMUTHCS
K Tpejeny, KOTOPbIit sABisieTCs GeCKOHEYHOI
NeCATUYHON Apo6bIO, MPUYEM He IOBTOPSIO-
uieiicsi. Takue mocaeg0BaTeIbHOCTH MOXHO CO-
CTaBJSATH A 0OTOOpaKkeHUsT MPPaLMOHAIbHBIX
yuces. [IpubaBssis Bce HOBble U HOBBIE YJe-
HbI K TaKOH IOCJIeIoBaTeJIbHOCTH, Mbl Bce 6Jiu-
Xe MOAXOAUM K BeJMYMHE MPPaLUOHAJbHO-
ro 4YHcJja, XOTSI HHUKOTJa He CMOXEM ee
noctuyb. Takue Xxe cxofsimuecs: 1MocjeaoBa-
TeJIbHOCTU UCIIOJIb3YIOT AJIsI OTpe/esieHUs Up-
pallMOHAJbHBIX YHCeJ, HalpUMepP TAaKUX, KaK
JorapudmMsi.
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Atizex Asumos. YUCIIA

Boapmuii, yeM 6eCKOHEYHbIH

Ho Bce nu 6eckoHEYHOCTH 6ECKOHEYHBI
0onMHaKOoBO? MOXHO /1M mpeacTaBUTh cebe bec-
KOHEYHYIO I0CJeA0BaTeIbHOCTh, KOTOpast He
6b11a 6bI cueTHON OECKOHEYHOM IocienoBa-
TEJIbHOCTH LIEeJIbIX YHCeJI?

Ia, B obmem, Bo3moxHo. [IpeacraBbre
cebe JUHUIO C JeJIEHUSIMHU Yepe3 paBHble MH-
TepBaJjibl, 0603HAYAIUMU YHKCJIA, K TaKOH
JUHUU MBI 0OpaIIajuch HECKOJbKO pa3 1o
Mepe U3JIO)KEHUS MaTepuajia B Hallled KHU-
re. A temneps npeacrasbrTe cebe, 4TO BCEe MH-
TEPBaJIbl MEXAY YMCIaMU Pa30UTHI Ha Bce BO3-
MOXHbIe ApoOU. To ecTb HHTEPBAJBI MEXIY
IeJBIMU YUCJIAMU TJOTHO HAINOJIHEHBl Tpe-
TbUMHU AOJSIMHU, CEIbMBIMHU JOJSIMH, ThICSY-
HbIMU, MUJITMOHHBIMU U TakK naJyiee. TeM He
MeHee Ha MPSIMOUA OCTAHYTCS TOYKH, KOTO-
pPbIM He OyaeT COOTBETCTBOBAaTh KaKasi-Iub0
apobb, 1axe B TOM ciydae, eciu apobeit Gyaer
6eckoHeYHOe KoJHYecTBO. BcmomuuTe uppa-
IIMOHAJIbHBIE YHUCJIA.

Hanpumep, kopesb kBagpaTHbIil U3 2 He
UMeeT TOYKM Ha JUHUM ApPobeif, MOTOMY 4TO
ero HeBO3MOXHO IIPeJACTaBUTb B BUJAE JPO-
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BECKOHEYHOCTbDb

6u. Tem MeHee Ha JMHHUU OH CYILIECTBYET.
[IpeactaBbTe cebe KBaApaT CO CTOPOHOM OT
OJHOTO IIeJIOr0 YHUcJa A0 Apyroro (Kak Ha pH-
CYHKe).

V2 B naumy

1 B ANUHY

2 B nmumy

1 B asuHy Het apobn B 3T0it Touke
14

24

/luaroHasp 3TOro KBajgpaTa paBHa KOPHIO
KBaZpaTHOMY U3 2, U €CJIM OTPe30K, paBHbIU
AJMHE 3TOW AMAaroHalU OTJOXHUTb Ha JIMHUU
OT HyJIeBOM TOYKHU, TO OH 3aKOHYUTCSI HA TOY-
Ke, PaBHOIl KOpDHIO KBagpaTHOMY M3 2, KO-
TOPOi1 He COOTBETCTBYeT HM oAHa Apobb. Ha
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3TOM TOYKEe HM OJHa APoOb MPOCTO HE MO-
XKeT HaXoAuTbcsd. Ha JMHUM TakXe MOXHO
OTMETHTb JII060€E JPYroe MppanroHaIbHOe YKC-
JI0, ¥ ONATb-TaKU 3TOM TouykKe He OymeT co-
OTBETCTBOBATb HU OAHA APOObD.

Kakoii xxe BbIBOJ MOXHO caeJyiaThb U3 Bce-
ro ckadaHHoro? Eciu Ha JUMHUH OTMEYEHBI
TOYKaMHU BCe pallMOHaJIbHble YHUCJIA, OCTAaHETCS
TeM He MeHee OeCKOHEYHOe YHCJIO TOYeK, CO-
OTBETCTBYIOU[UX UPPALlMOHAJIbHBIM YHCJAM.
Bosee Toro, nBe TO4kH, COOTBETCTBYOUIHE
pallMOHAJbHBIM YHCJaM, HUKOTAA He 6yayT
HaXOAUTbCsS psaaoM. MaTteMaTHUKU AOKa3aJH,
4TO MeXAy HMUMHM Bcerga Oyaer mo Kpaii-
Heil Mepe TOYKa, COOTBETCTBYWINAass HUppa-
nMOoHaAbHOMY 4ucay. M HaobopoT, Mexay
ABYMSI UPPAlMOHAJbHBIMU YHCJIaMH BCeraa
OymeT mo KpaiiHeil Mepe OAHO pPalMOHAJb-
Hoe uucyao. Eciu xe Ha auHUM OyayT Ha-
HeceHbl BCe pPallMOHAJbHblE U UPPaLlMOHAJIb-
Hble YMCJIa, 3TO 03HAYaeT, YTO MCIOJIb30BaHbI
Bce ToukM. IlocienoBaTebHOCTb J€HCTBU-
TEJbHbIX YHMCeJ, Kyla BXOASAT KaK paluo-
HaJibHble, TAaK ¥ UPpPalMOHAJbHbIE YHCJIa, 00-
pa3yeT «KOHTHHYYM».
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A xak O0OCTOMUT 1eJI0 C JEeHACTBUTENbHBI-
MU 4yucaaMu? SBiaseTcd JU mocjenoBaTesb-
HOCTb JeMCTBUTEJIbHbIX YHUCEJ CYETHOM C IOcC-
JIeIOBATEJbHOCTbIO I1EeJIBIX 4YHCeJ, KakKk |
MOCJIE0BATEJIbHOCTh BCEX PAllMOHAJIbHBIX YU-
cen? Her, He saBasiercs. boliio nmokasaHo, 4To,
KakK Obl Mbl HM CTapaJIUCh PACIOJIOXHUTh Aei-
CTBUTEJIbHbIE YMCJIA TaKMM 0Opa3oM, 4YTOObI
OIHOMY IelCTBUTEJBHOMY YHUCJY COOTBETCTBO-
BaJi0 OJHO IIeJioe, BCe PaBHO OCTaHeTcs Oec-
KOHEYHOEe KOJIMYeCTBO CBOOOAHBIX J€HCTBUTEIb-
HBIX YHCE.

BeckoHeyHOCTh JIeNICTBUTEJIBHBIX 4YHCEJI
o6o3nayaior C (OT JaTMHCKOrO «continuum» ).
C — 210 6eckoHEeYHOCTH Gosiee OOIIUPHAS, He-
XKeJIM cueTHass OECKOHEYHOCTb, TaKk Kak Oec-
KOHEYHOM MOoC/e10BAaTEJbHOCTH IEJIbIX YHCe
HEZ0CTaTOYHO, YTOOBI COCUUTATH OECKOHEUHYIO
IOCJIeJOBATEJbHOCTh JEeHCTBUTEJIbHBIX YHCEL.

MoO>KHO 11pOBepUTb, SIBJISIOTCS JIU JPYTHUE BUIBI
OECKOHEYHBIX IMOCJIe0BATeIbHOCTEN CYETHBIMHU 110
OTHOLIEHMIO K OECKOHEYHOM I0CjIe[0BaTeIbHOC-
TU AelcTBUTENbHbIX uKces. Hanpumep, mocie-
JI0BaTeJIbHOCTb BCEX KOMILIEKCHBIX YHces1 (TO ecTh
BCe TOYKH Ha IJIOCKOCTH, a He TOJbKO TOYKM Ha
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Atizex A3umos. YUCJIA

NpSIMOIT) SIBJISIETCSI CUETHOM IO OTHOILIEHUIO K
1I0CJIeI0BATEIbHOCTH BCEX AEHCTBUTENbHBIX YM-
cen. TouHo Tak Xe M GeCKOHeYHasl NOCJeN0Ba-
TEJIbHOCTh TMIIEPKOMILIEKCHBIX 4Mcesa (TO eCTb
BCe TOYKHM B NPOCTpaHCTBe BceseHHOH, KOTOPYIO
MbI TOXK€ CYMUTAaeM B JAaHHOM ciyyae GecKoHed-
HOM) SIBJISIETCS] CYETHOH 110 OTHOIIEHMIO K IOC-
JIeZIOBAaTEJIbHOCTH BCEX AEUCTBUTENbHBIX YHUCEIL.

BeckoHeunbie 6€CKOHEYHOCTH

B 1896 roay martematuk [Ixopax Kah-
TOP BBIABUHYJI TEOPHUIO «TPaHCHUHHUTHBIX YU-
cej», COrJIacHO KOTOpOil cymecTByeT 6ecko-
HeYHOe KOJIMYeCTBO 6E€CKOHEYHOCTeN Pa3HOro
pona. AT 6eCKOHEYHOCTU OH 0603HaYU OyK-
BOoi <«aned» apeBHeeBpeiickoro aJjsdaBuTa.
Kaxayio takyio 6eckoHeYHOCTb 0603Ha4aH
IpU MOMOINM IPABOr0 HUIXKHETO MHAEKCAa IPU
O6ykBe «aned»:

R, R,XK, KX, ...
[lepBas 6eckoHeYHOCTH Ha3bIBaeTCs «ajed-

HOJIb» U COOTBETCTBYET 6ecKOHeYyHO# mocie-
JOBAaTeJbHOCTHU LIeJIbIX YHcej. ITO O3Haya-
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€T, YTO 6ECKOHEYHOCTh, C ONMCAHUSI KOTOPOU
s HayaJ 3Ty TJIaBy, MOXeT ObITb caMOil Ma-
JIO# U3 cymecTBylOmuXx 6eckoHeyHocTei. /[py-
TMMHU CJIOBaMH, J0 CUX NOpP He OTKpPBITA Ta-
Kass 6eCKOHe4YHasi 1MOCJIeA0BaTeJbHOCTb Yero
OBl TO HU 6ObIJIO, KOTOpasi He Oblia ObI cueT-
HOH ¢ TOCJIeq0BaTEJIbHOCTHIO I[E€JIBIX YMCEJ
0 TOW MPUYMHE, YTO OCTAJUCH Obl JUIIHUE
1eJibie YucJa.

CuuTaercs, 4TO Cjeayoiasi Mo MopsiAKy Ioc-
JIel0BaTeIbHOCTb, «aned-oaun» (R, ), npeacras-
asieT coboit C, naum 6eCKOHEYHOCTb KOHTHHYY-
Ma, HO 3TO MOJIOXKEHHUE elle He OBITI0 J0Ka3aHo.
Hukomy He yaanoch 06HapyXUTh G6ECKOHEYHOI
T0C/IeI0BATEAbHOCTH Yero 6b1 To HM OBUTO B TpO-
MexXyTKe Mexay <«aned-Hosb> (X ) u C, HO HUK-
TO TAK)Ke U He I0Ka3aJl, YTO CYIeCTBOBaHHE TaKOM
6eCKOHEYHOCTH HEBO3MOJXKHO.

BeckoHeyHOCTh KOJIMYEcTBa pa3HOO6pas3-
HBIX KPUBBIX, KOTOPbi€e MOXXHO HapMCOBaTh Ha
IIJIOCKOCTH, MOXeT ObiTb 6eCKOHEYHOCTHIO
<anep-nBa» (R,).

YTo XKe KacaeTcs CJAEAYIOIUX IO TMOPSA-
Ky GeCKOHEYHOCTei, TO AJIsl HUX TIOKa He 6buIo
HalIeHO COOTBETCTBHUS.
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Atizex Asumos. YUCJIA

TeM He MeHee yXe cylecTByeT KOHLeII-
uusi 6eCKOHEeYHOro pa3Hoobpasust 6eckoHey-
HOCTeil, KOTopoe HaYynHaeTcs: ¢ 0ObIYHOI Oec-
KOHEYHO! IMOCJIe0BATEJbHOCTHU LEJIbIX YHUCe,
HaMMeHbIleH U3 BO3MOXHBIX 6€CKOHEYHOCTEN.

Takum o6pa3oMm, 4yesoBeK, Ha 3ape pas-
BUTHUS HayuyuBLIMiicsa pa3nuyats 1 u 2, my-
TeM Npo6 ¥ OWMOOK ABUTAJCS K BEepUIMHAM
MO3HAHUS M B HalllM AHU MOXeT OeccTpaui-
HO OlepUpOBaTh TAKUMU MOHSTUSIMHM, KaK MHO-
roobpasue 6ECKOHEYHOCTEH.

B 110601 KkHUTe, TOCBSLIEHHON ZOCTUXE-
HUSIM YeJIOBeyeCTBa, He CJaefyeT NMUCaTh CJIOBO
«KOHel», 100 KOHI[a He CYIIEeCTBYET, a HpPo-
necc no3Hanus 6eckonedeH. HyXHO cTaBUTB

3HaK
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Alizek A3nmoB (1920-1992) nsBecTeH BCceMy MUPY
npexge BCero Kak BeIMKNin pyccko-aMepuKaHCKui
(oH poanncsa nog CmMoneHCKOM) nucaTenb-aHTacT.
Mexay TeM OH fABNSeTCH aBTOPOM HECKOMbKMX
COTEH KHUWT, HanMcaHHbIX B HAYYHO-NOMYNAPHOM
XaHpe. A3uMoB 6bl1 YENTOBEKOM NOUCTUHE
SHUMKNOMNEeaNYECKNX 3HAHUI 1 C HEBEPOSITHOA
NEerkocTbio, NPOCTOTON 1 NPO3PAaYHOCTLI0 YMEs KX
usnaratb. B 28 neT A3MMOB NMOJIy4U LOKTOPCKYHO
cTeneHb, B 29 - Havyas npenogasatb B BOCTOHCKOM yHuBepcuTteTe. Tam
n cTan npodpeccopom. Ha KOHTUHEHTE Haykm A3MMOB 3aHs/1 CBOK HULLY:
OH yMeJI0 NepeBOAU Hay4Hble 3HaHUS Ha S13blK MacCOBOI ayautopum,
4TO NO3BOJIASI0 EMY BOCM/IAMEHATb B UNTATENSAX CTPACTb K MOCTMXKEHUIO
oKpyxatruiero mmpa. Hanbonee n3BecTHble Hay4YHO-MONYASiPHbIE PaboThbl
chaHTacTa OTHOCATCS K eCTECTBEHHbIM Haykam. HO 1 B ryMaHUTapHOW
cthepe A3MOB HE MEHEEe BE/IMKOIENEH: €ro NoYtn 6enneTpucTnyeckmne
U3M10XEHUS UCTOPUYECKNX COOBITUIA M KHUTU O PENUTUN YMTaKOTCSA
C HEBEPOSTHLIM MHTEPECOM. 3a CBOW Hay4HO-NOMy/sipHble TpyAbl A3UMOB
CTan naypeatoM PeEKOpPAHOro konnyecTBa Harpag. Cpeam HuUx npemusi
®oHpaa Tomaca DaucoHa, npemusa Mosapga bnakenn ot Accounaumm
aMepuKaHCKNX KapAmonoros, npemust Jxxeimca Mpangn ot AMepuKaHcKoro
XUMuU4eckoro obuiecTsa, BectnHraysosckas npemust oT AMepUKaHCKo
Accoumauuy NoAAepPXKN HayKn Y MHOXECTBO APYruX.

3HaMeHUTbINM (haHTacT n NoONyaApM3aTop Hayku cap AN3ek
A31MOB B 3TOW KHUTe pelinsi OKYHYTb YnTartesis B Marmio vmcern.
CBoIi yBnekaTesibHbI pacckas A3MMOB Ha4YMHAET C APEBHERLINX
BPEMEH, Koraa 4enoBek UCMNo/1b30BasT 418 BbIUNCAEHWIA NanbLpl,
3aTeM 3HaKOMUT Hac CO cyeTamu, a TakxKe C UCTOpPUEN
BO3HWKHOBEHUSA Oonepaunii CA0XeHNS, BblUNTaHNSA, YMHOXEHUS
n genenuvs. lWar 3a warom, oT NPOCTOro K C/IOXHOMY, UCMONb3Ys
3aHMMaTe/IbHble NPMMEPbI, aBTOP BeAET HAC TEM Xe MyTeM,
KOTOPbIM LUJ/IO Ye/10BEYECTBO, COBEPLLEHCTBYSA CBOW HaBbIKU
“H “am'ymatumke.
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